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An analysis of baryogenesis and stochastic gravitational wave production is presented for an extension
of the Standard Model where the dark sector consists of dark matter particles charged under a Uð1Þx gauge
symmetry, while a subset of dark fields also carry lepton number but noUð1Þx charge. We demonstrate that,
with CP violation induced by Yukawa couplings, equal and opposite lepton asymmetries are generated in
the visible and hidden sectors. Subsequent evolution preserves the lepton number separately in each sector,
and sphaleron interactions partially convert the lepton asymmetry into baryon asymmetry near the
temperature of the first-order phase transition. Furthermore, we discuss stochastic gravitational wave
background production for the first-order phase transition using a gauge-independent bubble nucleation
dynamics which yields spectra also valid in the supercooled low-temperature regime with Tp=mAx

≪ 1,
where Tp is the percolation temperature andmAx

is the dark photon mass. A parameter-space scan identifies
regions that simultaneously account for cogenesis of baryon asymmetry and dark matter and predict
stochastic gravitational wave signals within reach of current (NANOGrav, EPTA, and PPTA) and future
detectors at higher frequencies, providing a unified framework for cogenesis and associated gravitational
wave production.
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I. INTRODUCTION

After the discovery of gravitational waves by the LIGO
Collaboration in 2016 [1], the study of gravitational waves
has established itself as a new tool for the exploration of
fundamental physics. Thus, while the observation by LIGO
was confined to the observation of gravitational waves
arising from black hole mergers, the broader study now is
related to stochastic backgrounds of gravitational waves.
Recently, several pulsar timing array (PTA) collaborations,
including NANOGrav [2], EPTA [3], and PPTA [4], have
reported strong evidence for a stochastic gravitational wave
background at nanohertz frequencies. These observations
have sparked significant interest in cosmological interpre-
tations involving new physics beyond the Standard Model
[5,6]. Thus, such backgrounds can arise from a variety of

sources such as from primordial black holes and neutron
stars, the end of inflation decay of the inflaton [7–9], and
cosmic phase transitions in the early Universe [10–14]. An
interesting possibility that arises in this case is that such
cosmic phase transitions near the electroweak scale [15–59]
may lead to the production of gravitational waves. Another
important phenomena at this scale is related to the
possibility for baryogenesis with sufficient strength con-
sistent with observation [60–65]. The Standard Model
alone fails to provide adequate solutions to either phenom-
ena. Thus, the electroweak baryogenesis within the
Standard Model cannot generate a sufficient CP violation
to explain the observed baryon asymmetry in the Universe,
and the first-order phase transitions in the Standard Model
do not produce gravitational waves at detectable levels
[66–68]. These inadequacies motivate extensions of phys-
ics beyond the Standard Model involving hidden sectors,
which appear naturally in supergravity, string theory, D-
brane constructions, and quiver theories [69]. In this case,
the analysis of first-order phase transitions at the electro-
weak scale is significantly modified and a possibility exists
for achieving both observable gravitational waves as well
as the desired matter-antimatter asymmetry in the Universe
in such a setup [70]. Furthermore, it is entirely possible that
the hidden sector and the visible sector have interactions
beyond the gravitational interactions. However, the success
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of the Standard Model in explaining a large amount of
electroweak data indicates that such interactions must
remain small. Such small interactions between the hidden
sector and the visible sector can come about via a variety of
portals: the Higgs portal [71], kinetic mixing [72],
Stueckelberg mass mixing [73], and mixed kinetic and
Stueckelberg mechanisms [74].1

In this work, we present an analysis of cogenesis, i.e., the
simultaneous generation of baryon asymmetry and dark
matter, within a Uð1Þx extension of the Standard Model
where B − L symmetry is conserved [80]. In this frame-
work, both the observed matter-antimatter asymmetry and
the dark matter abundance arise from out-of-equilibrium
decays of heavy Majorana fermions that generate equal and
opposite B − L asymmetries in the visible and hidden
sectors. Cogenesis mechanisms naturally yield asymmetric
dark matter with a mass of the order of the proton mass,
thereby explaining the observed similarity between the
cosmic abundances of baryons and dark matter,ΩDM=ΩB ≃
5.5 [81–87]. In the above framework, we further investigate
production of gravitational waves from first-order phase
transitions, which applies broadly to dark matter models
featuring asymmetric dark matter with masses around
OðGeVÞ. The analysis utilizes gauge-invariant computation
of nucleation and gravitational wave production [88–93],
particularly in the low-temperature regime (T=m≲ 1). In
the analyses, we use the Metaxas-Weinberg approach and
obtain robust predictions for bubble nucleation dynamics
and the resulting gravitational wave power spectrum. Our
parameter-space analysis indicates regions where the model
can account for both the observed matter-antimatter asym-
metry and the gravitational wave signals that may be within
reach of the current and future experiments. We observe
that parameter choices of particular phenomenological
interest often involve supercooled or near-supercooled
phase transitions with Tp=mAx

≪ 1, where Tp is the
percolation temperature.
The paper is organized as follows: Section II presents the

Uð1Þx extended model and demonstrates the cogenesis
mechanism, including asymmetry generation, neutrino
mass generation, and dark matter dynamics. Section III
develops the gauge-invariant analysis of first-order phase
transitions and presents parameter-space scans showing
regions of observability. Section IV concludes with a
summary of our findings and their implications for future
gravitational wave observations. In Appendix A, we derive
the full Boltzmann equations for the decays of heavy
Majorana fermions, including washout effects. In
Appendix B, we present a benchmark model demonstrating

that an extended neutrino sector can naturally account for
the observed neutrino masses and mixings. Appendix C
discusses the kinetic mixing between the Uð1Þx dark
photon and the Standard Model hypercharge gauge boson,
including experimental constraints on the kinetic mixing
parameter. Appendix D provides additional discussion of
the gauge-invariant effective action for first-order phase
transitions. Appendix E presents further details on phase
transition physics, hydrodynamics, and gravitational wave
production.

II. EXTENSION OF THE STANDARD MODEL
TO INCLUDE A HIDDEN SECTOR

A. The model with a B−L conserving hidden sector

The observed matter-antimatter asymmetry, along with
the fact that dark matter and baryonic matter have abun-
dances of the same order of magnitude ΩDMh2=ΩBh2 ≈ 5.5
[94], suggests a potential common origin in the early
Universe. As proposed in 2014 [80], both the baryon
asymmetry and dark matter relic abundance can arise in
a framework where B − L symmetry is conserved. In this
paper, we extend this line of investigation by exploring the
associated gravitational wave signatures and other phe-
nomenological implications of such a scenario. We con-
sider aUð1ÞX gauge extension of the StandardModel (SM),
which consists of at least two Majorana fermions Ni, a
massive Dirac field ψ , a complex scalar dark matter ϕ, a
dark Uð1Þx Higgs field Φx, the Uð1Þx dark photon Ax, and
two dark matter candidates X and X0 which are Dirac
fermions charged under Uð1Þx and also carry nonvanishing
lepton number. The quantum numbers of these fields are
summarized in the following table:

L H N ψ ϕ X X0 Φx

L No. þ1 0 0 þ1 −1 þ 1
2

þ 1
2

0
B − L −1 0 0 −1 þ1 − 1

2
− 1

2
0

Uð1Þx 0 0 0 0 0 þ1 −1 þ1

The complete Lagrangian of the model is given by

L¼LSMþ λiNiψϕþ yψi ψLiHþ yxϕXcX0 þH:c:

þ 1

2
Niði=∂−MiÞNiþψ i=∂ψ −mψ ψ̄ψ þ j∂μϕj2

−m2
ϕϕ

�ϕþ X̄ði=D−mDMÞXþX0ði=D−mDMÞX0

−
1

4
FxμνF

μν
x −

ϵ

2
FxμνFμνþjDμΦxj2−VeffðΦxÞ; ð2:1Þ

where Fμν
x is theUð1Þx field strength for the field Aμ

x and the
corresponding covariant derivative of Uð1Þx is given by
Dμ ¼ ∂μ − igxAxμ. Both X and X0 are dark matter candi-
dates which have the same mass mDM, have similar lepton
number and B − L number, but are oppositely charged
under Uð1Þx. Their masses will be determined in Sec. II D.

1The Stueckelberg mass mixing mechanism produces milli-
charged dark matter [73–76] in the hidden sector, and a small
amount (∼0.3%) might explain the experiment to detect the
global epoch of reionization signature (EDGES) anomaly [77],
Stueckelberg-Higgs mixing [78], extra-weak interactions [79], or
higher-dimensional operators.
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In a universe where B − L symmetry (not necessarily a
gauge symmetry) is exactly conserved, the cogenesis
proceeds as follows: At high energies, heavy Majorana
fermions Ni decay out of equilibrium, generating an
asymmetry between the fields ψ and ϕ and their anti-
particles. Because of the chargeless nature of Ni, and the
fact that both ψ and ϕ carry nonzero B − L charges, these
decays produce equal and opposite B − L asymmetries.
The asymmetry is subsequently transferred to the visible
sector via the decay ψ → LiH and to the dark sector via
ϕ → XX0, resulting in equal and opposite B − L asymme-
tries stored in each sector. In the visible sector, the lepton
asymmetry is partially converted into a baryon asymmetry
through sphaleron processes. The similarity in the cosmic
abundances of dark matter and baryons is naturally
explained if the dark matter mass is of the same order as
that of the proton. The symmetric components of OðGeVÞ
dark matter primarily annihilate into two Uð1Þx dark
photons Ax, leaving the relic density dominated by the
asymmetric component.

B. Baryogenesis via cogenesis

The key step for the cogenesis mechanism is relying on
the heavy Majorana right-handed neutrinos decay into ψ
and ϕ at high energies. The Yukawa coupling constant λi
being complex ensures that the CP-violating decay of such
a process produces the same amount of asymmetry in the ψ
and in ϕ. The asymmetry of ψ then transforms to the
Standard Model via the interaction term ψ̄LiH and even-
tually disappears, and there would be no vestige left of them
in the current Universe. In the dark sector, all ϕ particles
eventually decay into dark matter. At later stages of the
Universe, the symmetric component of dark matter X, X0
efficiently annihilates, leaving the residual asymmetric
component as the dominant constituent of dark matter.
In Eq. (2.1), the couplings λi are assumed to be complex
and the couplings yψi and yx are assumed to be real. Thus,
the only couplings that enter in generating the asymmetry
are λi. The decay of chargeless Majorana fermion Ni
will generate an equal and opposite net B − L asymmetry
in the field ψ and ϕ. The asymmetry generated via
the decaying processes Ni → ψ þ ϕ is through the inter-
ference of the tree amplitude and loop diagrams and is
given by [86,95]

ϵL ¼ ΓðN1 → ψϕÞ − ΓðN1 → ψ̄ϕ�Þ
ΓðN1 → ψϕÞ þ ΓðN1 → ψ̄ϕ�Þ ≃ −

1

8π

Imðλ21λ�22 Þ
jλ1j2

M1

M2

;

ð2:2Þ

where we assume there are two Majorana fields N1 and N2

with N2 mass M2 being much larger than the N1 mass M1,
i.e., M2 ≫ M1. When the temperature drops down
below the mass of Ni, the out-of-equilibrium decay of
Ni will occur, which will generate the asymmetry in ψ and

