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Classically scale-invariant (and perturbative) theories provide a way to understand large hierarchies, as
scales are generated through dimensional transmutation. They always lead to first-order phase transitions,
since symmetries are radiatively broken, and they generically feature quasiflat potentials, which are suitable
for inflation. We construct a simple but fully realistic model of this kind that accounts for all observational
evidence of new physics and is remarkably compatible with the most recent constraints on inflationary
observables from both the Planck/BICEP/Keck and the Atacama Cosmology Telescope Collaborations.
This model illustrates how classical scale invariance generically leads to a nonstandard cosmology in which
inflation occurs in two stages: a slow-roll stage and a thermal stage, separated by a radiation-dominated era.
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I. INTRODUCTION

Cosmology offers the possibility of testing particle-
physics theories at energies much higher than those
accessible at particle accelerators. A classic example is
inflation, which can involve energies a few orders of
magnitude below the Planck scale. Moreover, after infla-
tion, a period of radiation dominance takes place and the
high temperatures reached during such an epoch can restore
symmetries that are broken at zero temperature [1]. When
the temperature T drops to a sufficiently low value, phase
transitions (PTs) can occur, and those symmetries are
broken again. Both inflation and PTs, if first order and
sufficiently strong, can lead to observable consequences.
They leave observable imprints in the cosmic microwave
background (CMB) and can produce gravitational waves
(GWs) that can be tested with current and/or future GW
detectors [2].
The StandardModel (SM) of particle physics is known to

be incomplete due to well-established phenomena such as
neutrino oscillations, dark matter, and the baryon asymme-
try. A significant portion of these phenomena has a cosmo-
logical origin. It is therefore natural to use cosmological data
to test SMextensions that address these observational issues.
Furthermore, the SM does not offer any explanation of

the huge hierarchy between the Planck and the Fermi
scales. SM extensions with no (fundamental) scales, also
known as classically scale invariant (CSI) theories provide

an explanation [3,4]. In these theories, mass scales are
generated through dimensional transmutation: the electro-
weak (EW) symmetry is broken radiatively (through
quantum corrections) because mass scales are not present
in the classical theory. In the general radiative-symmetry-
breaking (RSB) scenario, there must exist a flat direction of
the effective potential at some RG scale value μ̃ and a
quartic coupling must then vanish at μ̃ [3,5–7]. The flat
direction is parametrized by a real scalar, which we call χ.
Dimensional transmutation can lead to exponentially large
hierarchies. This is because the renormalization group (RG)
running of a generic dimensionless coupling κ is logarith-
mic in the RG (energy) scale μ. So order-one variations of κ
correspond to exponentially large variations of μ. This is
why physicists do not consider the large hierarchy between
the scale below which quarks are confined into hadrons and
the Planck mass to be puzzling; rather, it is seen as a natural
feature.
While dimensional transmutation has the potential to

explain large hierarchies, it should be kept in mind that this
mechanism does not automatically satisfies ’t Hooft’s
principle of naturalness [8] (the fact that a parameter is
naturally small when taking it to zero leads to an enhanced
symmetry). According to this definition, a naturally small
parameter remains small when one takes into account
quantum corrections coming from states heavier than the
largest energy consistently described by the model (the
cutoff). In order to satisfy such naturalness criterion, a
model with dimensional transmutation should be
embedded in a theory where the smallness of the parameter
under study (e.g., the ratio between the Planck and the
Fermi scales) is protected by a symmetry.
The goal of this paper is to identify and investigate a

simple yet realistic CSI model. By “realistic,” we mean a
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model that is consistent with all experiments and obser-
vations, including those performed at colliders, the above-
mentioned evidence of new physics and all available
information on inflation.
We do not attempt here to embed this realistic CSI model

into a more complete theory where ’t Hooft naturalness is
satisfied and large quantum corrections from the heavier
states responsible for the UV completion of all interactions
(gravity included) are avoided through extra symmetries.
It is also appropriate to mention that in our work scale

invariance is a global symmetry. Constructions where scale
symmetry is gauged, such as [9], have redundant degrees of
freedom that can be eliminated through a gauge fixing.
In Refs. [10,11], the Atacama Cosmology Telescope

