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The solar steady emission in gamma rays is due to the interactions of Galactic cosmic rays with the solar
atmosphere and with the low-energy solar photon field via inverse Compton scattering. The emission
is sensitive to the magnetic field nearby the Sun and to the cosmic-ray transport in the magnetic field
in the inner Solar System. Modeling the inverse Compton emission in the presence of a magnetic
field is, therefore, crucial to better interpret the observations. In a previous work, we have presented a
comprehensive calculation of the secondary productions due to the collision of cosmic rays with the solar
atmosphere in the presence of magnetic fields. In this paper, we present a general approach to calculate the
(anisotropic) inverse Compton scattering in a 3D Monte Carlo simulation, also in the presence of magnetic
and electric fields. After a short review of the scattering process of photons with electrons, examples of
inverse Compton emission are presented, including the predictions for the Sun.

DOI: 10.1103/zs82-fktf

I. INTRODUCTION

Inverse Compton (IC) scattering, i.e., the upscattering of
low-energy photons by high-energy electrons, is one of the
main mechanisms for the production of x-rays and gamma
rays in astrophysical environments and in particle beam
facilities. Cosmic-ray electrons and positrons (CREs) can
scatter with the interstellar radiation field (including star-
light and cosmic microwave background radiation), con-
tributing to the Galactic diffuse gamma-ray emission.
The steady emission of the solar disk in gamma rays is

due the collisions of Galactic cosmic-ray nuclei and elec-
trons with the solar atmosphere [1–3] via hadronic and
bremsstrahlung scattering effects; on the other hand, the
collisions of Galactic cosmic-ray electrons (and positrons)
with the solar optical photons via IC scattering produce a
diffuse component extending up to tens of degrees from
the Sun [1,4–7].
The solar IC emission is currently modeled by integrat-

ing along the line of sight from the observer to the Sun the
IC spectral intensity, which is evaluated by folding the CRE
intensity with the IC scattering cross section on the low-
energy photons originated from the blackbody radiation
produced by the Sun (or, more generally, by a star) [4–8].

In our previous work [3], we have calculated the disk
emission by simulating the interactions of CRs with the
solar atmosphere using the FLUKA simulation package, and
we found that this emission depends on the magnetic field
nearby the Sun and on the cosmic-ray transport in the
magnetic field in the inner Solar System. However, the
predicted flux is lower than observations above tens of
GeV, even in the case of strong magnetic field configura-
tions nearby the Sun. In particular, the disk emission data
suggest a harder spectrum (∼E−2.2

γ ) than the cosmic-ray
spectrum (∼E−2.7

p ). On the other hand, the IC gamma-ray

intensity is expected to follow a power law ∼E−ðαþ1Þ=2
γ with

α the spectral index of CRE intensity [9]. Since α ≈ 3 for
the local CRE [10–14], the IC spectrum is expected to have
a spectrum ∼E−2

γ .
The magnetic field is also expected to affect the IC

gamma-ray emission close to the Sun, since the electrons
should move along curved trajectories, whose lengths
determine the interaction probability with the intense
optical photon field. The IC emission is, therefore, expected
to be brighter toward the Sun direction and might be not
well separated from the disk emission. In this context, to get
a complete picture of the solar gamma-ray emission, the IC
scattering should also be calculated in the presence of a
strong and irregular magnetic field.
The IC emission spectrum formed through multiple

scattering by electrons has been calculated with
Monte Carlo simulations in several previous papers (see,
for example, [15–17]). In this paper, we present a general
approach to calculate the (anisotropic) IC scattering for a
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3D Monte Carlo problem, also in the presence of magnetic
and electric fields.
In Sec. II, we first describe the formalism for the

differential cross section, based mainly on standard text-
books (see, for instance, [18]). In Sec. III, we present a
Monte Carlo approach for head-on collision calculation
using a fixed electron beam energy with a given set of
photon energies. In Sec. IV, we apply the Monte Carlo
approach to the IC scattering with the isotropic blackbody
thermal photons produced by Galactic CREs. In Sec. V, we
describe our calculation of the effective IC cross section
due to the scattering of electrons near a star, and we show
the numerical results using the Sun as a test case. Then, in
Sec. VI, we evaluate the IC spectral emission still using the
Sun as a test case, either without or with magnetic and
electric fields. Finally, we conclude and discuss the outlook
of this work in Sec. VIII.

II. SCATTERING OF A PHOTON
BY AN ELECTRON

The law of four-momentum conservation in the scatter-
ing of a photon by a free electron (the Compton effect) is
given by

pþ k ¼ p0 þ k0; ð1Þ

where p (p0) and k (k0) are the four-momenta of the electron
and of the photon before (after) the collision. The kinematic
invariants are

s ¼ ðpþ kÞ2 ¼ ðp0 þ k0Þ2 ¼ m2 þ 2pk ¼ m2 þ 2p0k0;

t ¼ ðp − p0Þ2 ¼ ðk0 − kÞ2 ¼ 2ðm2 − pp0Þ ¼ −2kk0;

u ¼ ðp − k0Þ2 ¼ ðp0 − kÞ2 ¼ m2 − 2pk0 ¼ m2 − 2p0k;

ð2Þ

where m is the electron mass.
The unpolarized cross section is given by [18]

dσC ¼ 8πr2e
m2dt
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��
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ð3Þ

where re is the classical radius of the electron.
Taking into account that sþ uþ t ¼ 2m2, from four-

momentum conservation ds ¼ 0 and, therefore, dt ¼ −du.
The allowed values of u are in the range m4=s ≤
u ≤ 2m2 − s.