ϕ. The evolution of N1 and the created net lepton number
L, which is equal to the net Ψ number generated
(YL ¼ YΨ), are governed by the following set of
Boltzmann equations:

dYN1

dT
¼ 1

TH̄

�
hΓN1

iðYN1
−YEQ

N1
Þ− ϵLhΓN1

iYEQ
N1

×
4π2g�SYL

15

�

þ 2s
TH̄

ðhσviN1N1→ϕϕ̄

þhσviN1N1→ψψ̄ ÞðYN1
YN1

−YEQ
N1
YEQ
N1
Þ; ð2:3Þ

dYL

dT
¼−

1

TH̄

�
ϵLhΓN1

iðYN1
−YEQ

N1
Þ− 4π2g�SYL

15
hΓN1

iYEQ
N1

�

þ s
TH̄

4π2g�SYL

15
ð8hσviRIS

ψψ→ϕ̄ ϕ̄
nEQψ nEQψ

þ 4hσviRIS
ψϕ→ψ̄ ϕ̄

nEQψ nEQϕ Þ; ð2:4Þ

where s ¼ 2π2heffT3=45 and

H̄ ¼ H

1þ 1
3

T
heff

dheff
dT

¼
ffiffiffiffiffiffiffiffiffiffiffi
π2geff
90

r
T2=MPl

1þ 1
3

T
heff

dheff
dT

: ð2:5Þ

The detailed derivations of Eqs. (2.3) and (2.4), including
all washout effects, are provided in Appendix A. The cross
sections of processes ψψ → ϕ̄ ϕ̄ and ψϕ → ψ̄ ϕ̄ indicated
by the superscript “RIS” have been RIS-subtracted to
eliminate the double counting associated with the on-shell
contribution of the intermediate N1 propagator. After the
sphaleron processes go out of equilibrium, at a temperature
∼100 GeV by which the top quark has already decoupled
from the thermal bath, the baryon number and lepton
number become separately conserved, corresponding to the
values observed in the present Universe. By analyzing the
chemical potentials of the relevant particle species [85,96],
one can determine that the current value of Bf in term of
ðB − LÞv is given by Bf=ðB − LÞv ¼ 30=97, where Bf
denotes the final (the currently observed) value of the
baryon number density.2 Hence, the converted baryon
asymmetry is given by

YB ¼ 30

97
YB−L ¼ 30

97
YL; ð2:6Þ

2The commonly used conversion factor 28
79
is derived under the

assumption that all Standard Model fermions, including the top
quark, remain in thermal equilibrium while sphaleron processes
are active. However, it is known that the top quark decouples
prior to the electroweak crossover, whereas sphaleron processes
typically remain efficient down to temperatures around 100–
130 GeV. Consequently, the top quark should be excluded from
the chemical potential relations used to derive the baryon-to-
lepton conversion factor, leading to a revised coefficient of 30

97
[85,96].

GAUGE-INDEPENDENT GRAVITATIONAL WAVES FROM … PHYS. REV. D 113, 063504 (2026)

063504-3



which should match the experimental value B=nγ ∼ 6 ×
10−10 [97]. The current entropy s0 ¼ 7.04n0γ leads to
ðB=sÞex ≃ 8.6 × 10−11, and, thus, YL ≃ 3 × 10−10. For
mψ ; mϕ ∼OðTeVÞ, if Mi ≫ 106 GeV and jλij ∼ 10−5,
the washout effect is less than 1% and is, thus, negligible.
From above, we estimate the size of ϵL ∼ 10−8, which can
be easily manufactured using Eq. (2.2).

C. The active neutrino masses

The observed tiny neutrino mass is explained by intro-
ducing three right-handed Dirac neutrinos with the Yukawa
interactions

Lν ¼ −yνi νiRLiH þ H:c: ð2:7Þ

We notice that the Yukawa coupling ψ̄LiH also contributes
to the neutrino mass term, and the right-handed neutrino
can also mix with the left-handed component of ψ . Hence,
the full mass terms in the neutrino sector can be written as

Lmass
ν ¼−yνijνjRLiH− yψi ψRLiH−μiνiRψLþH:c:−mψ̄ψ ;

ð2:8Þ

which generate the neutrino mass terms

Lmass
ν ¼ −mν

ijðνiLνjR þ νjRνiLÞ −mψ
i ðψRνiL þ νiLψRÞ

− μiðψLνiR þ νiRψLÞ −mψ ðψRψL þ ψLψRÞ;
ð2:9Þ

where mν
ij ¼ 1ffiffi

2
p yνijvSM and mψ

i ¼ 1ffiffi
2

p yψi vSM, and can be

rewritten in the matrix form

Lmass
ν ¼ −

�
νeL νμL ντL ψL

�

×

0
BBB@

mν
ee mν

eμ mν
eτ μe

mν
μe mν

μμ mν
μτ μμ

mν
τe mν

τμ mν
ττ μτ

mψ
e mψ

μ mψ
τ mψ

1
CCCA

0
BBB@

νeR

νμR

ντR

ψR

1
CCCAþ H:c:

ð2:10Þ

A 4 × 4 unitary matrix U transforms the neutrino flavor
eigenbasis to mass eigenbasis, and the top-left 3 × 3 block
of the rotation matrix U should match the Pontecorvo-
Maki-Nakagawa-Sakata (PMNS) matrix determined from
neutrino oscillation data:

jUex
PMNSj ¼

0
B@
0.803–0.845 0.514–0.578 0.142–0.155
0.233–0.505 0.460–0.693 0.630–0.799
0.262–0.525 0.473–0.702 0.610–0.762

1
CA:

ð2:11Þ

The masses of the three light neutrinos should also satisfy
(i) the upper bound of neutrino mass sum, i.e.,

X
i

mν
i ≲ 0.12 eV; ð2:12Þ

and (ii) the experimental fitting values of the mass-square
differences

△m2
12 ¼ m2

ν2 −m2
ν1 ¼ 7.54 × 10−5 eV2; ð2:13Þ

△m2
13 ¼ m2

ν3 −m2
ν1 ¼ 2.47 × 10−3 eV2: ð2:14Þ

We apply the particle swarm optimization algorithm to
find the values of all the input parameters. The optimization
is done by requiring the calculated values from seesaw
mixing matrix matching all above-mentioned experiment
values. To this end, we define six fitting functions, the first
four of which capture the deviation of the calculated
jUPMNSj, neutrino mass sum, two mass-square differences
to the respective experimental values. The fifth fitting
function ensures that the nonunitary constraint is satisfied,
which sets limits on the size of the mixing between the
Standard Model neutrinos and the massive fermion ψ . Such
a requirement is needed for considerable large mixings
between the Standard Model neutrinos and extra massive
fermions. We further define a sixth fitting function imple-
menting the measured Dirac phase, resulting in complex-
valued couplings yψi .
A set of parameters that reproduce all experimentally

measured neutrino data is provided in Appendix B. In
particular, we require the 4 × 4 neutrino mass matrix given
in Eq. (2.10) to take the following form:

0
BBB@

mν
ee 0 0 μe

0 mν
μμ 0 μμ

0 0 mν
ττ μτ

mψ
e mψ

μ mψ
τ mψ

1
CCCA; ð2:15Þ

which is remarkable in that the three Standard Model
neutrino flavors initially exhibit no mixing in the upper-left
3 × 3 block of the mass matrix, and all observed mixing
arises solely from the presence of the new particle ψ .
Although the couplings yψi are complex, they do not
generate additional asymmetry in the Standard Model
leptonic sector via the decay ψ → LH, due to the extremely
strong washout effects arising from the mass of ψ that lies
not far from the electroweak scale.

D. Dark matter budget

In the model, there are two dark matter candidates X and
X0, which are produced equally from the decay of the heavy
ϕ particle. The asymmetric component of X and X0
constitutes the dominant contribution to the total dark
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matter relic abundance, ΩXh2 ¼ ΩX0h2 ≈ 0.06. Using
ΩDMh2=ΩBh2 ≈ 5.5 and Eq. (2.6), one finds mDM ¼
5.5 × ð30=97Þ × ð1=2Þ ≈ 0.85 GeV, where the 1=2 factor
arises because both X and X0 carry a B − L number −1=2.
The symmetric component of X and X0 can be efficiently
reduced from the annihilation processes

XX → AxAx; X0X0 → AxAx; ð2:16Þ

into sub-GeV Uð1Þx dark photons Ax. Such a dark
photon will decay into Standard Model fermion and
antifermion pairs (f̄f) because of the kinetic mixing
between the Standard Model, detailed in Appendix C.
The Boltzmann equations that govern the evolution of the

TABLE I. Benchmark models illustrating annihilation of the
symmetric X component into pairs of sub-GeV dark photons. We
list Ωsymh2 and Ωsym0h2, the relic abundances of the X symmetric
component computed with and without the dark matter asym-
metry. We consider two representative values for the kinetic
mixing parameter, ϵ ¼ 10−4 and ϵ ¼ 10−9, which are shown as
black lines within the allowed regions in Fig. 11. The kinetic
mixing leads to a dark photon lifetime much shorter than 1 sec, so
the dark photon decays before big bang nucleosynthesis (BBN).

Model vx [GeV] gx mAx
ϵ τAx

[sec] Ωsym0h2 Ωsymh2

A 1 0.2 0.2 10−4 7 × 10−16 8.3 × 10−7 ≪10−10

B 1 0.1 0.1 10−4 2 × 10−15 8.5 × 10−7 ≪10−10

C 1 0.2 0.2 10−9 7 × 10−6 8.6 × 10−7 ≪10−10

D 1 0.1 0.1 10−9 2 × 10−5 8.9 × 10−7 ≪10−10

FIG. 1. Thermal evolution of YAx
, YX , Ysym, and Ysym0 for four benchmark models labeled by ϵ, gx, andmAx

as given in each of the four
panels. The plots show the comoving number densities of asymmetric dark matter X, its symmetric component (Ysym ¼ 2YX̄), and the
dark photon Ax as functions of the universe temperature. Ysym0 denotes the symmetric abundance of the dark matter in the absence of
dark matter asymmetry, i.e., when YX − YX̄ ¼ 0. The final abundance of YX corresponds to a relic densityΩXh2 ¼ 0.06, as shown by the
light-blue dotted line, while X0 contributes the other half. In the presence of dark matter asymmetry, the symmetric component is more
efficiently annihilated through the process X̄X → AxAx. The Uð1Þx dark photon Ax which mixes with the hypercharge gauge field via a
kinetic term with kinetic parameter ϵ will eventually decay into Standard Model fermion pairs before BBN.
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dark matter particle X are given by (X0 constitutes the other
half of the dark matter relic density, and the computation of
X0 evolution is similar)

dYX

dT
¼ s
TH̄

ðYXYX̄hσviX̄X→AxAx
−Y2

Ax
hσviAxAx→X̄XÞ; ð2:17Þ

dYX̄

dT
¼ s
TH̄

ðYXYX̄hσviX̄X→AxAx
−Y2

Ax
hσviAxAx→X̄XÞ; ð2:18Þ

dYAx

dT
¼ s

TH̄

�
2Y2

Ax
hσviAxAx→X̄X − 2YXYX̄hσviX̄X→AxAx

þ 1

s
hΓiAx→f̄f þ YfYf̄hσvif̄f→Ax

�
; ð2:19Þ

where YX − YX̄ ¼ YL ≃ 3 × 10−10, determined by the
cogenesis and computed in Eq. (2.4).
We present the dark matter evolution for the four

representative benchmarks in Table I, and the evolution
of X and X̄ and the dark photon Ax for the four models are
shown in Fig. 1. The symmetric component of dark matter
can be efficiently annihilated through the secluded process
X̄X → AxAx, leaving the asymmetric component as the
dominant contributor to the total dark matter relic density.
Compared to the scenario without a dark matter asymmetry
(YX − YX̄ ¼ 0), the symmetric component is more effi-
ciently depleted in the presence of an asymmetry.
Furthermore, we note that kinetic mixing between the

hidden sector and the visible sector is tightly constrained
for dark photon masses below 20 MeV [98,99]. In the
analysis here, we compute the minimal Uð1Þx gauge
coupling that yields a sufficient annihilation of the sym-
metric dark matter component, so that the constraint
Ωsymh2 ≲ 1% × 0.12, for dark photon masses in the range
20 MeV–1 GeV is satisfied. The result of our analysis is

shown in Fig. 2, where the light-green regions indicate
the allowed values of gx for the case when the kinetic
mixing parameter ϵ ¼ 10−4, a value consistent with exper-
imental bounds for dark photon masses in the range
20 MeV–1 GeV.