(ACT) Collaboration provided the most recent determina-
tions of several inflationary observables. One of the most
evident differences with respect to the previous values given
by the Planck and BICEP/Keck (BK18) Collaborations
[12,13] is a higher favored value for the spectral index ns
of scalar perturbations: when the new ACTobservations are
combined with Planck and baryon acoustic oscillation data
from theDark Energy Spectroscopic Instrument (DESI) [14]
(this combination is denoted here Planck-ACT-LB) Ref. [10]
finds ns ¼ 0.9743� 0.0034.
If one requires perturbativity, CSI theories predict a

nearly flat potential density for χ, as long as a sizable CSI
nonminimal coupling between χ and the Ricci scalar is
present [15–17]. This feature can accommodate the most
recent ACT values [18–20]. Furthermore, in the CSI
scenario RSB is always associated with strong first-order
PTs [6,21]. Evidence of first-order PTs in the form of GWs
would provide further evidence of new physics (as the SM
does not predict this type of transition in cosmological
settings) and constitute an intriguing indication that the
SM extension we are seeking is CSI. First-order PTs in the
CSI scenario can also lead to primordial black holes
(PBHs) [22–28]
The paper is organized as follows. In Sec. II, one of the

most economical, if not the most economical model, with
all the above-mentioned properties is identified. In Sec. III,
we demonstrate that this model is compatible with the most
recent inflationary observations. In Sec. IV, we show that,
after an initial period of slow-roll inflation and the
subsequent reheating and radiation dominance, another
inflationary period occurs because of the first-order PT
associated with EW symmetry breaking. The conclusions
are in Sec. V.

II. BUILDING THE MODEL

One of the most economical ways to account for neutrino
oscillations, dark matter, and baryon asymmetry is to add
three right-handed neutrinos featuring Majorana masses
much below the EW scale (see, e.g., [29,30]). We thus
introduce such neutrinos Ni (with i ¼ 1, 2, 3).

Moreover, an extra scalar beyond the Higgs field is
needed here because, as well-known, identifying the Higgs
field with χ would lead to a Higgs mass significantly
smaller than the observed value. We thus introduce a scalar
A. We take it with a nonvanishing lepton number to reduce
the number of independent terms in the action and thus
simplify the model.
The corresponding Majorana mass terms can then be

promoted to scale-invariant Yukawa interactions,

1

2
yijANiNj þ H:c:; ð1Þ

where the yij are the corresponding Yukawa couplings.
The symmetries of the theory also allow for a portal

interaction between the Higgs doubletH and A of the form
λahjAj2jHj2. This interaction and (1) are responsible,
respectively, for the radiative breaking of the lepton
symmetry and the EW symmetry when A acquires a
vacuum expectation value (VEV). This VEV has to be
at a sufficiently high mass scale and the portal coupling λah
should be sufficiently small to fulfil the experimental
bounds and generate the observed value of the EW scale.
A value of λah a few orders of magnitude below 1 is
sufficient to this purpose. In this limit, the flat direction
should be, at least approximately, along jAj and the quartic
coupling λχ that vanishes should be, at least approximately,
the quartic coupling λa of jAj.
With only A and the Ni as beyond-the-SM fields, the

effective coupling of χ to the other fields is too small for the
bubbles not to be diluted by the expansion of the Universe,
at least if gravity is neglected in the nucleation process [24].
Taking into account gravity, on the other hand, one could
avoid this problem but, as we will discuss in Sec. IV, a
number of inflationary e-folds Ne some tens larger than 60
is obtained (see, e.g., [31,32] for an upper limit on Ne).
This inconvenient feature can be entirely avoided by

gauging the Abelian U(1) symmetry acting on A. As well
known, in order to avoid gauge anomalies, such new gauge
symmetry must correspond to B − L. So we call it
Uð1ÞB−L. Therefore, all leptons (including the Ni), all
quarks and A are charged under Uð1ÞB−L. Choosing the
gauge coupling g01 of Uð1ÞB−L sizable, the bubbles are
eventually not diluted by the expansion of the Universe
even if gravity is neglected in the nucleation process [24].
We will take such a value of g01 in this paper in a way that
the effective coupling of χ is dominated by g01.
The matter Lagrangian is given by [33]

Lmatter ¼ L ns
SM þDμA†DμAþ N̄jiDNj −

1

4
B0
μνB0μν

þ
�
YijLiHNj þ

1

2
yijANiNj þ H:c:

�
− λajAj4 þ λahjAj2jHj2; ð2Þ
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where L ns
SM represents the classically scale-invariant SM

Lagrangian with gauged B − L and the Li are the three
families of SM lepton doublets. Here, Dμ is the covariant
derivative with respect to the full gauge group
SUð3ÞC × SUð2ÞL ×Uð1ÞY ×Uð1ÞB−L,

Dμ ¼ ∂μ þ ig3TαGα
μ þ ig2TaWa

μ þ igYYBμ

þ i½gmY þ g01ðB − LÞ�B0
μ; ð3Þ

which involve the gluons Gα
μ, the triplet ofW bosonsWa

μ as
well as the gauge fields Bμ and B0

μ of Uð1ÞY and Uð1ÞB−L
(as usual B0

μν ≡ ∂μB0
ν − ∂νB0

μ) together with the respective
generators Tα; Ta;Y; B − L and gauge couplings
g3; g2; gY; g01. Here, gm corresponds to the Abelian mixing
between Uð1ÞY and Uð1ÞB−L. This CSI matter Lagrangian
has been previously considered in Refs. [24,34], but
without accounting for the observational signals of new
physics and inflation at the same time.
Including the dynamics of gravity, the Lagrangian of the

model is given by

L ¼ L matter −
1

2
fðϕÞR − Λ0; ð4Þ

where

fðϕÞ≡M2
P þ 2ξajAj2 þ 2ξhjHj2; ð5Þ

includes the nonminimal couplings between the scalarsϕ and
theRicci scalarR [35]. In the presence of gravity, the action is
S ¼ R

d4x
ffiffiffiffiffiffiffiffiffiffiffiffiffij det ĝjp

L , where det ĝ is the determinant of the
spacetime metric. The nonminimal couplings ξa and ξh
respect classical scale invariance. In this work, we add the
standard Einstein-Hilbert termwith the reduced Planckmass
MP and a cosmological constant term Λ0, which explicitly
break classical scale invariance. However, it is possible to
introduce another sector of the theory that can also generate
MP and Λ0 radiatively [36–41]. The specific choice and
analysis of such a sector is beyond the scope of this paper and
is left for future work. It is always possible to choose the
typical energy scales of this sector large enough that the
results discussed in this paper arevalid. In this context, itmay
be possible to remove, or dynamically generate, another
hidden fundamental mass scale (the cutoff) that appears even
at the classical level [38,42–46], a necessary step to obtain a
fully CSI theory. Here, we do not attempt to achieve this
ambitious goal and to give an explanation of the observed
value of the cosmological constant.
The one-loop quantum effective potential renormalized

at μ̃ and along the flat direction has the well-known
Coleman-Weinberg form [3,5],

VqðχÞ ¼
β̄

4

�
log

χ

χ0
−
1

4

�
χ4; ð6Þ

where β̄ is the beta function of the quartic coupling that
vanishes at μ̃ (see the Appendix for the relevant one-loop
beta functions in this model). In our setup,

β̄ ≈
96g041
ð4πÞ2 > 0: ð7Þ

Also, χ0 is the VEV of χ.
Since χ0 ≠ 0 breaks Uð1ÞB−L the spin-1 particle Z0

associated with Uð1ÞB−L acquires a mass mZ0 ≡mZ0 ðχ0Þ,
where

mZ0 ðχÞ ¼ 2g01χ; ð8Þ

is the background-dependent mass (we take g01 > 0). Also

the fluctuation field χ − χ0 acquires a mass mχ ¼
ffiffiffī
β

p
χ0. If

λah ≠ 0, this RSB also induces EW symmetry breaking.
The expression in (6) is the universal form of the one-

loop quantum effective potential. However, the relation
between χ0 and μ̃ is renormalization-scheme dependent: the
definition of renormalized couplings is given in some
renormalization scheme. Let us use the modified minimal
subtraction (MS) scheme. A simple relation between χ0 and
μ̃ can be found noting that the largest contribution to Vq in
our setup is given by the Uð1ÞB−L gauge vector so in the
MS scheme, we get

VqðχÞ ≈
3

64π2
m4

Z0 ðχÞ
�
log

�
m2

Z0 ðχÞ
μ̃2

�
−
5

6

�
: ð9Þ

Equation (8) then leads to

χ0 ≈ μ̃
e1=6

2g01
; mχ ≈

ffiffiffi
6

p

2π
e1=6g01μ̃; mZ0 ≈ e1=6μ̃:

The quantum corrections to the derivative part of the
effective action can be neglected for our purposes: essen-
tially, we will use the effective potential during inflation
and to study the FOPT. During inflation, the temperature is
absent, and the quantum corrections to the derivative part
are suppressed as usual by loop factors, ∼1=ð4πÞ2. In the
FOPT, supercooling guarantees that those quantum cor-
rections are small even if T ≠ 0 [6].