Expressing s and u in terms of the quantities

x ¼ s −m2

m2
;

y ¼ m2 − u
m2

ð4Þ

and taking into account that

dt ¼ −du ¼ m2dy; ð5Þ

we obtain [18]
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fðx; yÞ ð6Þ

with x=ð1þ xÞ ≤ y ≤ x. In the lab frame, x and y are
given by

x ¼ 2Eeϵð1 − β cos θÞ
m2

;

y ¼ 2EeEγð1 − β cos θ1Þ
m2

; ð7Þ

respectively, where θ is the angle between the electron with
initial energy Ee and the incoming photon with energy ϵ,
while θ1 is the angle between the initial direction of the
electron and the scattered photon with energy Eγ; β and γ
are given by

β ¼ jp⃗j
Ee

; γ ¼ 1ffiffiffiffiffiffiffiffiffiffiffiffiffi
1 − β2

p ;

respectively, where p⃗ is the initial momentum of the
electron.
Introducing the energies of the photon in the electron rest

frame (ERS) before and after the scattering, ω and ω0,
respectively, defined as

ω ¼ Eeϵð1 − β cos θÞ
m

;

ω0 ¼ EeEγð1 − β cos θ1Þ
m

; ð8Þ

we obtain x ¼ 2ω=m and y ¼ 2ω0=m.
Since sþuþ t¼2m2 and t¼−2kk0 ¼−2ϵEγð1− cosηÞ,

where η is the angle between the scattered photon and the
incoming photon, we get

m2ðxþ 1Þ þm2ð1− yÞ þ t ¼ 2m2 ⇒ t ¼ m2ðy− xÞ: ð9Þ

Combining Eqs. (7) and (9) for t, we get 2ϵEγð1 − cos ηÞ ¼
2Eeϵð1 − β cos θÞ − 2EeEγð1 − β cos θ1Þ. The energy of
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the scattered photon Eγ is, therefore, given by

Eγ ¼
Eeϵð1 − β cos θÞ

Eeð1 − β cos θ1Þ þ ϵð1 − cos ηÞ ¼ ΦðEe; ϵ; θ; θ1; ηÞ

ð10Þ

and is a function of the initial electron and photon energies
Ee and ϵ and of the angles θ, θ1, and η.
In a laboratory frame in which the incident electron is

moving along the z-axis direction, the incident photon is
propagated along the direction given by the polar angle θ
and the azimuthal angle φ. After the collision, the photon is
scattered into the direction given by the polar angle θ1 and
the azimuthal angle ϕ1. Therefore, the angle between the
momentum of the incident photon and that of the scattered
photon η is given by

cos η ¼ cos θ cos θ1 þ sin θ sin θ1 cosðϕ − ϕ1Þ: ð11Þ

Replacing dy in Eq. (6), the angular differential cross
section is given by

dσC
dΩ1

¼ 8r2eE2
γ

m2x2
fðx; yÞ; ð12Þ

where we used [19]

dy ¼ E2
γ

πm2x2
dΩ1: ð13Þ

In the ERS, the electron initial four-momentum is given
by p� ¼ ðm; 0⃗Þ, and the photon initial four-momentum is
given by k� ¼ ðω�; k⃗�Þ with ω� ¼ k�. In this frame,
s −m2 ¼ 2mω�, u −m2 ¼ −2mω0�, and t ¼ −2kk0 ¼
−2ω�ω0�ð1 − cos ηÞ, where ω0� is the energy of the photon
after the collision. In this reference system, we also have
x ¼ 2ω�=m and y ¼ 2ω0�=m. The energy of the scattered
photon is given by

ω0� ¼ mω�

mþ ω�ð1 − cos ηÞ ;
1

ω0� −
1

ω� ¼
1

m
ð1 − cos ηÞ: ð14Þ

The differential Compton scattering cross section in
which the electron is at rest (we are dropping the � in
the following equations), also known as the Klein-Nishina
cross section [20], is given by [dt ¼ −du ¼ 2mdω0 ¼
2ðω0Þ2d cos η ¼ ðω0Þ2dΩ=π, since dω0=ðω0Þ2 ¼ d cos η=m
from1 Eq. (14)]

dσC
dΩ

¼ r2e
2

�
ω0

ω

�
2
�
ω

ω0 þ
ω0

ω
− sin2 η

�
ð15Þ

where dΩ ¼ 2π sin ηdη, with the relation between the
photon energy change and the scattering angle:

1

y
−
1

x
¼ 1

2
ð1 − cos ηÞ: ð16Þ

Since the angle η is unambiguously related to ω, the
cross section can be expressed in terms of the energy of the
scattered photons ω0 [18]:

dσC
dω0 ¼ πr2e

m
ω2
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ω

ω0 þ
ω0

ω
þ
�
m
ω0 −

m
ω

�
2

− 2m

�
1

ω0 −
1

ω

��
ð17Þ

with ω0 in the range ω=ð1þ 2ω=mÞ ≤ ω0 ≤ ω.
The total cross section for a fixed value of x is given by

σCðxÞ ¼
Z

x

x=ð1þxÞ

dσC
dy

dy ¼ σTfðxÞ; ð18Þ

where σT is the Thomson cross section σT ¼ 8π
3
r2e and fðxÞ

is given by

fðxÞ ¼ 3

4x

��
1−

4

x
−

8

x2

�
logð1þ xÞ þ 1

2
þ 8

x
−

1

2ð1þ xÞ2
�
:

ð19Þ

The leading term of Eq. (19) if x ≪ 1 (i.e., nonrelativistic
case) is fðxÞ ∼ 1 − x, and the first term is the classical
Thomson cross section of σCðxÞ ¼ σT . In the ultrarelativ-
istic case (x ≫ 1), the expansion of Eq. (19) gives fðxÞ ¼
3
4x ðlog xþ 1

2
Þ [18]. Figure 1 shows the function fðxÞ.

FIG. 1. fðxÞ as a function of x [see Eq. (19)].

1t ¼ −2ωω0ð1 − cos ηÞ, so dt ¼ −2ωdω0ð1 − cos ηÞ þ
2ωω0d cos η.
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III. A MONTE CARLO APPROACH
IN HEAD-ON COLLISIONS

The scattering of electrons on low-energy photons (e.g.,
thermal photons) produces high-energy gamma rays. This
process can be simulated by means of a Monte Carlo
method.
The simulation starts from the initial value of the electron

and photon energy and momenta in the lab system; the
photon is then boosted in the ERS, where the collision is
simulated according to the equations in the previous section;
finally, the scattered photon is boosted back in the lab frame.
The Compton scattering simulation is performed in the

ERS assuming that the incoming photon direction is along
the z axis. The scattered photon energy is sampled using a
combined composition and rejection Monte Carlo method
(see, for instance, [21]), and then the Compton angle
(corresponding to the polar angle) is calculated. The
azimuth angle is generated with a uniform probability in
the range ½0; 2π½. Finally, the scattered photon is boosted
back into the lab system.
Figure 2 shows the distribution of energies and angles of

the scattered photons in the lab frame in head-on collisions
(i.e., θ ¼ π) between electrons of 7 GeV kinetic energy and
low-energy photons of 1.239 eV, 123.9 eV, and 12.39 keV,
respectively [22]. Our results agree with the ones reported
in Ref. [22].