III. GAUGE-INVARIANT ANALYSIS
OF FIRST-ORDER PHASE TRANSITION
FROM A Uð1Þx GAUGE-INVARIANT

HIDDEN SECTOR

While the model of Eq. (2.1) provides a possible
cogenesis mechanism that explains the matter-antimatter
asymmetry, a first-order phase transition could also
occur, potentially generating observable stochastic gravi-
tational waves. Since gravitational wave production is
gauge dependent, we adopt the approach developed by
Metaxas and Weinberg [88] to obtain a gauge-independent
effective bounce action, as detailed in Appendix D. Using
this approach, we compute the leading and the subleading
actions, which are both gauge independent. Thus, the
leading terms in the total action Seff are given by

Seff ¼ S0 þ S1; ð3:1Þ

S0 ¼ β

Z
d3x

�
1

2
ð∂μϕbÞ2 þ Vg4xðϕbÞ

�
; ð3:2Þ

S1 ¼ β

Z
d3x

�
1

2
Zg2xðϕb; ξÞð∂μϕbÞ2 þ Vg6xðϕb; ξÞ

�
; ð3:3Þ

where the definitions of the quantities that enter in
Eqs. (3.2) and (3.3) are given in Appendix D. Here, S0
is gauge invariant by construction, and S1 is gauge invariant
due to Nielsen identity. Details are given in Appendix D.

FIG. 2. Left panel: gx versus the dark photon massmAx
. Right panel: gx versus the vacuum expectation value of the Uð1Þx Higgs field,

vx. The shaded light-green regions in both panels indicate the parameter space of gx that yields sufficient secluded annihilation of the
symmetric dark matter component, for dark photon masses in the range 20 MeV–1 GeV. The kinetic mixing between Uð1Þx and the
hypercharge gauge field is fixed at ϵ ¼ 10−4, consistent with current experimental constraints.
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For comparative analysis, we calculate the gauge-
dependent effective bounce action employing the original
effective potential given in Eq. (D39), with ZðϕÞ ¼ 1 and
utilizing the tree-level mass for mG, such that the gauge-
dependent effective bounce action SGDeff is defined so that

SGDeff ¼ β

Z
dx3

�
1

2
ð∂μϕÞ2 þ Veffðϕ; ξÞ

�
: ð3:4Þ

A standard gauge choice is the Landau gauge (ξ ¼ 0),
which is adopted in the majority of studies in the literature.

A. Numerical results using gauge-invariant
effective bounce action

To implement this methodology, it is not necessary to
solve for the complete profile of ϕbðxÞ with the renorm-
alization factor ZðϕÞ, as only the bounce solution for the
leading-order term is required, where the leading order of
ZðϕÞ is unity. Therefore, only a minor modification to
the action S1 calculation is needed. We, thus, use the
CosmoTransition package with appropriate modifications
for this analysis. Once we determined this gauge-invariant
effective action, we follow the pipeline given in our
previous paper [100] to finish the rest of the analysis on
gravitational wave prediction. A brief summary is given in

Appendix E. One of the major differences here is that, in
this paper, we have the hidden sector in thermalization with
the visible sector during the phase transition, i.e., Th ¼ T.
We first examine the validity of this method under

low-temperature conditions, i.e., T=mAx
< 1. We evaluate

the associated uncertainties of this approach across differ-
ent temperature regimes, particularly for cases where
T=mAx

≪ 1 and T=mAx
∼ 1. In Table II, we provide three

benchmark models with different temperature to mass
ratios. Also, we provide a benchmark model (*) which
is an example of supercooled phase transition that stayed
valid after all kind of constraints.
Using the parameter values specified in Table II, we

present the computational results for SGDeff with Landau
gauge (ξ ¼ 0), S0, and S0 þ S1 in Fig. 3. The temperature is
set to the percolation temperature Tp, which represents a
critical parameter in gravitational wave analysis since it
determines the onset of efficient bubble nucleation and sets
the scale for the phase transition dynamics. Our calcula-
tions show that the sum S0 þ S1 remains approximately
constant across different values of the parameter ξ for all
three examined cases, with a maximum deviation of only
about 5%. This stability provides clear evidence for the
successful derivation of a gauge-invariant effective action
across all investigated temperature conditions where
T=mAx

< 1. By contrast, Seff exhibits a pronounced and
systematic dependence on ξ, with values that can vary by
nearly an order of magnitude as ξ increases from 0 to 10.
This spread illustrates the potential pitfalls of relying on
gauge-dependent quantities, since even modest changes in
the gauge parameter can lead to large shifts in the predicted
nucleation dynamics and, by extension, in the resulting
gravitational wave signals.

B. Gravitational wave prediction sensitivity on gauge
dependence and gauge-invariant result

We perform further analysis of bubble nucleation and
gravitational wave production using benchmark models in
Table II, with the gauge-fixing parameter ξ chosen from the
range ð−1; 1Þ. The results are shown in Fig. 4. Our analysis
demonstrates that variations in ξ across this parameter

TABLE II. Benchmark models for test of gauge invariance
action up to one-loop order. Here, gx is theUð1Þx gauge coupling,
λx is the Higgs self-coupling, and vx is the vacuum expectation
value, which are free parameters. Tp is the percolation temper-
ature defined by Eq. (E2). Tp=mAx

gives the temperature-mass
ratio. We note that the model labeled * originates from a
supercooled phase transition which remains valid after all the
relevant constraints are satisfied.

Model gx λx vx [GeV] Tp [GeV] Tp=mAx

* 0.58 2.21 × 10−3 0.239 0.01 0.074
a 0.691 4.6 × 10−3 1 0.093 0.13
b 0.400 1 × 10−3 1 0.128 0.32
c 0.145 1 × 10−4 1 0.135 0.93

FIG. 3. A display of effective bounce actions SGDeff defined in Eq. (3.4) in Landau gauge (ξ ¼ 0), along with S0 and S0 þ S1 with
different choices of ξ. From left to right, the models are *, a, b, and c, where the models are defined in Table II.
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range produce power spectrum curves that differ by several
orders of magnitude. The Landau gauge selection typically
employed in most of studies shows substantial differences
from our gauge-invariant findings. These results emphasize
the critical importance of implementing gauge-invariant
approaches in such computations. From Fig. 4, we see that
the spread in predictions due to gauge choice is not uniform
across the spectrum. The gauge dependence is particularly
large in regions where the gravitational wave power is the
highest, i.e., where signals would be the most promising for
detection by pulsar timing arrays or future space-based
interferometers. This implies that the very signals most
relevant for near-future experiments are also the most
vulnerable to spurious gauge effects. Without gauge-
invariant treatment, the predicted amplitude and peak
frequency in these regions could be significantly misesti-
mated, leading to false expectations about their observ-
ability. By contrast, the solid line in Fig. 4 represents the
gauge-invariant result, which eliminates the ξ-dependent
effects and provides a robust prediction.
The impact of gauge dependence on phase transition

dynamics becomes particularly significant in the case of
strongly supercooled transitions. At leading order, the

partial cancellation between ghosts and Goldstone boson
contributions leads to only modest gauge dependence at
next-to-leading order. However, when the potential barrier
is extremely small, as in supercooled cases, even small
gauge-induced variations can dramatically affect the nucle-
ation rate and the resulting gravitational wave signal. This
behavior can be clearly seen in Fig. 4: For the non-
supercooled benchmark models (b and c), the spread due
to gauge choice is minimal, whereas in the supercooled
benchmarks (models * and a), gauge dependence becomes
large. Previous studies such as Ref. [109] have analyzed
theoretical uncertainties including gauge dependence
mainly in the context of general nonsupercooled transitions
where the effect is less pronounced. Our research highlights
that, in the supercooled regime, gauge dependence can lead
to significant error. This underscores the critical necessity
of adopting gauge-invariant methods to obtain reliable
predictions, especially for supercooled phase transitions.

C. Parameter scan for the Uð1Þx extended model

We examine the cosmological phase transition in a
minimal Uð1Þx extension of the Standard Model. The
one-loop finite-temperature effective potential depends
on three parameters:

gx; λx; vx ¼
μxffiffiffiffiffi
λx

p ; ð3:5Þ

We conduct a parameter-space scan over the following
ranges: gx∈ð0.06;0.8Þ, λx∈ð10−5;10−2Þ, and vx ¼ 1 GeV.
For comparison purposes,we apply the scan using thegauge-
dependent effective action and select the Landau gauge
(ξ ¼ 0), which is the gauge choice employed in most other
similar studies. Then, we apply the scan with the gauge-
invariant analysis. The result is shown in Fig. 5. The scans
illustrate how gauge treatment reshapes both the allowed
region in the ðgx; λxÞ plane and the distribution of corre-
sponding gravitational wave spectra. In the top panels,
colored points indicate parameters for which a first-order
transition nucleates and percolates; notably, the envelope and
internal texture of the viable band changewhenmoving from
Landau gauge (ξ ¼ 0) to the gauge-invariant analysis. In
particular, part of the parameter space that appears allowed in
the gauge-dependent case is removed once the gauge-
invariant construction is imposed. The bottompanels convert
these identical parameter values into gravitational wave
power spectra. A notable observation is that the color gradient
additionally demonstrates that numerous phenomenologi-
cally significant points concentrate near Tp=mAx

≤ 1, con-
firming that these transitions take place at comparatively low
temperatures. This indicates that the frequently employed
high-temperature expansion (T=m ≫ 1) may not be appli-
cable in this context, and a low-temperature, gauge-invariant
approach should be implemented instead.
The four panels in Fig. 6 show gauge-invariant

gravitational wave spectra obtained with the same

FIG. 4. Analysis of gravitational wave power spectra for
models *, a, b, and c defined in Table II, which shows variations
in the gravitational wave power spectrum ΩGWh2 on the gauge
parameter ξ across the range ð−1; 1Þ exhibited by the color bands
for each model. The solid line displays the gauge-invariant
solution. The dashed line displays the Landau gauge solution.
Shaded regions represent pulsar timing array signals from
NANOGrav [2], PPTA [4], and EPTA [3], while detection regions
for planned space-based gravitational wave detectors are shown,
including LISA [101–103], BBO [104], Decigo [105], Taiji
[106], TianQin [107], and μAres [108].
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scan ranges in ðgx; λxÞ but different symmetry-breaking
scales vx ¼ f0.1; 1; 10; 100g GeV. Across all choices
of vx, the colored points concentrate near Tp=mAx

≲ 1,
indicating that the relevant transitions occur in a low-

temperature regime. Varying vx primarily reorganizes the
distribution of peak frequencies and amplitudes across
PTA-to-millihertz bands, which falls at different detection
regions.

FIG. 5. Upper left panel: parameter scan within the gx − λx parameter plane, with vx fixed at 1 GeV. It presents results obtained using
gauge-dependent effective action with Landau gauge selection (ξ ¼ 0). Upper right panel: parameter scan within the gx − λx parameter
plane, with vx fixed at 1 GeV. It presents results obtained using gauge-invariant analysis. The color coding along the left vertical axis
indicates the ratio Tp=mAx

for both left and right panels. Lower panels: theoretical predictions for gravitational wave power spectra
ΩGWh2 as a function of the frequency corresponding to the parameter configurations displayed in the upper panels. Each point marks the
peak of the power spectrum.