III. INFLATION

The action can be simplified by performing a Weyl
transformation (sometimes called “conformal transforma-
tion”) of the metric,

gμν →
M2

P

f
gμν: ð10Þ

The resulting field variables constitute what is known as the
Einstein frame, while the original field variables form the

ACT-PLANCK DATA AND PHASE TRANSITIONS FROM A … PHYS. REV. D 114, 043513 (2026)

043513-3



Jordan frame. After this Weyl transformation, the scalar-
tensor part of the Lagrangian is given by

L st ¼ M2
P

�
∂μϕ∂

μϕ

2f
þ 3∂μf∂μf

4f2

�
−U −

M2
P

2
R; ð11Þ

where U ¼ M4
PV=f

2 and V is the effective potential in the
Jordan frame.
Here, we explore the possibility that inflation is driven

by χ. In general, two scalars, A and H, can take part in
inflation. However, by setting ξh negative and large
enough, it is possible to render H inactive during inflation
and the metastability of EW vacuum [47] harmless at the
same time [48] (see also Refs. [49,50]). The phase of A, on
the other hand, provides the longitudinal component of Z0
as χ0 ≠ 0 and Uð1ÞB−L is spontaneously broken. In this
setup, f ¼ M2

P þ ξχ2, for an appropriately defined cou-
pling ξ, and V coincides with Vq in (6). Moreover, we can
introduce a canonically normalized scalar χE (which is a
function of χ).
In the slow-roll approximation, we can use well-known

expressions to compute the number of e-folds N during
inflation, ns, the tensor-to-scalar ratio r and the curvature
power spectrum PR (at horizon exit). Imposing the
observed value of PR (we use ð2.10� 0.03Þ × 10−9 given
in [12]) one obtains β̄ as a function of ξ.
Figures 1–3 show, respectively, UðχEÞ and the predic-

tions of the model for ns and r for some benchmark points
and N ¼ 50, 60. We checked that the slow-roll approxi-
mation used is valid. Our results provide a realization of the
inflationary results of [18] within a concrete and realistic
model. In Figs. 2–3, we also show the constraints of the
ACT Collaboration [11] and the Planck and BK18
Collaborations [13]. As explained above, our setup effec-
tively leads to a single-field inflationary model, which
satisfies the assumptions of Refs. [11,13]. The spectrum of
primordial fluctuations is almost, but not quite, scale
invariant; nonadiabatic perturbations and non-
Gaussianities are negligibly small.
One interesting feature of the predictions in Figs. 2–3 is

the presence of a minimal value of r, which is within the
reach of future CMB observations, such as those of
LiteBIRD [51] and CMB-S4 [52]. This minimal value
depends very weakly on χ0 for our benchmark points (given
in the caption of Fig. 1). For reasons that will be clear in
Sec. IV, taking χ0 much below the minimal one in the
benchmark points would lead to a scalar χ − χ0 with a mass
mχ too small and a coupling λah too large to be phenom-
enologically viable. On the other hand, taking χ0 much
above the maximal one in the benchmark points, would
lead to extremely tiny values of λah, which we want to
avoid. As a result, in the region of parameter space we are
interested in, the minimal value of r is very close to that in
Figs. 2–3.