IV. IC SCATTERING WITH ISOTROPIC
THERMAL PHOTONS

The intensity of the gamma rays, IðEγÞ, produced in the
interactions of CREs with a radiation field is [9]

IðEγÞ ¼
Z

dEeYðEγ; EeÞIeðEeÞ; ð20Þ

where IeðEeÞ is the intensity of the CREs with energy Ee
and YðEγ; EeÞ is the differential yield of the IC photons
with energy Eγ per electron given by

YðEγ; EeÞ ¼ L
Z

dϵnphðϵÞσðEγ; ϵ; EeÞ; ð21Þ

where nphðϵÞ is the density of photons per unit of volume
and energy ϵ, L is the total length along the line of sight,
and σðEγ; ϵ; EeÞ is the effective cross section for an electron
with energy Ee to generate a photon with energy Eγ when
scattering with a thermal photon with energy ϵ.
The effective cross section is given by

σðEγ; ϵ; EeÞ ¼
Z

ð1 − β cos θÞdσC; ð22Þ

where θ is the angle between the electron and the thermal
photon and dσC is the cross section of the Compton scattering
(see above). The term ð1 − β cos θÞ is the correction factor

for a nonparallel photon target and electron source. Note that
the quantity

R
dϵnphðϵÞσðEγ; ϵ; EeÞ is the average number of

secondary photons (i.e., IC scattered photons) per unit length;
i.e., this is the IC emissivity per unit length.
For the blackbody radiation field, the density of photons

per unit volume and unit energy is given by

nphðϵÞ ¼
1

π2ðℏcÞ3
ϵ2

eϵ=kT − 1
; ð23Þ

where ℏc ≃ 197.327 × 10−16 GeV cm, k ≃ 8.617×
10−14 GeV=K, and ϵ in units of GeV. The average
photon energy ϵ̄ is about 2.7kT, while the total density
of photons for unit volume is Γð3Þζð3ÞðkT=ℏcÞ3=π2 ≃
2.4ðkT=ℏcÞ3=π2, where Γ is the gamma function and ζ
is the Riemann zeta function.
The cross section in Eq. (22) is defined by the expression

σðEγ; ϵ; EeÞ ¼
Z

ð1− β cos θÞ dσC
dΩ1

δðEγ −ΦÞPðΩÞdΩdΩ1;

ð24Þ
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FIG. 2. Energy (top panel) and angular (bottom panel) dis-
tributions of the emitted photons for head-on collision with
7 GeVelectrons. Red, incoming photon energy of 1.239 eV; blue,
incoming photon energy of 123.9 eV; dark green, incoming
photon energy of 12.39 keV (see Ref. [22]).
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where Φ is given by Eq. (10), dσCdΩ1
is given by Eq. (12), and

PðΩÞ ¼ Pðθ;ϕÞ is the angular distribution of the incident
photons (we are assuming that the electrons are moving
along the z axis). For an isotropic photon distribu-
tion, PðΩÞ ¼ 1=4π.
For a given electron energy Ee and for given incoming

photon angle θ with respect to the electron, the cross
section σðEe; zÞ (in units of cm−1) is obtained by integrat-
ing on the all the final states of the scattered photon and is
given by

σðEe; zÞ ¼
Z

dϵnphðϵÞð1 − βzÞσCðxÞ; ð25Þ

where z ¼ cos θ and x is given from Eq. (7). In the
Thomson limit and in the case of head-on collision,
Eq. (25) becomes σðEe; z ¼ −1Þ ¼ σTð1þ βÞ R dϵnphðϵÞ.
The total cross section σðEeÞ (also in units of cm−1) is

given by

σðEeÞ ¼
Z þ1

−1
dzσðEe; zÞPðzÞ: ð26Þ

Thus, for a given electron energy Ee, the total interaction
length for the IC scattering λðEeÞ in a low-energy photon
field is given by

λðEeÞ ¼
1

σðEeÞ
: ð27Þ

For an isotropic photon distribution, PðzÞ ¼ 1
2
and

σðEeÞ ¼
1

2

Z þ1

−1
dz

Z
dϵnphðϵÞð1 − βzÞσCðxÞ: ð28Þ

The differential yield of IC photons can be calculated
with a Monte Carlo method. For an electron with energy Ee
at the initial position r⃗0, the probability density function
(PDF) for the path length s from the current position to the
site of the next collision is PðsÞ ¼ λ−1e−s=λ. Random
values of s ¼ sr are generated by using the sampling
formula sr ¼ −λ logð1 − uÞ, where u is a random number
distributed with a uniform PDF in ½0; 1½. The following
interaction occurs at the position r⃗iþ1 ¼ r⃗i þ sd̂i, where d̂i
is the direction unit vector [if the initial direction is along
the z axis, d̂0 ¼ ð0; 0; 1Þ]. This procedure continues until
the total step length reaches its maximum value L (or the
electron leaves the spatial region to be simulated).
To increase the tracking resolution in the simulation, it is

necessary to limit the length s below a given maximum
value smax [23]. To accomplish this, we still sample the free
path length sr to the next interaction from the exponential
PDF, but when sr > smax we let the particle advance only
for a distance smax along the direction of motion (i.e., the
particle keeps its energy and direction unchanged). On the

other hand, when sr < smax, a real interaction is simulated.
For each real interaction, we randomly extract the energy of
the thermal photon and its (isotropic) angle with respect to
the electron direction in the lab system. From the knowledge
of Ee, ϵ, and θ, we calculate the secondary IC photon energy
and its direction in the ERS system, and then we boost them
back in the lab system (see Sec. III). The simulation is
repeated multiple times for each electron energy.
The yield of secondary IC photons produced from

electrons, YðEγjEeÞ, is calculated by counting the secon-
dary IC photons produced with the above Monte Carlo
approach. The yield is defined as