FIG. 6. Exhibition of the dependence of the gravitational wave power spectrum for four choices for the hidden sector vacuum
expectation value vx, where vx ¼ ð0.1; 1; 10; 100Þ GeV. Aside from using different values of vx in each for the four cases, the same
parameter scan range is chosen using gauge-invariant analysis. Each point marks the peak of the power spectrum. The color coding on
the right vertical axis indicates the ratio Tp=mAx

.
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D. Contributions to the gravitational
wave power spectrum

From Figs. 5 and 6 in the previous section, one may
notice that the peak points of the gravitational wave power
spectra tend to separate into two distinct patterns: one
group characterized by lower frequencies but higher
amplitudes and another with higher frequencies but lower
amplitudes. This difference in patterns arises because the

dominant gravitational wave sources differ between these
two cases. In the first case, the signal is dominated by direct
bubble collisions, while in the second case the sound wave
contribution plays the leading role.
Figure 7 illustrates this behavior explicitly by showing the

relative contributions of different gravitational wave sources
for benchmarkmodel * andmodel a in Table II. For model *,
the spectrum is largely shaped by the bubble collision
component, while the sound wave and turbulence contribu-
tions remain subdominant. In contrast, formodel a, the sound
wave component provides the dominant contribution to the
gravitational wave spectrum, yielding a higher-frequency
peak but with reduced overall amplitude compared to model
*. This finding is consistent with our earlier work [100],
where it was shown that strongly supercooled phase tran-
sitions capable of generating signals within the sensitivity
range of pulsar timing arrays are generally dominated by
bubble-collision-induced gravitational waves. Meanwhile,
scenarios with less supercooling and weaker latent heat tend
to fall into the sound-wave-dominated regime, producing
higher-frequency but comparatively weaker signals.

E. Validation range of the perturbative
gauge-invariant method

As detailed in Appendix D, the gauge-invariant frame-
work adopted in this work is constructed as a perturbative
expansion, whose accuracy is expected to improve in the
weak-coupling limit. In particular, the expansion is for-
mally justified when the gauge coupling gx is small,
ensuring that higher-order corrections to the effective
bounce action remain under control. However, parts of
the parameter space relevant to our study extend into the
regime of comparatively large couplings, gx ∼Oð1Þ. This
raises the question of whether the perturbative construction
continues to provide a quantitatively reliable description in

FIG. 7. Individual gravitational wave source contributions for
two benchmark models (* and (a) defined in Table II. For these
model points, the plots show the relative contribution of bubble
collisions (“col”), sound waves (“sw”), and turbulence (“turb”).
Model * exemplifies a supercooled phase transition dominated by
bubble collisions, while model a illustrates a case where sound
waves dominate.

FIG. 8. Left panel: ratio jS1=S0j at Tp across ðgx; λxÞ with vx ¼ 1 GeV. The phase-transition-completed region satisfies jS1=S0j < 1,
indicating that next-to-leading corrections remain subdominant to the leading bounce action. Right panel: correlation between
gravitational wave spectra and jS1=S0j at vx ¼ 1 GeV. Models yielding the largest gravitational wave peak amplitudes preferentially
exhibit smaller jS1=S0j, showing that perturbative control is strongest in the phenomenologically most relevant regions.
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such regions. To address this, a pragmatic consistency
check is to verify that the next-to-leading correction S1 to
the bounce action remains subdominant relative to the
leading-order term S0 at the percolation temperature.
As shown in Fig. 8, the perturbative expansion is well

controlled across the region in which the phase transition
completes, with jS1=S0j < 1 broadly satisfied. Across the
scanned range of gx, we do not observe a monotonic
decrease toward smaller gx; rather, bands of reduced
jS1=S0j appear at multiple gx values (depending on λx),
indicating that perturbative control is not determined by gx
alone. Even toward moderately strong coupling, gx ∼Oð1Þ,
the ratio remains below unity in the phenomenologically
relevant swath of parameter space, supporting the quanti-
tative reliability of the gauge-invariant perturbative frame-
work. Importantly, the right panel shows that the subset of
models producing the largest gravitational wave power
systematically resides in the lower jS1=S0j region. In other
words, the points of greatest phenomenological interest are
also those for which the perturbative expansion is most
reliable. While the condition jS1=S0j < 1 is not by itself a
strict proof of convergence, it provides a practical and
widely adopted check that higher-order terms remain
subdominant. The combined evidence in Fig. 8, together
with the stability of observables across the explored
parameter space, indicates that the perturbative gauge-
invariant framework remains under good control, particu-
larly in the regions of greatest phenomenological relevance.

F. Monte Carlo analysis and cogenesis constraint

In the end, we run a Monte Carlo analysis with the
same scan range of gx and λx as in Sec. III C, but with vx
extended to the range (0.01,100) GeV. The resulting

parameter points are then subjected to the cogenesis
constraint shown in Fig. 2, which delineates the region
of parameter space consistent with efficient secluded
annihilation of the symmetric dark matter component.
As illustrated in Fig. 9, the cogenesis requirement signifi-
cantly narrows the viable parameter space. In particular,
models that would otherwise reach the detection range of
space-based interferometers such as LISA are excluded
once the annihilation condition is imposed. However, a
subset of models in the lower-frequency, higher-power
region precisely those overlapping the PTA sensitivity
bands remain viable.

FIG. 9. Left panel: exhibition of the parameter space in the (gx − vx plane) allowed by the cogenesis constraint, ensuring adequate
annihilation of the symmetric dark matter component. Blue points represent allowed models, while orange points are excluded. Right
panel: gravitational wave power spectrum ΩGWh2 corresponding to the left panel where the power spectrum is plotted vs the frequency
fðHzÞ and where the experimental reach of several experiments are also shown. It is seen that the blue region has intercept with the
NANOGrav, EPTA, and PPTA data as well as can probe future data in the higher-frequency region.

TABLE III. Benchmark models that accommodate pulsar tim-
ing array signals while satisfying other experimental and cos-
mological constraints. The relic densities of the symmetric
components of X and X0 are computed to be ΩX

symh2 and
ΩX0

symh2 ≪ 10−10. The dark matter abundance is, thus, over-
whelmingly set by the asymmetric components. The BBN
constraints are satisfied as all hidden sector species freeze out
before T ¼ 0.1 GeV.

Model gx λx vx [GeV] mAx
[GeV] Tp [GeV] Tp=mAx

* 0.58 2.21 × 10−3 0.239 0.14 0.01 0.074
1 0.629 3.07 × 10−3 0.186 0.12 0.011 0.094
2 0.684 4.24 × 10−3 0.183 0.13 0.013 0.11
3 0.752 6.01 × 10−3 0.996 0.75 0.064 0.086
4 0.529 1.54 × 10−3 0.565 0.3 0.023 0.076
5 0.597 2.50 × 10−3 0.255 0.15 0.014 0.09
6 0.638 3.24 × 10−3 0.454 0.29 0.027 0.092
7 0.575 2.13 × 10−3 0.643 0.37 0.026 0.071
8 0.541 1.70 × 10−3 0.653 0.35 0.03 0.085
9 0.781 6.91 × 10−3 0.107 0.084 0.01 0.12
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In Table III, we list a series of benchmark models that
explain the observed PTA signals while all relevant
experimental and cosmological constraints are simultane-
ously satisfied, including the relic density requirement,
cogenesis, bounds from BBN, and collider searches. The
gravitational wave power spectrum curves of these models
are also shown in Fig. 10. Thus, the analysis demon-
strates that, while the LISA-accessible region is ruled out
under the cogenesis condition, parameter points capable of
producing PTA-scale signals survive. These surviving
scenarios constitute a phenomenologically consistent and
observationally motivated region of parameter space, offer-
ing a potential explanation for the stochastic gravitational
wave background hinted at in recent PTA observations.

IV. CONCLUSION

In this work, we have presented an extension of the
Standard Model to include a dark sector with aUð1Þx gauge
symmetrywhich includesmatter which isB − L conserving,
which can account of several phenomena outside the realmof
a possible Standard Model explanation. These include the
possibility of explaining baryon asymmetry and observable
gravitational wave power spectrum via a first-order phase
transition in the dark sector. The baryon asymmetry is
generated via cogenesis which also leads to a dark matter
relic density consistent with current data. Thus, in theUð1Þx
extension, out-of-equilibrium decays of heavy Majorana
fermions generate equal and opposite B − L asymmetries
in the visible and in the hidden sectors. Sphaleron inter-
actions partially convert the visible sector lepton asymmetry

into a baryon asymmetry, while the dark sector asymmetry is
deposited in two Dirac fermions, X and X0, yielding an
asymmetric dark matter population. This setup naturally
accounts for the observed similarity between the cosmic
abundances of baryons and dark matter, implying a charac-
teristic dark matter mass mDM ∼OðGeVÞ. The symmetric
component efficiently annihilates through secluded channels
X̄X → AxAx and X0X0 → AxAx, with the dark photon sub-
sequently decaying into Standard Model states, consistent
with existing kinetic mixing constraints. We further use this
framework for analysis of first-order phase transitions and
production of their stochastic gravitational wave back-
grounds. Building on the Metaxas-Weinberg approach, we
constructed a gauge-invariant effective action that controls
bubble nucleation in the low-temperature regime relevant for
observable signals. We demonstrate that gauge-invariant
analysis is relevant for reliable predictions for the gravita-
tional wave backgrounds, since, in general, the gravitational
wave power spectrum is sensitively dependent of the gauge
choice. Our parameter scans reveal broad regions in which
successful cogenesis coincides with supercooled or near-
supercooled transitions (Tp=mAx

≲ 1). In these regions, the
gauge-invariant prediction yields robust gravitational wave
signals, with amplitudes and peak frequencies that can fall
within the reach of pulsar timing arrays experiments and
future space-based interferometers. Taken together, these
results provide correlated targets for multimessenger
searches: gravitational wave observations of first-order phase
transitions, laboratory probes of sub-GeV dark photons with
small kineticmixing, direct detection ofOðGeVÞ asymmetric
darkmatter, and cosmological tests of neutrino properties and
nonunitarity associatedwith the extended fermion sector. The
framework, thus, links otherwise disparate phenomena and
their observability.
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APPENDIX A: THE GENERATION OF BARYON
ASYMMETRY INCLUDING WASHOUT

In the early Universe, the heavy Ni decay generates an
asymmetry in ψ and ϕ, which is subsequently transferred to
both the visible and dark sectors. The corresponding
Lagrangian is given by

FIG. 10. Plots of the gravitational wave power spectrumΩGWh2

as a function of the frequency fðHzÞ for the ten benchmark points
in Table III. All the benchmark curves intercept the observed PTA
signals.
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Lasy ¼ λiN̄iψϕþ λ�i ψ̄Niϕ
�; ðA1Þ

which gives rise to the following decays:

N → ψ þ ϕ; N → ψ̄ þ ϕ̄; ðA2Þ

where we use ψ and ϕ to denote particles and ψ̄ and ϕ̄
antiparticles. We further define

jMN j2 ≡ jMN→ψϕj2 þ jMN→ψ̄ ϕ̄j2 ðA3Þ

and, thus,

jMN→ψϕj2 ¼
ð1þ ϵÞ

2
jMN j2; ðA4Þ

jMN→ψ̄ ϕ̄j2 ¼
ð1 − ϵÞ

2
jMN j2: ðA5Þ

The Boltzmann equation governing the evolution of
N reads

ṅN þ 3HnN ¼ −
Z

dΠpdΠk1dΠk2ð2πÞ4jMN→ψϕj2δ4ðp − k1 − k2Þ½fNðpÞ − fψðk1Þfϕðk2Þ�

−
Z

dΠpdΠk1dΠk2ð2πÞ4jMN→ψ ϕ̄j2δ4ðp − k1 − k2Þ½fNðpÞ − fψ̄ðk1Þfϕ̄ðk2Þ�; ðA6Þ

where the distribution functions are given by

fψ ¼ e−ðEψ−μψ Þ=T; fψ̄ ¼ e−ðEψ̄þμψ Þ=T; ðA7Þ

fϕ ¼ e−ðEϕ−μϕÞ=T; fϕ̄ ¼ e−ðEϕ̄þμϕÞ=T: ðA8Þ

At high temperatures, ψ denotes the fermionic particle
carrying two degrees of freedom, while ϕ denotes the
complex scalar particle carrying one degree of freedom.
Their corresponding antiparticles ψ̄ and ϕ̄ also carry two
and one degree of freedom, respectively. Given that the
decay of N will generate an equal amount of asymmetry in
both ψ and ϕ,

nψ − nψ̄ ¼ nϕ − nϕ̄; ðA9Þ
one thus derives

μψ ¼ μϕ: ðA10Þ

The net ψ and ϕ comoving number densities are expressed
by, respectively,3

YΨ ≡ nψ − nψ̄
s

¼ Yψ − Yψ̄ ¼ 15gψ
4π2g�S

μψ
T

¼ 15

2π2g�S

μψ
T
;