The benchmark points are chosen in a way that β̄ [and
thus g01, cf., Eq. (7)] is not too small because of the reasons
discussed in Sec. II. We will explain in more detail the
motivations for this setup in Sec. IV. Now we can note,
looking at Figs. 2–3, that these benchmark points corre-
spond to a rather large value of ξ (of order 104). In the
context of Higgs inflation [53,54], such a large value of ξ
leads to a breaking of perturbative unitarity in flat space-
time at the energy scaleMP=ξ [55–59] when the inflaton is
at the point of minimum of the potential, which is much
smaller than MP=ξ. However, as pointed out in [60], the
cutoff of the theory is significantly larger than MP=ξ when
the inflaton is much larger than MP=ξ, which is the case
during inflation, such that a value of ξ of order 104 is still
within the regime of validity of the effective theory.
Although in our case, the inflaton potential is different

FIG. 1. Einstein-frame potential. The stars correspond to the field
values N e-folds before the end of inflation and the following
benchmark points are considered: (i) blue (β̄ ≈ 0.0028;
χ0 ≈ 9.7 × 103 GeV), (ii) orange (β̄ ≈ 0.0032; χ0 ≈ 2.8 ×
104 GeV), (iii) green (β̄ ≈ 0.0036; χ0 ≈ 8.3 × 104 GeV), (iv) pink
(β̄ ≈ 0.0038; χ0 ≈ 2.4 × 105 GeV), (v) yellow (β̄ ≈ 0.0040;
χ0 ≈ 7.1 × 105 GeV).
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than in Higgs inflation, we have checked that the same
conclusion holds in our model too.
It is important to note thatN here is the number of e-folds

during slow-roll inflation, but it is not the full number of
inflationary e-folds Ne because a period of thermal inflation
is predicted by the present model after a radiation-dominated
era, which follows the initial (slow-roll) inflation, as we will
discuss in Sec. IV.

IV. REHEATING AND THERMAL INFLATION

Just after the initial phase of inflation we have described
in Sec. III, reheating takes place. If the portal coupling λah
is not extremely small the reheating temperature Trh is
much above χ0. This occurs because χ has a nonvanishing
(although small) component along H.

To illustrate this point note that in any gauge the classical
scalar potential in the Jordan frame is

Vclðh; aÞ ¼
1

4
λaa4 þ

1

4
λhh4 −

1

4
λahh2a2; ð12Þ

where λh is the Higgs quartic coupling. We have decom-
posed H and A into real scalar fields h, πi, a, and πa,

H ¼ eiπiτi
�

0

hffiffi
2

p

�
; A≡ affiffiffi

2
p eiπa ; ð13Þ

where the τi are the three Pauli matrices, such that in any
gauge the potential involves only two real gauge-invariant
fields, h and a. One can express them in terms of χ and the
(observed) Higgs field H,

�
a ¼ χ cos α −H sin α;

h ¼ χ sin αþH cos α;
ð14Þ

where the mixing angle α is defined by

FIG. 2. Predictions of the model for ns and r together with the
bounds from [12,13] (in gray) and the more recent ones from
[10,11]. The dot corresponds to the benchmark point given in the
caption of Fig. 1 with the same color. The other points on the line
are obtained by taking different values of β̄ (and thus, of ξ) as
indicated in the inset, but keeping the same value of χ0.
Here, N ¼ 50.

FIG. 3. The same as in Fig. 2 but for N ¼ 60.
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tan α≡
ffiffiffiffiffiffiffi
λah
2λh

s
: ð15Þ

So λϕh ≠ 0 ensures that χ has a nonvanishing component
along h. This leads to a portal between the inflationary
and the SM sectors, which allows EW RSB and
reheating.
To show that Trh is much above χ0 for some viable values

of λah, note that after inflation ends the inflaton performs
large oscillations around the point of minimum of the
potential. In particular, there are regions of the potential
where the effective inflaton mass,

d2U
dχ2E

¼
�
dχE
dχ

�
−1 d

dχ

��
dχE
dχ

�
−1 dUðϕðχÞÞ

dχ

�
; ð16Þ

is much larger than the EW scale. We callM2
eff the maximal

value of the effective inflaton mass with respect to χ, which
is assumed for some value, χmax, of χ. When the inflaton
performs these large oscillations, it decays into SM
particles and reheats the Universe up to

Trh ≈
�

45Γ2
χEM

2
P

4π3g�ðTrhÞ
�

1=4

; ð17Þ

where the fast-reheating approximation is used. Here, ΓχE is
the total decay width of χE and g�ðTÞ is the effective
number of relativistic species at temperature T. One of the
main decay channels is that into a top-antitop pair, with
decay width,