YðEγjEeÞ ¼
NðEγjEeÞ
NðEeÞΔEγ

; ð29Þ

where NðEeÞ is the number of electron primaries with
kinetic energy Ee and NðEγjEeÞ is the number of IC
secondary photons with energies between Eγ and Eγ þ ΔEγ .
Figure 3 shows the effective cross section (top left panel)

and the interaction length (top right panel) for IC scatter-
ings on an isotropic distribution of photons of 2.7 K.
Figure 3 also shows the yield of the scattered photons as a
function of the electron energy (bottom left panel) and the
photon spectrum folded with an electron intensity spectrum
following a power-law with spectral index −3 (bottom right
panel). These results have been obtained either neglecting
the energy losses of electrons (black solid line in the bottom
right plot—i.e., each electron can scatter only once) or
including the electron energy losses (dashed black line).
The blue line shows the gamma-ray spectrum evaluated by
using the IC yields calculated with the Jones formula [24].
The slight difference between the results from the
Monte Carlo calculation and those from the Jones formula
could be ascribed to the finite width of the energy bins.2 We
have simulated a photon field geometry consisting of an
infinite slab with a thickness L ¼ 10 kpc along the z axis.
The maximum step smax has been set to either 10% or 1% of
the free path length (which depends on the electron energy),
yielding the same result. At high energies, the energy loss
of electrons should be taken into account, since the
scattering becomes much harder with a significant fraction
of energy lost by electrons in individual interactions.

V. INVERSE COMPTON EMISSION FROM A STAR

In this case, the thermal photons are anisotropic, since
they are emitted from an extended source. The thermal
photon intensity depends on the distance with respect to the
star position.

2It is worth pointing out that in the simulation we generated the
electron energy with a uniform PDF in each bin and the IC photon
yield has been calculated in finite photon energy bins, while the
Jones formula has been implemented considering the geometric
average energy in each bin.
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Figure 4 shows the variables describing the geometry in
the lab reference system (master reference system) centered
with the star (e.g., Sun) position. The notation is the
following:

(i) O is the center of the star;
(ii) φ and θ are the azimuthal and polar angles in the

star-centered reference system, respectively;
(iii) R is the star radius;
(iv) Q is an emission point on the star surface,

i.e., OQ
		! ¼ ðR cosφ sin θ; R sinφ sin θ; R cos θÞ;

(v) dA is the area of the surface element of the star at Q
emitting photons, dA ¼ R2 sin θdφdθ;

(vi) P is the position of the electron in the star-centered
reference system;

(vii) r is the distance of the electron from the star center,

i.e., r ¼ jOP
	!j;

(viii) θ̄ is the aperture angle of the cone tangent to the star
with the vertex at P, i.e., cos θ̄ ¼ R=r;

(ix) p⃗ is the electron momentum, p⃗ ¼ ðpx; py; pzÞ ¼
pðcx; cy; czÞ ¼ pp̂;

(x) ϵ⃗ is the solar photon momentum, ϵ⃗ ¼
ðkx; ky; kzÞ ¼ ϵϵ̂;

(xi) ζ is the angle between the electron and incoming
photon, cos ζ ¼ p⃗·ϵ⃗

jp⃗jjϵ⃗j;
(xii) d is the distance between the photon emission point

and the electron position, i.e., d ¼ jQP
	!j ¼ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

R2 þ r2 − 2Rr cos θ
p

¼ r
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1þ ρ2 − 2ρ cos θ

p
with

ρ ¼ R=r; and
(xiii) ψ is the angle of the emitted photons with respect to

the local zenith at the point Q, i.e., cosψ ¼
QP
	!
jQP
	!

j
· OQ
		!
jOQ
		!

j
¼ r cos θ−R

d ¼ cos θ−ρffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1þρ2−2ρ cos θ

p .

Following the above notations, the effective cross section
(in units of cm−1) for an electron with a given kinetic
energy Ee and direction p̂ traveling at the distance r from

FIG. 3. Top left panel: effective cross section with isotropic photons at 2.7 K as a function of the electron energy and z ¼ cos θ. Top
right panel: interaction length with isotropic photons at 2.7 K as a function of electron energy. Bottom left panel: inverse Compton
photon yield produced in the interactions with isotropic thermal photons at 2.7 K (without the electron energy loss in the scattering). The
red line shows the function Eγ ¼ 4ϵ̄ðEe=meÞ2=3, where ϵ̄ ≃ 2.7kT. Bottom right panel: inverse Compton photon intensity produced by a
source of electrons with a power-law energy spectrum IeðEÞ ¼ 102ðEe=1 GeVÞ−3, scattered by isotropic thermal photons at 2.7 K.
Black line, this work, with a Monte Carlo calculation of the IC yield, without (solid line) and with (dashed line) the electron energy loss
in the scattering; blue line, IC yield calculated with the Jones formula [24]. The total electron path length in the isotropic photon field is
assumed to be 10 kpc.
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the center of the star is given by

σðEe; r; p̂Þ ¼
Z

dnð1 − βzÞσCðxÞ; ð30Þ

where z ¼ cos ζ, x ¼ 2ϵEe
m2

e
ð1 − βzÞ, and dn ¼ nphðϵÞdϵdA cosψ

4πd2 ¼ nphðϵÞdϵR2 sin θdθdφ cosψ
4πd2 . The cosψ factor takes into

account the density radiation per unit of area of the emitting surface (Lambert’s cosine law). The effective cross section is

σðEe; r; p̂Þ ¼
R2

4π

Z
dφ

Z
θ̄

0

dθ
sin θ cosψ

d2

Z
dϵnphðϵÞð1 − βzÞσCðxÞ

¼ R2

4π

Z
dφ

Z
1

R=r
dμ

rμ − R
d3

Z
dϵnphðϵÞð1 − βzÞσCðxÞ

¼ ρ2

4π

Z
dφ

Z
1

ρ
dμ

μ − ρ

ð1þ ρ2 − 2ρμÞ3=2|fflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflffl{zfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflffl}
spatial term

Z
dϵnphðϵÞð1 − βzÞσCðxÞ|fflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflffl{zfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflfflffl}
emission-kinematic term