ðA13Þ

YΦ ≡ nϕ − nϕ̄
s

¼ Yϕ − Yϕ̄ ¼ 15gϕ
2π2g�S

μψ
T

¼ 15

2π2g�S

μϕ
T
:

ðA14Þ

Thus, the product fψfϕ can be further expressed by

fψfϕ ¼ e−ðEψþEϕÞ=TeðμψþμϕÞ=T ¼ fEQN e2μψ=T ≈ fEQN

�
1þ 4π2g�S

15
YΨ

�
; ðA15Þ

fψ̄fϕ̄ ¼ e−ðEψþEϕÞ=Te−ðμψþμϕÞ=T ¼ fEQN e−2μψ=T ≈ fEQN

�
1 −

4π2g�S
15

YΨ

�
: ðA16Þ

3We adopt the standard notation for the number density, defined as (þ for fermion and − for bosons)

nEQi ¼ gi
2π2

Z
∞

m
dE

E
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
E2 −m2

p

eðE−μÞ=T � 1
¼ ζð3Þ

π2
giT3 ðbosonsÞ; 3

4

ζð3Þ
π2

giT3 ðfermionsÞ; ðA11Þ

where gi is the degrees of freedom of only the particle i but not the antiparticle of i. For high temperatures (T ≫ m), the net particle
number density is given by

ni − nī ¼
gi
2π2

Z
∞

0

dEE
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
E2 −m2

i

q
f½eðE−μiÞ=T � 1�−1 − ½eðEþμiÞ=T � 1�−1g ≈ giT3c

6

μi
T
; ðA12Þ

where the bar denotes the antiparticle, c ¼ 2 for bosons, and c ¼ 1 for fermions.
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The Boltzmann equation of N then becomes

ṅN þ 3HnN ¼ −
Z

dΠpdΠk1dΠk2ð2πÞ4jMN j2δ4ðp − k1 − k2Þ
	
½fNðpÞ − fEQN ðpÞ� − ϵfEQN ðpÞ × 4π2g�S

15
YΨ




¼ −hΓNiðnN − nEQN Þ þ ϵhΓNinEQN ×
4π2g�S
15

YΨ: ðA17Þ
We now rewrite the above Boltzmann equation in terms of the comoving number density YN as

dYN

dT
¼ 1

TH

	
hΓNiðYN − YEQ

N Þ − ϵhΓNiYEQ
N ×

4π2g�S
15

YΨ



: ðA18Þ

The 2 → 2 scattering processes contributing to the change of N number density are NN ↔ ψ̄ψ and NN ↔ ϕ̄ϕ, and their
corresponding collision terms are derived as follows:

CNN↔ψ̄ψ ¼ −2
Z

dΠp1
dΠp2

dΠk1dΠk2ð2πÞ4
1

2
jMNN→ψ̄ψ j2δ4ðk1 þ k2 − p1 − p2Þ½fNðp1ÞfNðp2Þ − fψðk1Þfψ̄ ðk2Þ�

¼ −2
Z

dΠp1
dΠp2

dΠk1dΠk2ð2πÞ4
1

2
jMNN→ψ̄ψ j2δ4ðk1 þ k2 − p1 − p2Þ½fNðp1ÞfNðp2Þ − fEQN ðp1ÞfEQN ðp2Þ�

¼ −2hσviNN→ψ̄ψðnNnN − nEQN nEQN Þ; ðA19Þ

CNN↔ϕ̄ϕ ¼ −2
Z

dΠp1
dΠp2

dΠk1dΠk2ð2πÞ4
1

2
jMNN→ϕ̄ϕj2δ4ðk1 þ k2 − p1 − p2Þ½fNðp1ÞfNðp2Þ − fϕðk1Þfϕ̄ðk2Þ�

¼ −2
Z

dΠp1
dΠp2

dΠk1dΠk2ð2πÞ4
1

2
jMNN→ϕ̄ϕj2δ4ðk1 þ k2 − p1 − p2Þ½fNðp1ÞfNðp2Þ − fEQN ðp1ÞfEQN ðp2Þ�

¼ −2hσviNN→ϕ̄ϕðnNnN − nEQN nEQN Þ: ðA20Þ
In the above equations, the coefficient −2 in the front indicates that two units of N are annihilated. The factor of 1=2 in front
of the squared amplitude accounts for the avoidance of double counting when integrating over the phase space of the two
identical N particles, which is, however, absorbed into the definition of the cross section σ.
The evolution of the generated net ψ number can be obtained by subtracting the two Boltzmann equations ṅψ þ 3Hnψ

and ṅψ þ 3Hnψ̄ , and we obtain

ṅΨ þ 3HnΨ ¼ ṅψ þ 3Hnψ − ðṅψ þ 3Hnψ̄ Þ
¼ Cψϕ↔N þ Cψ̄ ϕ̄↔N þ Cψψ↔ϕ̄ ϕ̄ þ Cψ̄ ψ̄↔ϕϕ þ Cψϕ↔ψ̄ ϕ̄; ðA21Þ

where the collision terms are

Cψϕ↔N þ Cψ̄ ϕ̄↔N ¼ −
Z

dΠpdΠk1dΠk2ð2πÞ4jMψϕ↔N j2δ4ðp − k1 − k2Þ½fψðk1Þfϕðk2Þ − fNðpÞ�

þ
Z

dΠpdΠk1dΠk2ð2πÞ4jMψ̄ ϕ̄↔N j2δ4ðp − k1 − k2Þ½fψ̄ðk1Þfϕ̄ðk2Þ − fNðpÞ�

¼ −ϵhΓNiðnEQN − nNÞ − hΓNinEQN ×
4π2g�S
15

YΨ ðA22Þ

and

Cψψ↔ϕ̄ ϕ̄þCψ̄ ψ̄↔ϕϕ ¼−2
Z

dΠp1
dΠp2

dΠk1dΠk2ð2πÞ4
1

4
jMψψ→ϕ̄ ϕ̄j2δ4ðk1þ k2−p1 −p2Þ½fψðp1Þfψðp2Þ−fϕ̄ðk1Þfϕ̄ðk2Þ�

þ 2

Z
dΠp1

dΠp2
dΠk1dΠk2ð2πÞ4

1

4
jMψ̄ ψ̄↔ϕϕj2δ4ðk1þ k2−p1−p2Þ½fψ̄ ðp1Þfψ̄ðp2Þ−fϕðk1Þfϕðk2Þ�

¼−2hσviψψ→ϕ̄ ϕ̄n
EQ
ψ nEQψ ×

8π2g�S
15

þ 2hσviψ̄ ψ̄↔ϕϕn
EQ
ψ nEQψ ×

�
−
8π2g�S
15

�

¼−2hσviψψ→ϕ̄ ϕ̄n
EQ
ψ nEQψ ×

16π2g�S
15

; ðA23Þ
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Cψϕ↔ψ̄ ϕ̄ ¼ −
Z

dΠp1
dΠp2

dΠk1dΠk2ð2πÞ4jMψϕ→ψ̄ ϕ̄j2δ4ðk1 þ k2 − p1 − p2Þ½fψðp1Þfϕðp2Þ − fψ̄ðk1Þfϕ̄ðk2Þ�

þ
Z

dΠp1
dΠp2

dΠk1dΠk2ð2πÞ4jMψ̄ ϕ̄→ψϕj2δ4ðk1 þ k2 − p1 − p2Þ½fψ̄ ðp1Þfϕ̄ðp2Þ − fψ ðk1Þfϕðk2Þ�

¼ −hσviψϕ→ψ̄ ϕ̄n
EQ
ψ nEQϕ ×

8π2g�S
15

þ hσviψ̄ ϕ̄→ψϕn
EQ
ψ nEQϕ ×

�
−
8π2g�S
15

�

¼ −hσviψϕ→ψ̄ ϕ̄n
EQ
ψ nEQϕ ×

16π2g�S
15

: ðA24Þ

Combining all the above collision terms, the Boltzmann equation tracking the generation of the asymmetries are written as

dYN

dT
¼ 1

TH̄

�
hΓNiðYN − YEQ

N Þ − ϵhΓNiYEQ
N ×

4π2g�S
15

YΨ

�
þ 2s
TH̄

ðhσviNN→ϕϕ̄ þ hσviNN→ψψ̄ ÞðYNYN − YEQ
N YEQ

N Þ; ðA25Þ

dYΨ

dT
¼ dðnψ−nψ̄s Þ

dT
¼ −

1

TH̄
ϵhΓNiðYN − YEQ

N Þ þ s
TH̄

4π2g�S
15

YΨ

�hΓNi
s

YEQ
N þ 8hσviψψ→ϕ̄ ϕ̄n

EQ
ψ nEQψ þ 4hσviψϕ→ψ̄ ϕ̄n

EQ
ψ nEQϕ

�
:

ðA26Þ

Since N is much heavier than the combined masses of ψ
and ϕ, the thermally averaged cross section hσviψψ→ϕ̄ ϕ̄ and
hσviψϕ→ψ̄ ϕ̄ should be replaced by the real intermediate
state (RIS)-subtracted cross sections, denoted with the
superscript “RIS,” to avoid the double counting the con-
tribution from the on-shell N propagator, as was shown in
Eq. (2.4).
The Boltzmann equation governing the net ϕ number

density YΦ takes the same form as that for YΨ. As a result,

the decay of N generates equal amounts of asymmetry in
both ψ and ϕ, including all washout processes.

APPENDIX B: A SET OF PARAMETERS
GENERATING THE NEUTRINO MIXING

We provide a representative set of parameters that yields
three light neutrinos in agreement with current experimen-
tal observations (including the observed Dirac phase),
where the neutrino mass matrix given by Eq. (2.15) reads

0
BBB@

2.056 × 10−11 0 0 3.198 × 10−5

0 1.361 × 10−11 0 3.805 × 10−4

0 0 2.560 × 10−11 3.314 × 10−4

ð−9.681 − 2.343iÞ × 10−5 ð−1.084þ 3.700iÞ × 10−4 ð−3.168þ 13.23iÞ × 10−5 4.708 × 103

1
CCCA; ðB1Þ

with all elements expressed in units of GeV.