; ð31Þ

where μ ¼ cos θ. We note that in the previous equation the
spatial term is strictly dependent on the electron distance
from the center of the star. The emission-kinematic term is
the integral through the blackbody emission weighted by
the effective inverse Compton cross section, that also
depends on the distance of the star and on the angle φ,
since z (and x) depends on r and φ. In addition, we note that
for r ¼ R, i.e., ρ ¼ 1, the spatial term is null by definition,3

and for large distances from the star it reduces to the inverse
square law of r, as expected.
Assuming that the low-energy photons being emitted by

a star have a spherical symmetry, we can choose a reference
system such that the electron position is along the Z axis
(see the bottom panel in Fig. 4), i.e., P → P0 ¼ ð0; 0; rÞ,
(P0 ¼ R0P, where R0 is the appropriate rotation matrix). In
this system, the electron direction is defined by new polar
and azimuthal angles p̂0 ¼ ðφ0

e; θ0eÞ, such that p̂0 ¼ R0p̂.
In addition, again because of azimuthal symmetry, we

can also choose a reference system such that the electron
direction lies in the X-Z plane, i.e., p̂0 → p̂� ¼ ðc�x; 0; c�zÞ.
This transformation corresponds to a rotation of an angle
−φ0

e around the Z0 axis, i.e., to the rotation matrix
RZ0 ð−φ0

eÞ. In this way, p̂� ¼ ðsin θ0e; 0; cos θ0eÞ.
In this system, the photon direction is seen by an electron

in the position P0ð¼ P�Þ with the three direction cosines
given by (we still use the notations φ and θ for the
azimuthal and polar angles for Q)

ϵ̂ ¼
�
−
R cosφ sin θ

d
;−

R sinφ sin θ
d

;
r − R cos θ

d

�
; ð32ÞFIG. 4. Definition of variables describing the geometry of the

inverse Compton emission, in the lab reference system (master
reference system) centered with the star position. Top panel:
diagram for the IC scattering between a photon and an electron in
the master reference coordinate system. Bottom panel: the same
as the top panel, with the assumption that we can choose the
electron position on the Z axis. The plots have been made with the
GeoGebra tool [25].

3The term ð1þ ρ2 − 2ρμÞ−3=2 is always valid for any μ in the
region of interest ρ < μ ≤ 1, except that for μ ¼ 1 and ρ ¼ 1, but,
since the integral is null by definition in this case, we will assume
that ρ < 1 and the effective cross section is null for ρ ¼ 1.
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and the cosine of the angle between the electron and the
photon z, is

z ¼ p̂� · ϵ̂

¼ −
R cosφ sin θ

d
sin θ0e þ

ðr − R cos θÞ
d

cos θ0e

¼ −ρ cosφ sin θ sin θ0e þ ð1 − ρμÞ cos θ0effiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1þ ρ2 − 2ρμ

p : ð33Þ

Therefore, the effective cross section can be calculated as
a function of the only parameter θ0e (polar angle) for the
electron direction, and the above effective cross section
becomes (to keep the notation light, we are again dropping
the prime for the electron polar angle)

σðEe; r; θeÞ ¼
ρ2

4π

Z
dφ

Z
1

ρ
dμ

μ − ρ

ð1þ ρ2 − 2ρμÞ3=2

×
Z

dϵnphðϵÞð1 − βzÞσCðxÞ: ð34Þ

For large values of r, i.e., r ≫ R, it reduces to

σðEe; r; θeÞ ≈
1

4

R2

r2

Z
dϵnphðϵÞð1 − βzÞσCðxÞ; ð35Þ

with z ¼ cos θe. This is expected, since at large distances
the star is seen as a half emitting surface with the intensity
that decreases as 1=r2.
In the case of the z ¼ cos θe, the spatial term can be

separated by the emission-kinematic one and can be easily
calculated (see also [4]) as

ρ2

4π

Z
dφ

Z
1

ρ
dμ

μ − ρ

ð1þ ρ2 − 2ρμÞ3=2 ¼
1

2

�
1 −

ffiffiffiffiffiffiffiffiffiffiffiffiffi
1 − ρ2

q �
:

ð36Þ
In this case, the effective cross section is given by

σðEe; r; θeÞ ≈
1

2

�
1 −

ffiffiffiffiffiffiffiffiffiffiffiffiffi
1 − ρ2

q �Z
dϵnphðϵÞð1 − βzÞσCðxÞ:

ð37Þ
In the Thomson limit and in the case of head-on

collision, Eq. (37) becomes

σðEe; r; θe ¼ πÞ≈ 1

2
σT

�
1−

ffiffiffiffiffiffiffiffiffiffiffiffi
1− ρ2

q �
ð1þ βÞ

Z
dϵnphðϵÞ:

ð38Þ
For an isotropic electron distribution, the total effective

cross section is given by4

σðEe; rÞ ¼
Z

σðEe; r; θeÞ sin θedθe: ð39Þ

Figure 5 shows the effective cross section for an isotropic
electron distribution [Eq. (34)]5 calculated for the solar
photospheric temperature of 5770 K. The top panel shows
the cross section as a function of the electron energy
(horizontal axis) and direction (vertical axis) at the distance
of r ¼ 2R⊙. The cross section is higher for negative cos θe,
since those directions correspond to head-on collisions. The
bottom panel shows the cross section as a function of the
inverse of the heliospheric distance ρ ¼ R=r for different

FIG. 5. Effective cross section calculated for the solar photo-
spheric temperature of 5770 K. Top panel: cross section as a
function of electron energies and directions at r ¼ 2R⊙
[Eq. (34)]. Bottom panel: total effective cross section multiplied
by the Sun radius value and divided by ð1 −

ffiffiffiffiffiffiffiffiffiffiffiffiffi
1 − ρ2

p
Þ for an

isotropic electron distribution as a function of the inverse of the
heliospheric distances ρ ¼ R⊙=r (the Sun is a ρ ¼ 1). Equa-
tion (34) has been used with the full calculation of Eq. (39) (solid
lines) and for the large distance approximation with Eq. (35)
(dashed lines). The result obtained with Eq. (37) is also shown
with dotted lines.

4The occultation of the star on the electron trajectories should
be also taken into account.