APPENDIX C: Uð1Þx-HYPERCHARGE
KINETIC MIXING

An additional Uð1Þx gauge symmetry can mix with
hypercharge via gauge kinetic terms, induced by, e.g., loop
effects of heavy bifundamental fermions charged under
both Uð1Þx and Uð1ÞY [72]. After integrating out the heavy
states, in low energies one has

Lkin ¼ −
1

4
FYμνF

μν
Y −

1

4
FxμνF

μν
x −

ϵ

2
FxμνF

μν
Y ; ðC1Þ

where ϵ is the kinetic mixing parameter. The kinetic
mixing, thus, provides a portal that connects the Uð1Þx
dark sector to the Standard Model. After simultaneously
diagonalizing the kinetic and mass mixing matrices, in the
mass eigenbasis the dark photon couples to the Standard
Model fermions.
The neutral current couplings of Ax and Z to the SM

fermions fi and to the dark matter fields X and X0 can be
written as [74]

−LAx;Z ¼ 1

2
f̄iγμ½ðv0i − a0iγ

5ÞfiAμ
x þ ðvi − aiγ5ÞfiZμ�

þ gxðR11A
μ
x þ R13ZμÞðX̄γμX − X0γμX0Þ; ðC2Þ
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where

vi ¼ ðg2R33 − gYR23ÞT3
i þ 2gYR23Qi; ðC3Þ

ai ¼ ðg2R33 − gYR23ÞT3
i ; ðC4Þ

v0i ¼ ðg2R31 − gYR21ÞT3
i þ 2gYR21Qi; ðC5Þ

a0i ¼ ðg2R31 − gYR21ÞT3
i ; ðC6Þ

gY , g2, and gx are the hypercharge and weak and dark gauge couplings, respectively, and the rotation matrix is given by

R ¼

0
B@

cδ cosψ 0 cδ sinψ

−sδ cosψ þ sinψ sin θW cos θW −sδ sinψ − cosψ sin θW
− sinψ cos θW sin θW cosψ cos θW

1
CA: ðC7Þ

After mixing, the photon couplings to Standard Model
fermions remain unchanged, and the photon does not
couple to the dark matter fields.
In the literature, constraints on the kinetic mixing

parameter ϵ is obtained from a simplified model that the
dark photon mixed directly with the photon field. The
experimental constraints on the Uð1Þx-hypercharge kinetic
mixing is obtained by the relation [76,110]

ϵ ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
g22 þ g2Y

p
g2

ϵ ðC8Þ

and are shown in Fig. 11. In this paper, we focus on
Oð1Þ GeV dark matter annihilating into dark photons with
masses in the sub-GeV toOð1Þ GeV range. Accordingly, we
consider two representative values for the kinetic mixing
parameter, ϵ ¼ 10−4 and ϵ ¼ 10−9, which are shown as black
lines within the allowed regions in Fig. 11.

APPENDIX D: GAUGE-INVARIANT EFFECTIVE
ACTION FOR FIRST-ORDER PHASE

TRANSITION

1. Generating functional and effective
potential or action

We start with the generating functional and connected
Green’s functions with J to be the source, ϕ to be the scale
field, and L to be Eq. (2.1), and then

Z½J� ¼
Z

Dϕ exp

�
i
Z

d4xðLþ JϕÞ
�
;

W½J� ¼ −i lnZ½J�: ðD1Þ
The effective action or potential is obtained through the
Legendre transform of W½J� that

Γ½ϕc� ¼ W½J� −
Z

d4xJðxÞϕcðxÞ; ϕcðxÞ ¼
∂W½J�
∂J

:

ðD2Þ
Write it as the expansion in powers of a scalar field:

SeffðϕcÞ ¼ ΓðϕcÞ ¼
X∞
n¼0

1

n!

Z
d4x1 � � � d4xnΓnðx1;…; xnÞ

× ϕcðx1Þ � � �ϕcðxnÞ; ðD3Þ

FIG. 11. Experimental constraints for the kinetic mixing
parameter ϵ given in Eqs. (C1) and (C8), for the mass of the
dark Uð1Þx gauge boson Ax ranging from 1 MeV to 10 GeV. For
all benchmark points, the kinetic mixing parameters ϵ ¼ 10−4

and ϵ ¼ 10−9, shown as black lines, are consistent with current
experimental constraints. Constraints on the kinetic mixing
parameter ϵ are shown in the shaded regions, including bounds
from SN1987A [111], E137 [112–114], CHARM [115], ν-Cal
[116,117], E141 [118], ðg − 2Þe [119], NA64(e) [120], and others
(A1 [121], BABAR [122], NA48/2 [123], KLOE [124–127],
LHCb [128], and CMS [129]).
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where Γn are n-point 1PI Green’s functions. Following [130,131], we take Fourier transformation on the classic background
field ϕc and Green’s function

ϕcðxÞ ¼
Z

d4p
ð2πÞ4 ϕ̄ðpÞe

ipx; ΓnðxiÞ ¼
Z Yn

i¼1

d4pi

ð2πÞ4 e
ipixið2πÞ4δ4

�X
i

pi

�
ΓnðpiÞ: ðD4Þ

Then, our effective action will be

Seffðϕ̄Þ ¼
X∞
n¼1

1

n!

Z Yn
i¼1

d4pi

ð2πÞ4 ϕ̄ð−piÞð2πÞ4δ4
�X

i

pi

�
ΓnðpiÞ

¼
X∞
n¼1

1

n!

Z Yn
i¼1

d4pi

ð2πÞ4 ϕ̄ð−piÞjpi¼0ð2πÞ4δ4ð0ÞΓnðpiÞjpi¼0 þ
1

2

Z
d4p
ð2πÞ4

∂Γ2ðp2Þ
∂p2

����
p2¼0

p2ϕ̄ð−pÞϕ̄ðpÞ þ � � � ; ðD5Þ

where the first term represents the zero-order derivative expansion and the second term represents the leading term of the
first-order expansion. Let us define the quantity

Z ¼ −
∂Γ2ðp2Þ
∂p2

����
p2¼0

: ðD6Þ

Upon applying the Fourier transformation again, we obtain

SeffðϕcÞ ¼
Z

d4x
X∞
n¼0

ð2πÞ4
n!

ϕn
cðxÞΓnðpÞjp¼0 þ

ZðϕcÞ
2

Z
d4x∂μϕc∂

μϕc

¼
Z

d4x

�
VeffðϕcÞ þ

ZðϕcÞ
2

∂μϕc∂
μϕc

�
: ðD7Þ

2. Gauge-invariant effective action using
the derivative expansion

Here, we follow the method by Metaxas and Weinberg
[88,90] to get a gauge-independent effective bounce action.
According to Nielsen identity, which is directly from
Becchi-Rouet-Stora-Tyupin invariance of effective action,
we have

ξ
∂Seff
∂ξ

¼ −
Z

d4xCðxÞ δSeff
δϕðxÞ ; ðD8Þ

CðxÞ ¼ −
ie
2

Z
d4yhc̄ðxÞGðxÞcðyÞ½∂μAμðyÞ − gxξϕ̄GðyÞ�i:

ðD9Þ
Performing gradient expansion on Seff at finite temperature,
CðxÞ and δSeff=δϕ, we get

Seff ¼ β

Z
d3x

�
VeffðϕÞ þ

1

2
ZðϕÞð∂μϕÞ2 þ � � �

�
; ðD10Þ

CðxÞ ¼ C0ðϕÞ þDðϕÞð∂μϕÞ2 þ � � � ; ðD11Þ
δSeff
δϕ

¼ ∂Veff

∂ϕ
þ 1

2

∂Z
∂ϕ

ð∂μϕÞ2 − ∂μ½ZðϕÞ∂μϕ� þ � � � ; ðD12Þ

where β ¼ 1=T. By expanding VeffðϕÞ and ZðϕÞ in power
series of coupling constant gx,

Veff ¼ Vg4x þ Vg6x þ � � � ; ðD13Þ

Z ¼ 1þ Zg2x þ � � � : ðD14Þ

Nielsen identity for effective action Eq. (D8) turns into the
following form for leading and subleading contributions:

ξ
∂Vg4x

∂ξ
¼ 0; ðD15Þ

ξ
∂Vg6x

∂ξ
¼ −Cg2x

∂Vg4x

∂ϕ
; ðD16Þ

ξ
∂Zg2x

∂ξ
¼ −2

∂Cg2x

∂ϕ
: ðD17Þ

Meanwhile, we have the leading- and subleading-order
terms of effective action to be

Seff ¼ S0 þ S1; ðD18Þ

S0 ¼ β

Z
d3x

�
1

2
ð∂μϕbÞ2 þ Vg4xðϕbÞ

�
; ðD19Þ
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S1 ¼ β

Z
d3x

�
1

2
Zg2xðϕb; ξÞð∂μϕbÞ2 þ Vg6xðϕb; ξÞ

�
; ðD20Þ

where ϕbðxÞ is a bounce solution for the leading approxi-
mation to the effective action given by

□ϕb ¼
∂Vg4x

∂ϕ
: ðD21Þ

By Eq. (D15), we directly have S0 to be gauge independent.
For S1, we have

ξ
∂S1
∂ξ

¼ ξ
∂

∂ξ
β

Z
d3x

�
1

2
Zg2xðϕbÞð∂μϕbÞ2 þ Vg6xðϕbÞ

�

¼ β

Z
d3x

�
Cg2x

∂Vg4x

∂ϕ
þ ∂Cg2x

∂ϕ
ð∂μϕbÞ2

�

¼ β

Z
d3x

�
Cg2x

∂Vg4x

∂ϕ
þ ð∂μCg2xÞð∂μϕbÞ

�

¼ β

Z
d3xCg2x

�
∂Vg4x

∂ϕ
−□ϕb

�

¼ 0: ðD22Þ

Thus, S1 is also gauge independent.

3. Gauge-dependent effective potential

Before discussion of how to generate a gauge-invariant
effective action, we introduce the gauge-dependent effec-
tive potential which provides the starting point for further
analysis. We begin by exhibiting the gauge dependence of
the effective potential in Rξ gauge fixing [132]. According
to Eq. (2.1), the part involved in gravitational wave
generation is

ΔL ¼ −
1

4
FμνFμν −

δ

2
FμνBμν − jð∂μ − igxAμÞΦj2 − Vx

0ðΦÞ;
ðD23Þ

where

Vx
0 ¼ −μ2xΦΦ� þ λxðΦ�ΦÞ2; Φ ¼ 1ffiffiffi

2
p ðϕc þ ϕþ iGÞ:

ðD24Þ

By expanding the covariant derivative term, we have that

jð∂μ − igxAμÞΦj2 ¼ 1

2
ð∂μϕÞ2 þ

1

2
ð∂μGÞ2 þ

1

2
g2xϕ2

cAμAμ

þ gxϕcAμ
∂μGþOðcubicÞ: ðD25Þ

The last term gxϕcAμ
∂μG gives the mixing. In order to

cancel this mixing and fix the gauge, we introduce Rξ

gauge that

Lgf ¼ −
1

2ξ
F2; ðD26Þ

where

F ¼ ∂μAμ − ξgAϕcG: ðD27Þ

Expanding it gives us

Lgf ¼ −
1

2ξ
ð∂μAμ − ξgxvGÞ2

¼ −
1

2ξ
ð∂μAμÞ2 þ gxϕcG∂μAμ −

1

2
ξg2xϕ2

cG2: ðD28Þ

Here, gxϕcG∂μAμ cancel out gxϕcAμ
∂μG in Eq. (D25)

with integral by parts. Beside this, we also have ghost
Lagrangian

Lgh ¼ c̄ð−∂2− ξg2xv2Þcþ gfabcð∂μc†aÞcbAc
μþ �� � : ðD29Þ

Adding all Lagrangians together, we have the expanded
form to be

ΔLþ Lgf þ Lgh

¼ 1

2
Aμ½ð∂2gμν − ð1 − 1=ξÞ∂μ∂νÞ þm2

Ax
gμν�Aν

þ 1

2
ϕð−∂2 −m2

ϕÞϕþ 1

2
Gð−∂2 −m2

G − ξm2
Ax
ÞG

þ c̄ð−∂2 − ξm2
Ax
Þcþ � � � ; ðD30Þ

where we have field-dependent masses to be

m2
Ax

¼ g2xϕ2
c; m2

ϕ ¼ −μ2x þ 3λxϕ
2
c; m2

G ¼ −μ2x þ λxϕ
2
c:

ðD31Þ

At one loop, we have the Coleman-Weinberg correction
to be

VCWðϕc;ξÞ¼
1

4ð4πÞ2
	
ðm2

ϕÞ2
�
ln

�
m2

ϕ

Λ2

�
−
3

2

�

þ3ðm2
Ax
Þ2
�
ln

�
m2

Ax

Λ2

�
−
5

6

�

þ 1

4ð4πÞ2 ðm
2
Gþξm2

Ax
Þ2
�
ln

�
m2

Gþξm2
Ax

Λ2

�
−
3

2

�

−
1

4ð4πÞ2 ðξm
2
Ax
Þ2
�
ln

�
ξm2

Ax

Λ2

�
−
3

2

�

: ðD32Þ

In this paper, we take on-shell-like schemes, which means
renormalization conditions are defined such that the single
and double derivatives of the one-loop effective potential
vanish, i.e.,
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∂