5The integral of Eq. (34) has been evaluated with the
Genz-Mallik adaptive quadrature integration in multidimensions
using rectangular regions [26] implemented in ROOT [27] version
6.24=06.
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electron energies. The full calculation by using Eq. (34) is
shown with solid lines, and the large distance approxima-
tion in Eq. (35) is shown with dashed lines. The two
equations agree starting from a distance of about 10 Sun
radii, while for shorter distances Eq. (35) underesti-
mates the full prediction. The calculation performed by
using Eq. (37) is shown with dotted lines. The approxi-
mation of Eq. (37) agrees with the full calculation within
1% or better.
Finally, for a given electron energy Ee, the total inter-

action length for the IC scattering as a function of the
distance r and for a given electron direction cz, λðEe; r; θeÞ
in a stellar blackbody photon field is given by

λðEe; r; θeÞ ¼
1

σðEe; r; θeÞ
: ð40Þ

The component along the Z axis of the emitted photon
direction is ϵ̂z ¼ r−R cos θ

d , and, for a given distance r, the
cosine of the photon polar angle is in the range ðR=r; 1�.
Figure 6 shows ϵ̂z as a function of the cosine of the polar
angle for several values of R=r. The lower limit as a
function of cos θ is also shown with the black dashed line,
i.e., ðϵ̂zÞmin ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1 − R2=r2

p
. For lower distances, the cosine

of the polar angle assumes values close to 1 (i.e., orthogo-
nal to the star in the direction of the electron position),
while for larger distances the cosine of the polar angles
spans between 0 and 1.

VI. MONTE CARLO CALCULATION OF THE
INVERSE COMPTON EMISSION FROM STARS

With the above calculation in hand, we can now proceed
to calculate the IC emission from stars with a Monte Carlo
approach.

To evaluate the yields of photons produced by the IC
scattering of electrons in a low-energy photon field from a
star, we have simulated several samples of electrons with
different kinetic energies impinging a sphere of radius Rgen

surrounding the star (see Fig. 7), with an isotropic and
uniform distribution with a fluence given by 1=πR2

gen inside
the sphere. A secondary photon produced by IC scatte-
ring is detected on sphere of radius Rdet, and it is seen with
an angle Θ with respect to the normal direction on that
sphere.
For an electron with energy Ee at the initial position r⃗0

with direction bd0, the path length s from the current
position to the site of the next collision is calculated by
using the sampling formula s ¼ minðsr; smaxÞ, where sr ¼
−λðEe; r; czÞ logð1 − uÞ with u a random number distrib-
uted with a uniform PDF in ½0; 1½ and λðEe; r; czÞ given by
Eq. (40). The electron direction cosine cz is calculated in
the reference system where the electron position is on the Z
axis and its direction lies in the X-Z plane. The following
interaction occurs at the position r⃗iþ1 ¼ r⃗i þ sd̂i, where bdi
is direction vector unit. When the sampled value of sr is less
than smax, a real interaction is simulated, producing a
secondary photon, as discussed in Sec. IV.
The energies of photons emitted from the star are

extracted from the blackbody radiation spectrum
[Eq. (23)], while their directions are extracted according
to Eq. (32) in the reference coordinate system with the
electron position on the Z axis and its direction in the X-Z
plane. The azimuthal and polar angles φ and θ are then
randomly extracted: φ is taken from a uniform distribution
from 0 to 2π, while cos θ is taken from a uniform

FIG. 6. Z-axis component of the emission photon direction unit
vector ϵ̂z as a function of the cosine of the polar angle for several
values of R=r (colored lines). The lower limit as a function of
cos θ is shown with the black dashed line.

FIG. 7. Monte Carlo geometry used in the simulation to
generate and propagate electrons (black arrows) and to detect
IC photons (green arrows); Θ is the angle between the photon and
the normal direction at the detection surface.
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distribution from ρ to 1. The scattered photon and the
scattered electron are then rotated back to the master
coordinate reference system. This procedure continues
until the electron leaves the detection sphere or hits the
star surface.
The yield of secondary photons produced from CREs,

YðEγjEk;ΘÞ, is calculated by counting the secondary
photons which escape from the detector surface (i.e., the
outgoing photons) as

YðEγjEk;ΘÞ ¼
NðEγjEk;ΘÞ
NeðEkÞΔEγ

; ð41Þ

where NeðEkÞ is the number of primary electrons genera-
ted with kinetic energy Ek and NðEγjEk;ΘÞ is the number
of secondary photons escaping from the detection surface
with energies between Eγ and Eγ þ ΔEγ and with angles
between Θ and Θþ ΔΘ.
The flux of secondary photons seen by an observer

on the detection sphere (in units of GeV−1 cm−2 s−1) in an
angular range ½Θ, Θþ ΔΘ� is given by

ϕðEγ;ΘÞ ¼
1

4πR2
det

Z
YðEγjEk;ΘÞð4πÞðπR2

genÞIeðEkÞdEk

¼ π
R2
gen

R2
det

Z
YðEγjEk;ΘÞIeðEkÞdEk; ð42Þ

where ð4πÞðπR2
genÞIeðEkÞ is the total number of electrons

entering in the simulated volume in units of GeV−1 s−1. We
assumed that photons hitting the star surface are fully
absorbed and then they are not able to reach the detection
surface.
The differential intensity spectrum of secondary photons

with an angle Θ from the star’s center (in units of
GeV−1 cm−2 sr−1 s−1) emitted from IC scatterings is given by

IðEγ;ΘÞ ¼
ϕðEγ;ΘÞ
ΔΩðΘÞ ; ð43Þ

where ΔΩðΘÞ is the solid angle corresponding to a Θ angle
in the range ½Θ;Θþ ΔΘ�, i.e., ΔΩðΘÞ ¼ 2πΔ cosΘ.

VII. SOLAR INVERSE COMPTON EMISSION

Here, we present the photon emissivity of the Sun by IC
scattering. We assume the temperature of the Sun surface of
5770 K, the solar radius of R⊙ ¼ 6.9551 × 1010 cm, the
electron generation sphere with a radius of 1 A.U., and the
detection sphere again with a radius of 1 A.U., i.e., Rgen ¼
Rdet ¼ 1 A.U. In this way, we assume that the CRE
intensity6 at the generation sphere is the same observed

at Earth by Fermi-LAT [10,13], AMS-02 [12], and DAMPE
[14]. We have extrapolated the data down to 0.1 GeV and
up to 10 TeV as we did in our previous work [3].
We have simulated the interactions of electrons imping-

ing on the generation sphere in a wide energy range from
0.1 GeV to 10 TeV, while the energy of secondary particles
has been simulated down to 10 eV. The primary kinetic
energy values are taken on a grid of 80 equally spaced
values in a logarithmic scale.
We have simulated the interactions without and with an

interplanetary magnetic field, with solar winds up to the
Sun surface; i.e., we are not considering the strong and
irregular inner magnetic field near the Sun [3].
In the case without a magnetic field, the electron

trajectories are straight lines, unless an IC scattering occurs,
where the scattered electron can change its direction.
In the magnetic field case, we are assuming that the inter-

planetary magnetic field (IMF) is described by the Parker
model [28] for r > R⊙. The three components of the IMF
are given by [3]

Br ¼ �fBE

�
RE

r

�
2

;

Bθ ¼ 0;

Bϕ ¼ −Br tan ξ: ð44Þ
The polar component Bθ is assumed always null. The angle
ξ is defined as

tan ξðr; θÞ ¼ ωSðr − R⊙Þ sin θ
vSW

; ð45Þ

where θ is the polar angle, ωS ¼ 2.69 × 10−6 rad=s is the
angular velocity of the Sun (corresponding to a period of
about 27 days), and vSW is the velocity of the solar wind
(its typical value is 400 km=s). At the distance R⊙, the
component Bϕ is also null; i.e., the B field is radial at the
Sun surface.
In the previous equations, the intensity of the field BE is

given by BE ¼ B0=
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1þ tan2 ξðRE; π=2Þ

p
, where B0 is the

intensity of the magnetic field at Earth (its typical value is
about 5 nT) and RE ¼ 1 A:U. is the Sun-Earth distance.
The constant f is given by

f ¼ 1 − 2Hðθ − θ0Þ; ð46Þ

where H is the Heaviside function and the angle θ0 is the
polar position of the heliospheric current sheet (HCS)
defined as

θ0 ¼ π

2
− arctan

�
tan α sin

�
ϕþ ωSðr − R⊙Þ

vSW

��
; ð47Þ

where ϕ is the azimuth angle and we have indicated with α
the tilt angle, i.e., the maximum latitude of the HCS; finally,

6We use the total intensity of electrons and positrons, and we
refer to them as electrons.
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the � sign in Eq. (44) depends on the polarity of the
magnetic field.
We assume a constant speed of the solar wind with a

radial direction, i.e., v⃗SWðr⃗Þ ¼ vSWr̂. The electric field can
be written as the gradient of a potential function:

E⃗ðx; y; zÞ ¼ −∇Vðx; y; zÞ: ð48Þ

Assuming that the potential vanishes at the heliospheric
equator z ¼ 0, the electric potential V is given by [29]

Vðx; y; zÞ ¼ ∓fB0ωSR2
E
z
r
; ð49Þ

where the ∓ sign is valid above (below) the HCS.
The energy variation of a charged particle due to the

electric potential, ΔE, is given by

ΔE ¼ q½Vðr⃗fÞ − Vðr⃗iÞ� ð50Þ

and is proportional to the difference between the electric
potential calculated at the initial and final points r⃗i and r⃗f
on the trajectory.
To keep the discussion as simple as possible, in this work

we assume a null tilt angle, a positive polarity, B0 ¼ 5 nT,
and vSW ¼ 400 km=s. The magnetic field and the solar
wind are considered to be stationary during the simulation.
In the case of the magnetic field, the tracking of one step is
performed combining the helix approximation and an
adaptive Runge-Kutta-Nystroem algorithm [30] due to the
magnetic field configuration. If the travel angle at the
beginning of a step is larger than π=2, the helix approxima-
tion is used. Then, the energy variation due to the solar wind
of the charged particle is calculated with Eq. (50), where the
final position is the one calculated after a single step.
We have simulated 107 and 5 × 106 electrons for each

incoming energy, in the cases without and with a magnetic
field, respectively. The total statistics in the configuration
with a magnetic field is half of the statistics in the
configuration without a magnetic field, since the former
case requires a higher CPU consumption. However, since
the yield is highly enhanced near the Sun, the statistics on
the IC gamma rays is still quite high.
Figure 8 shows the IC gamma-ray energies as a function

of the incoming electron energies at the generation surface
in the configuration without a magnetic field. The plot is
obtained after integration on the angular separation of the
photons from the Sun. The photons with energy above
10 MeV are mainly produced by electrons above 1 GeV.
Figure 9 shows the calculated IC spectral intensity for

various angular distances from the Sun up to 30°, with a
step of 0.5°, again in the case without a magnetic field. We
show the spectral intensity (multiplied by E2

γ ) as a function
of photon energy.

Figure 10 shows the results of this simulation in the
configuration without (left column) and with a magnetic
field (right column). In the top row, we show the energy
integrated gamma-ray spatial map around the Sun produced
by IC interactions built with the HEALPix pixelization [31].7

The emission is mainly located near the Sun and extends far
away from it for tens degrees. In the case of a magnetic
field, the emission is much narrow toward the Sun.
In the middle row in Fig. 10, we show the intensity

profiles integrated above 100 MeV (red lines and points)
and above 1 GeV (blue lines and points) as a function of the

FIG. 8. Distribution of the IC photon energies as a function of
the incoming electron energies (configuration without magnetic
and electric fields). The plot is obtained after integration on the
angular separation of the photons from the Sun.

FIG. 9. Calculated IC spectral intensity for various angular
distances from the Sun up to 30° with step of 0.5°. We show the
spectral intensity multiplied for E2

γ as a function of photon
energy. The darker blue line corresponds to the interval
½0.0°; 0.5°�, while the darker red line shows the intensity in the
interval ½29.5°; 30.0°�. The error bars represent the statistic error
due to the number of simulated events.