∂ϕ
ðVCW þ VCTÞ

���
ϕ¼v0

¼ 0; ðD33Þ

∂
2

∂ϕ2
ðVCW þ VCTÞ

���
ϕ¼v0

¼ 0: ðD34Þ

By resolving these two equations, we can then determine
the counterterms δμ2x and δλx so that

VCTðϕc; ξÞ ¼
δμ2x
2

ϕ2
c þ

δλh
4

ϕ4
c: ðD35Þ

Also, we have the finite-temperature correction to be

VTðϕc;T;ξÞ ¼
T4

2π2

�
JB

�
m2

ϕ

T2

�
þ 3JB

�
m2

Ax

T2

�

þ JB

�
m2

Gþ ξm2
Ax

T2

�
− JB

�
ξm2

Ax

T2

��
: ðD36Þ

The one-loop corrections given above are unambiguous
and well established. However, for Vdaisy corrections, a
further detailed discussion is required. Infrared divergen-
ces appear at high temperatures and break down finite-
temperature perturbation theory. To resolve this problem,
daisy resummation is applied. Using the Arnold-Espinosa
approach, which employs a high-temperature approxima-
tion, we have

Vdaisyðϕ; TÞ ¼ −
T
12

X
B

½ðm2
B þ ΠBÞ3=2 − ðm2

BÞ3=2�; ðD37Þ

where for the Uð1Þx model we have

ΠAðTÞ ¼
2

3
g2xT2; ΠϕðTÞ ¼

1

4
g2xT2 þ 1

3
λxT2;

ΠGðTÞ ¼
1

4
λxT2: ðD38Þ

The significance of daisy resummation emerges in the high-
temperature regime where T ≫ m, as it captures essential
infrared effects within the finite-temperature field theory
framework. In scenarios characterized by supercooled or
near-supercooled conditions, where the temperature sat-
isfies T ≤ m, the contribution of daisy resummation to the
effective potential becomes negligible. Consequently, we
adopt the approximation of neglecting this term throughout
the present analysis for computational simplicity [130,133].
For a more rigorous treatment of finite-temperature mass
resummation in the low-temperature regime, we refer the
reader to the comprehensive methodologies of “full dress-
ing” and “partial dressing” as detailed in Refs. [20,134]. All
together, we have

Veffðϕc; T; ξÞ ¼ V0ðϕcÞ þ VCWðϕc; ξÞ þ VCTðϕc; ξÞ
þ VTðϕc; T; ξÞ: ðD39Þ

4. Gauge-invariant effective action for the Uð1Þx
sector at low temperature

We proceed to implement the gauge invariance analysis
within the framework of our Uð1Þ extension model. This
approach follows methodologies analogous to those
employed in previous investigations of gauge-invariant
formulations for Uð1Þ extension models, wherein the
effective potential incorporates contributions from both
tree-level diagrams and Coleman-Weinberg radiative cor-
rections [90]. To extend this theoretical framework to the
present investigation, we must incorporate temperature-
dependent corrections into our analysis. Previous inves-
tigations have established the requisite formalism for the
high-temperature approximation regime, characterized by
the condition m=T ≪ 1 [91,92]. However, the supercooled
and near-supercooled phase transitions that may account
for gravitational wave signals detectable by next-generation
instruments operate in a regime where the high-temperature
approximation fails (see Sec. III C). Specifically, these
phenomena require consideration of the low-temperature
regime where m=T > 1. As demonstrated in our preceding
analysis, daisy summation corrections become negligible in
the low-temperature limit and may, therefore, be omitted
from the gauge-invariant treatment. This represents a
fundamental departure from the methodologies employed
in Refs. [91,92], wherein such corrections constitute
the dominant contribution to the effective potential.
Consequently, a novel analytical approach tailored to the
low-temperature regime is required.
To ensure the validity of our gauge invariance analysis,

we first clarify the definitions of the ξ-independent term Vg4x

and the ξ-dependent term Vξ
g6x
. We impose the conditions

that λx þ δλx ∼ g4x and μ2x þ δμ2x ∼ g4xhϕci2, where hϕci is
the vacuum expectation value. Since we are working in the
on-shell scheme, we have hϕci ∼ v0. It is important to note
that, for certain choices of gx and λx, the relation λx ∼ g4x
may not strictly hold; however, the inclusion of counter-
terms ensures that the power counting remains consistent.
Under these conditions, the tree-level potential with coun-
terterms maintains order g4x and exhibits ξ independence.
From Eq. (D32), we observe that the correction attributable
to the dark photon scales as m4

Ax
∼ g4xhϕci4, while the

correction arising from the dark Higgs scales as m4
ϕ ∼

λ2x ∼ g8xhϕci4, which is, thus, negligible. Regarding the
remaining two ξ-dependent correction terms, we note that

Vξ
cw ¼ Xðm2

G þ ξm2
Ax
Þ − Xðξm2

Ax
Þ;

Xðm2Þ ¼ 1

4ð4πÞ2 ½m
2�2

�
ln

�
m2

Λ2

�
−
3

2

�
: ðD40Þ
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In the regime where ξm2
Ax

≪ m2
G, we obtain Vξ

cw ∼
Xðm2

GÞ ∼m2
G ∼ g8x, where m2

G ∼ g4xϕ2. This contribution
is, therefore, negligible within our leading- and sublead-
ing-order analysis. Conversely, in the alternative regime,
we have

Vξ
cw ¼ Xðm2

G þ ξm2
Ax
Þ − Xðξm2

Ax
Þ ≃m2

GX
0ðξm2

Ax
Þ

∝ m2
Gm

2
Ax

∼Oðg6xÞ: ðD41Þ

Thus, this ξ-dependent term exhibits the anticipated scaling
of order g6x. In this study, we examine the low-temperature
regime characterized by m=T > 1. We begin by analyzing
two distinct cases based on the scaling of temperature
relative to the scalar field expectation value ϕ and the gauge
coupling gx.

a. Case 1: T ∼ gxϕ

This corresponds to the limiting condition m=T ∼ 1.
Under this condition, the ξ-independent thermal correction

term, which includes contributions from both the dark
Higgs ϕ and dark photon A, scales as

VT ∼ T4 ∼ g4xϕ4; ðD42Þ

which is of the order of Oðg4xÞ and contributes to the
leading-order potential. The gauge-dependent component
can be written as

Vξ
T ¼ T4

2π2

�
JB

�
m2

G þ ξm2
Ax

T2

�
− JB

�
ξm2

Ax

T2

��

≃
T4

2π2
m2

G

T2

�
J0B

�
ξm2

Ax

T2

��
∼ T2m2

G ∼ ðgxϕÞ2ðg4xϕ2Þ

∼Oðg6xÞ; ðD43Þ

contributing to the subleading potential as expected.
Combining these results, we define our leading and
subleading potentials as

Vg4xðϕ; TÞ ¼ −
μ2x þ δμ2x

2
ϕ2 þ λþ δλ

4
ϕ4 þ 3mAx

ðϕÞ4
64π2

�
ln

�
m2

Ax

Λ2

�
−
5

6

�
þ T4

2π2

�
JB

�
m2

ϕ

T2

�
þ 3JB

�
m2

Ax

T2

��
; ðD44Þ

Vg6xðϕ; ξ; TÞ ¼
ðm2

G þ ξm2
Ax
Þ2

64π2

�
ln

�
m2

G þ ξm2
Ax

Λ2

�
−
3

2

�
−
ξ2m4

Ax

64π2

�
ln

�
ξm2

Ax

Λ2

�
−
3

2

�
þ T4

2π2

�
JB

�
m2

G þ ξm2
Ax

T2

�
− JB

�
ξm2

Ax

T2

��
:

ðD45Þ

b. Case 2: T ≪ gxϕ

This corresponds to the very low-temperature or strongly
supercooled regime, where m=T ≫ 1. In this limit, all
temperature-dependent corrections, including the thermal
potential and daisy resummation, are exponentially sup-
pressed by Boltzmann factors of the form e−m=T . These
contributions are, therefore, negligible to all relevant orders
of perturbation theory. The effective potential reduces to the
zero-temperature Coleman-Weinberg potential, and our
analysis simplifies to the treatment presented in [90].
As in [90], three key modifications are required to ensure

the gauge invariance of the effective action. In the low-
temperature regime, these modifications are slightly differ-
ent, and we will now discuss each of them in detail.

(i) First, we use the bounce solution derived from the
leading-order potential for the calculation of both S0
and S1. In the supercooled regime (case 2), the
bounce solution is highly sensitive to thermal
corrections, even though they are suppressed and
do not contribute to the leading-order potential
(Vg4x ). Therefore, we always include the leading
temperature correction term when solving for the

bounce solution with Eq. (D21); i.e., Eq. (D44) will
be used for both cases. The leading temperature
correction is ξ independent and, thus, we make sure
Eq. (D15) is satisfied.

(ii) Second, we use the dressed Goldstone boson mass,
which is defined as

m2
G ¼ 1

ϕ

∂Vg4x

∂ϕ
; ðD46Þ

instead of the expression in Eq. (D31). This ensures
that the Nielsen identity [Eq. (D16)] is satisfied,
preserving gauge invariance. This was verified at
zero temperature in [90]. The generalization to finite
temperature is straightforward, requiring the
replacement of the zero-temperature four-momen-
tum integral with the Matsubara sum integral:

Z
d4p
ð2πÞ4 → T

X
n∈Z

Z
d3p
ð2πÞ3 ; ωn ≡ 2πnT:

ðD47Þ
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Define EG0 ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
p2 þm2

G0

q
and EFP ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
p2 þm2

FP

p
with the finite-temperature ghost and dressed Gold-
stone masses

m2
FP ¼ 2ξg2xϕ2; m2

G0 ¼ 1

ϕ

∂Vg4xðϕ; TÞ
∂ϕ

þ 2ξg2xϕ2:

ðD48Þ
The one-loop ghost-Goldstone sector then gives

CT
g2x
ðϕ; TÞ ¼ −g2xξϕ2T

X
n∈Z

Z
d3p
ð2πÞ3

×
1

ðω2
n þ E2

G0 Þðω2
n þ E2

FPÞ
: ðD49Þ

The ξ-dependent part of the finite-temperature cor-
rection in Vg6x is the difference between the Gold-
stone and ghost determinants:

Vξ;T
g6x
ðϕ; TÞ ¼ T

2

X
n∈Z

Z
d3p
ð2πÞ3

× ½lnðω2
n þ E2

G0 Þ − lnðω2
n þ E2

FPÞ�:
ðD50Þ

Differentiating Eq. (D50) with respect to ξ and using
∂ξm2

G0 ¼ ∂ξm2
FP ¼ 2g2xϕ2 gives

ξ
∂Vξ;T

g6x
ðϕ;TÞ
∂ξ

¼−ξg2xϕ2T
X
n

Z
d3p
ð2πÞ3

×

�
1

ω2
nþE2

FP
−

1

ω2
nþE2

G0

�
: ðD51Þ

Using the relation 1
A −

1
B ¼ B−A

AB with

B − A ¼ m2
G0 −m2

FP ¼
1

ϕ

∂Vg4xðϕ; TÞ
∂ϕ

ðD52Þ

and identifying the sum integral defining CT
g2x
ðϕ; TÞ

leads to

ξ
∂Vξ;T

g6x
ðϕ; TÞ
∂ξ

¼ −CT
g2x
ðϕ; TÞ ∂Vg4xðϕ; TÞ

∂ϕ
; ðD53Þ

which is the thermal analog of the zero-temperature
identity.

(iii) Third, we calculate the normalization factor Zðϕ; ξÞ
and its perturbative expansion. This quantity is
determined through the relation

Z ¼ −
∂Γ2ðp2Þ
∂p2

����
p2¼0

; ðD54Þ

where Γ denotes the one-particle-irreducible (1PI)
Green’s function, which is evaluated from the sum of
one-particle-irreducible diagrams. We should expect
that

ZðϕÞ ¼ 1þ Zg2xðϕ; T ¼ 0Þ þ δZg2xðϕ; TÞ þOðg4xÞ;
ðD55Þ

where the zero-temperature factor Zg2xðϕ; T ¼ 0Þ has
been provided in [90]:

Zg2xðϕ; T ¼ 0Þ ¼ g2x
16π2

�
ξ ln

�
g2xϕ2ξ

Λ2

�

þ 3 ln

�
g2xϕ2

Λ2

�
þ ξ

�
: ðD56Þ

For the leading thermal correction δZg2xðϕ; TÞ, one
must again reevaluate these loop diagrams using the
Matsubara formalism following [89]. In the low-
temperature regime considered here, these correc-
tions take the general form of a sum over the particle
species, with each term proportional to a Boltzmann
suppression factor e−m=T and, therefore, do not
contribute to the subleading-order term Zg2x .

APPENDIX E: FIRST-ORDER PHASE
TRANSITIONS, HYDRODYNAMICS,

AND GRAVITATIONAL WAVE DETAILS

1. Percolation temperature

As established in the literature [135–138], the percola-
tion temperature Tp serves as the characteristic temperature
scale relevant for gravitational wave generation during
phase transitions. The quantity Tp represents the hidden
sector temperature at which 71% of the Universe volume
remains in the false vacuum state and is determined by the
condition

PfðTpÞ ¼ 0.71; ðE1Þ

PfðTÞ ¼ exp

�
−
4π

3
v3w

Z
Tc

T
dT 0 ΓðT 0Þ

T 04HðT 0Þ

×

�Z
T 0

T
dT 00 1

HðT 00Þ
�

3
�
; ðE2Þ

ΓðTÞ ≃ T4

�
SeffðTÞ
2πT

�
3=2

e−SeffðTÞ=T; ðE3Þ

where SeffðTÞ denotes the three-dimensional gauge-invari-
ant effective action calculated in the previous section, Tc is
the critical temperature, vw represents the bubble wall
velocity, and H is the Hubble parameter.
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2. Transition strength

Two primary types of transition strength parameters are
defined, as described in [139,140]:

αtot ¼
Δθ̄ðTh;pÞ

ρvradðTpÞ þ ρhradðTpÞ
; ðE4Þ

αh ¼
Δθ̄ðTpÞ
ρhradðTpÞ

: ðE5Þ

The quantity Δθ̄ represents the vacuum energy released
during the phase transition [141,142] and is expressed as

Δθ̄ðThÞ ¼ θ̄fðThÞ − θ̄tðThÞ; ðE6Þ

θ̄iðThÞ ¼
1

4

�
ρhi −

ph
i ðThÞ

c2s;tðThÞ
�
; ðE7Þ

where

ph
i ðϕi; ThÞ ¼

π2

90
gheffðThÞT4

h − Vh
effðϕi; ThÞ; ðE8Þ

ρhi ðϕi; ThÞ ¼ Th
∂ph

i

∂Th
− ph

i ; ðE9Þ

c2s;tðThÞ ¼
∂ph

t

∂ρht
¼ ∂ph

t =∂Th

∂ρht =∂Th
; ðE10Þ

where gheff is the effective degrees of freedom of the hidden
sector. The subscripts “f” and “t” denote the false vacuum
state and the true vacuum state, respectively. The parameter
αtot is utilized in gravitational wave power spectrum
calculations, while αh is employed in fluid dynamics
calculations for the hidden sector to determine the effi-
ciency parameter κ and the bubble wall velocity vw.

3. Transition rate

The mean bubble separation distance R� is used to
characterize the transition rate instead of action derivative
dSeff=d logTjTp

, which does not provide a good approxi-
mation for supercooled phase transitions [100]. The value of
R� is calculated from the bubble number density according to

R�ðThÞ ¼ ½nBðThÞ�−1
3 ¼

�
T3
h

Z
Th;c

Th

dT 0
h

ΓðT 0
hÞPfðT 0

hÞ
T 04
h HðT 0

hÞ
�−1

3

:

ðE11Þ
The transition rate parameter is then defined in relation to this
quantity as

β

H�
¼ ð8πÞ1=3vw

R�H�
: ðE12Þ

4. Reheating temperature

After bubble percolation, the vacuum energy released
during the phase transition is converted into radiation,
reheating the plasma. The reheating occurs primarily in the
hidden sector where the phase transition takes place.
Following [100], assuming reheating completes instanta-
neously around the time of percolation, energy conserva-
tion in the hidden sector gives

ρhradðTh;rehÞ ≃ ρhradðTh;pÞ þ ρvacðTh;pÞ; ðE13Þ

where ρhrad ¼ ðπ2=30ÞgheffT4
h is the hidden sector radiation

energy density and ρvac is the vacuum energy density
released during the transition. Using the definition of the
hidden sector transition strength αh [Eq. (E5)], the hidden
sector reheating temperature is

Th;reh ¼ ð1þ αhÞ1=4
�
gheffðTh;pÞ
gheffðTh;rehÞ

�
1=4

Th;p: ðE14Þ

For strong phase transitions with αh ≫ 1, reheating
significantly increases the hidden sector temperature:
Th;reh ≫ Th;p.
Although the hidden sector is in thermal equilibrium

with the visible sector before the phase transition
(Th ¼ Tv), the phase transition completes on a timescale
much shorter than the heat transfer timescale between
sectors. Consequently, the vacuum energy is initially
deposited entirely in the hidden sector, and the visible
sector temperature remains essentially unchanged during
reheating: Tv;reh ≃ Tv;p.

5. Redshift factors for gravitational wave spectrum

The gravitational wave spectrum produced at the phase
transition must be redshifted to the present day. Following
[100], the frequency and amplitude redshift factors are
defined as

Rf ≡ a�
a0

¼
�

h0eff
heffðTh;rehÞ

�
1=3 T0

Tv;reh
; ðE15Þ

RΩ ≡
�
a�
a0

�
4
�
H�
H0

�
2

≃ 2.473 × 10−5h−2
�

h0eff
heffðTh;rehÞ

�
4=3 geffðTh;rehÞ

2
;

ðE16Þ

where T0 ¼ 2.35 × 10−13 GeV is the present cosmic
microwave background temperature and h0eff ≃ 3.91 is
the current effective entropy degrees of freedom. The
effective degrees of freedom account for contributions
from both sectors, weighted by the temperature ratio
ξreh ≡ Th;reh=Tv;reh:
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geffðTh;rehÞ ¼ gheffðTh;rehÞ þ ξ−4rehg
v
effðTv;rehÞ; ðE17Þ

heffðTh;rehÞ ¼ hheffðTh;rehÞ þ ξ−3rehh
v
effðTv;rehÞ; ðE18Þ

where the superscripts v and h denote the visible and
hidden sector contributions, respectively.

6. Hydrodynamics: Efficiency factor
and bubble wall velocity

The efficiency factor κ quantifies the fraction of vacuum
energy converted into bulk kinetic energy of the plasma
[141–147]. In this paper, we follow the calculation in
[141,142] to get κðc2s;f; c2s;t; α; vwÞ. Following [100], we use
the hidden sector transition strength αh [Eq. (E5)] to
determine the hydrodynamic properties. The bubble expan-
sion proceeds in two regimes distinguished by αh;∞, the
critical parameter characterizing maximum plasma friction
on the bubble wall.

a. Nonrunaway regime (αh < αh;∞)

The bubble wall reaches a terminal velocity vw < 1. The
efficiency factors are

κcol ≃ 0; κf ≃ κðc2s;f; c2s;t; αh; vJÞ; ðE19Þ

where the Chapman-Jouguet velocity is [14,144]

vJ ¼
cs;f

�
1þ

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
3αhð1þ c2s;fαhÞ

q �
1þ 3c2s;fαh

; ðE20Þ

with cs;f=cs;t the speed of sound in the false or true vacuum.

b. Runaway regime (αh > αh;∞)

The bubble wall accelerates toward vw → 1, with most
vacuum energy going into the wall. The efficiency factors
are [143,147]

κcol ≃ 1 −
αh;∞
αh

; κf ≃
αh;∞
αh

κðc2s;f; c2s;t; αh;inf ; 1Þ; ðE21Þ

for bubble collisions and plasma motion, respectively.
The bubble collision contribution becomes the dominant

source of gravitational waves when αh ≫ αh;∞, which leads
to κcol ≫ κf. The critical parameter αh;∞ characterizing
maximum plasma friction is determined by the mass
spectrum of particles coupling to the bubble wall [143]:

αh;∞ ¼ T2
p

ρradðTpÞ
� X

i¼boson

ni
Δm2

i

24
þ

X
i¼fermion

ni
Δm2

i

48

�
;

ðE22Þ
where ni counts the degrees of freedom and Δm2

i is the
change in the squared mass across the phase transition.

In our hidden sector model, only two bosons participate
in the phase transition: the dark photon and the dark scalar.
Since both have small, sub-GeV masses, the value of
αh;∞ remains relatively small. Consequently, the collision-
dominated condition αh ≫ αh;∞ is readily satisfied with
moderate values of αh ∼ 101–103, without requiring
extreme supercooling. This contrasts with the classically
conformal Uð1ÞB−L models studied in Refs. [147,148],
where the phase transition involves Standard Model par-
ticles and additional TeV-scale bosons.

7. Details of the gravitational wave power spectrum

The total gravitational wave power spectrum produced
by a first-order phase transition receives contributions from
three distinct sources—bubble wall collisions, sound waves
in the plasma, and turbulence [136,137,149–153]:

ΩGWh2 ¼ Ωcolh2 þ Ωswh2 þ Ωturbh2: ðE23Þ

Following [136], the redshifted spectra are expressed in
terms of the mean bubble separation R� and the kinetic
energy fraction K ¼ κfαtot=ð1þ αtotÞ.

a. Bubble collision contribution

For runaway bubble walls, the contribution from bubble
collisions is [136,154]

ΩcolðfÞ ¼ RΩA

�
H�R�

ð8πÞ1=3vw

�
2

κ2col

�
αtot

1þ αtot

�
2

ScolðfÞ;

ðE24Þ

where A ¼ 0.049 and the spectral shape is a broken power
law:

ScolðfÞ ¼
ðaþ bÞc

½bðf=fcolÞ−a=c þ aðf=fcolÞb=c�c
; ðE25Þ

with spectral indices ða; b; cÞ ¼ ð2.4; 2.3; 2.0Þ and peak
frequency fcol ¼ Rf · 0.77ð8πÞ1=3vw=ð2πR�Þ.

b. Sound wave contribution

The sound shell model gives [136,152]

h2ΩswðfÞ ¼ 3RΩðH�R�ÞK2
Mðs; rb; bÞ
μfðrbÞ

ϒðτswÞΩ̃gw;

ðE26Þ

where Ω̃gw ≈ 0.01 and Mðs; rb; bÞ is the spectral shape
function with s ¼ 2πfR�=Rf being the dimensionless
frequency. The suppression factor accounting for finite
sound wave lifetime is [153]
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ϒðτswÞ ¼ 1 −
1ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

1þ 2H�τsw
p ; ðE27Þ

where τsw ∼ R�=Ūf is the sound wave lifetime with Ūf

being the root-mean-square fluid velocity.

c. Turbulence contribution

The magnetohydrodynamics turbulence contribution is
[136,155]

ΩturbðfÞ ¼ 9.0RΩðH�R�ÞðκturbKÞ3=2SturbðfÞ; ðE28Þ

where κturb ≃ 0.05 is the turbulence efficiency factor and
the spectral shape is

SturbðfÞ ¼
ðf=fturbÞ3

½1þ ðf=fturbÞ�11=3ð1þ 8πf=ðRfH�ÞÞ
; ðE29Þ

with peak frequency fturb ¼ 3.5Rf=R�.
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