7
HEALPix website—currently, http://healpix.sourceforge.net or

https://healpix.sourceforge.io.
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angular distance from the Sun. The results of this work are
compared with those obtained with the StellarICS code [7]
with the same configuration. The calculation of the IC
intensity with the StellarICS code is performed integrating the

IC emission along the line-of-sight direction in a plane with
respect to the observer at a given angular distance with
respect the center of the star (see also [8]). In the case
without a magnetic field, the predicted flux from our 3D

FIG. 10. Comparison without (left column) and with magnetic and electric field configurations (right column). Top row: energy
integrated IC photon spatial map around the Sun. The map is built with the HEALPix pixelization scheme with Nside ¼ 512 (pixel area of
about 3.995 × 10−6 rad). Middle row: intensity profile integrated above 100 MeV (red points) and above 1 GeV (blue points) as a
function of the angular distance from the Sun. Solid lines (and filled points) represent the results of this work, while dashed lines (and
open points) represent the StellarICS [7] results calculated with same configuration. Bottom row: calculated IC spectral flux (multiplied
for E2

γ ) without a magnetic field as a function of the photon energy, integrated for angular distances from the Sun center within (from
bottom to top) 1°, 5°, 10°, and 20°, respectively. Dashed lines represent the StellarICS [7] results calculated with the same configuration.
Gray points show the Fermi-LAT measurements [1].
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Monte Carlo procedure is slightly lower than the predicted
flux from StellarICS in all angular windows. The shape is
very similar and in the integrated intensity decreases with
the angular distance and can be represented with a power
law IðΘÞ ∝ Θ−1. In the case of a magnetic field, our results
are above the StellarICS ones for Θ < 4 deg and the
integrated intensity is much steeper.
Finally, in the bottom row in Fig. 10, we show the

calculated IC spectral flux (multiplied for E2
γ ) as a function

of the photon energy, integrated for angular distances from
the Sun center within (from bottom to top) 1°, 5°, 10°, and
20°, respectively. Dashed lines represent the StellarICS [7]
results calculated with the same configuration. Gray points
show the Fermi-LAT measurements [1]. Our results agree
with the StellarICS predictions without a magnetic field,
while in the case of a magnetic field the flux is higher in the
region close to the Sun. We also see that the predicted flux
from our simulation is much higher at low gamma-ray
energies (<100 MeV).

VIII. CONCLUSIONS AND OUTLOOK

In this work, we have considered the IC scattering
between energetic electrons and low-energy photon fields,
and we have derived the differential cross section in a
contest of 3D Monte Carlo approach. This process is
frequently used in high-energy astrophysics for the evalu-
ation of IC photon emission, in particular, for diffuse solar
emission. Our study also represents a step forward in
understanding the solar gamma-ray emission.
In our formalism, we are not implemented any approxi-

mation, although sometimes we have also shown the results
in some limits as, for example, in the Thomson regime. The
approach shown in this work can be also used in the
presence of magnetic and electric fields.
We have calculated the solar IC emission due to galactic

CREs without and with an interplanetary electromagnetic
field. In the case without a magnetic field, we find that our
results agree with those from the StellarICS calculation [7].
However, we see some deviations at photon energies below
100 MeV, as already noted in Ref. [8], although at much
lower energy.
We have also implemented a configuration with an

interplanetary magnetic field described by the Parker model
to calculate the solar diffuse component. In this case,
although we consider a simple scenario, we see an increase
of the emission close to the Sun direction, probably due to
an increase of the time spent by electrons in the radiation
field in the presence of the magnetic field. If this effect will
be confirmed considering a more accurate solar magnetic
configuration that also includes the magnetic field near the
Sun, it will allow one to establish a better modeling of the
solar diffuse emission.
The Sun is moving in the Galactic reference

frame, spanning a latitude interval of about �60°. The

maximum (minimum) latitudes are reached during spring
(fall) and the corresponding longitudes are of about
�ð60–70Þ degrees. On the other hand, during winter
(summer), the Sun reaches the minimum distance of a
few degrees from the Galactic Center (anticenter). The iso-
tropic diffuse gamma-ray background measured by Fermi-
LAT above 100 MeV is about 7.2 × 10−6 cm−2 s−1 sr−1

[32], that is less than the solar IC up to a few degrees
(see Fig. 10, middle panels). For the galactic inter-
stellar emission, the intensities above 100 MeV are of
about 4.8 × 10−6 cm−2 s−1 sr−1 at high latitudes, 9.1 ×
10−4 cm−2 s−1 sr−1 toward the Galactic Center, and
6.0 × 10−5 cm−2 s−1 sr−1 toward the Galactic anticenter,
respectively [33]. Consequently, the solar IC halo should be
easily resolved at high Galactic latitudes.
It is worth highlighting that high-energy gamma rays

produced in the IC scattering can be absorbed through
the scattering photon-photon to electron-positron interac-
tion, where the target is provided by the same solar
radiation field as discussed in the paper. By assuming
the average value of solar energy photons of about
ϵ ¼ 1.2 eV, the IC gamma-ray energy threshold to produce
an eþe− pair is about 217 GeV (Eth ≈m2

e=ϵ). So, this
process affects the high-energy IC photons, since they
could be absorbed from the production point to the
observer. In fact, above threshold, the cross section
increases very rapidly, reaching a maximum of σmax ≈
0.26σT at the value of x ¼ ϵEγ

2m2
e
ð1 − cos θγγÞ ≈ 2; then the

cross section decreases monotonically, and for large value
of x it takes the asymptotic behavior ∼ logðxÞ=x [34]. The
full calculation could just follows the same formalism
introduced in Sec. V [from Eq. (30)], where we should
put the gamma-gamma pair cross section instead of the
Compton one, i.e.,

σðEγ; r; k̂Þ ¼
Z

dnð1 − cos θγγÞσγγðxÞ: ð51Þ

The attenuation of gamma ray can be calculated integrating
along the line of flight of the photons up to the observer,
and this could be done at posterior since we can assume
that the photons move along a straight line (see
also Ref. [34]).
The IC model discussed in this work is now implemented

in the latest version of the FLUKA simulation code [35–38]
and allows one to better calculate the gamma-ray emission
in complex geometries, even in the presence of magnetic
and electric fields, also including synchrotron radiation
emission along particle trajectories. The results achieved
with FLUKA will be published in a separate work.
Some of the results in this paper have been derived using

the HEALPix [31] package. In this work, we used custom
software based on Fortran, C++, Python [39,40], and ROOT

toolkit [27]. GeoGebra is also used for some images.
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