ΓχE→tt̄ ≈
�
dχ
dχE

�
2

χ¼χmax

3y2t sin2 α
16π

Meff ; ð18Þ

where yt is the top Yukawa coupling. For the benchmark
points given in the caption of Fig. 1, which are represen-
tative of the setup adopted in this work, this channel alone
reheats the Universe up to a temperature at least of
order 1010 GeV ≫ χ0.
A precise calculation of Trh is an interesting target for

future research. However, it is not needed here: all we will
need to know regarding Trh in the rest of the paper is that
Trh ≫ χ0 and, therefore, Trh significantly exceeds the
critical temperature above which RSB does not occur.
As a result, after reheating, χ is trapped in the symmetry

preserving vacuum, χ ¼ 0. When the temperature becomes
small enough, the Universe undergoes a phase of thermal
inflation with Hubble rate,

Ht ¼
ffiffiffī
β

p
χ20

4
ffiffiffi
3

p
MP

: ð19Þ

We note that this thermal inflation is realized with a
potential similar to that used in warm inflation in [61].

We leave for future work to establish whether during such
thermal inflation a significant amount of particles are
produced too. Understanding this point is interesting, but
not essential for this work.
During thermal inflation T decreases exponentially

(supercooling) and the effective potential increasingly
resembles the zero-temperature one, Eq. (6), except for
a barrier that obstructs the decay of the false vacuum
χ ¼ 0 and is always present as long as T ≠ 0 [6]. Note
that supercooling guarantees that higher-loop correc-
tions are suppressed by loop factors of the same order
as the zero-temperature ones, ∼1=ð4πÞ2 [6]. Therefore,
the relative uncertainties due to neglecting higher-loop
corrections is of order 1=ð4πÞ2. Note also that, using the
gauge-invariant scalar fields h and a defined in
Eq. (13), the corresponding thermal effective action
for χ is gauge independent because the effective action
inherits the linear symmetries of the action [62], and χ
is gauge independent; see Eq. (14). The bubbles of the
true vacuum are diluted by the expansion of the
Universe as long as the decay rate per unit of volume,
Γv, is much smaller than H4

t . When T is small enough
the condition,

Γv ≈H4
t ; ð20Þ

might be realized and the PT starts being effective. The
value of T such that Eq. (20) is satisfied (if any) is
called nucleation temperature, Tn.
If there is a solution of Eq. (20) for Tn, the Universe

undergoes a nearly exponential expansion from roughly the
time when the radiation energy density equals the vacuum
energy density with temperature,

Teq ≡
�

15β̄χ40
8π2g�ðTeqÞ

�
1=4

ð21Þ

and the nucleation time with temperature Tn. The corre-
sponding number of e-folds can then be estimated as

Nt ≈ log

�
Teq

Tn

�
: ð22Þ

There are two possible situations. Either the space-
time curvature is irrelevant in the vacuum decay process
or not. The former (latter) case occurs when Tn is (not)
much larger than the typical curvature scales. More
precisely, the spacetime curvature remains negligible as
long as the characteristic size Rb of the bounce is much
smaller than the linear size π=Ht of the Euclidean de
Sitter spacetime and also the effective mass of χ
receives a negligible contribution from the nonminimal
coupling ξ. In general, Rb ∼ 1=m, where m≡ gT=

ffiffiffiffiffi
12

p
and g plays the role of a “collective coupling” of χ with
all fields of the theory [6,24]: in our setup, g ≈ 2

ffiffiffi
3

p
g01.
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So the condition for the spacetime curvature to be
negligible in the vacuum decay process is

m ≫ max

� ffiffiffiffiffiffiffiffiffiffi
12jξj

p
;
1

π

�
Ht: ð23Þ

When the temperature becomes so small that this
condition is not satisfied anymore, one should take into
account the spacetime curvature. If ξ ≫ 1=ð12π2Þ the
spacetime curvature manifests itself just as a negative
correction to the effective squared mass of χ, which favors
and eventually always leads to the completion of the
transition even if a solution of Eq. (20) for Tn does not
exist [26]. The number of e-folds Nt during thermal
inflation is then approximately given by

Nt ≈ log

�
gTeq

12
ffiffiffi
ξ

p
Ht

�
: ð24Þ

Setting χ0 not too many orders of magnitude above the
EW scale (to avoid extremely small values of λah) and
avoiding to choose ξ extremely large, Nt turns out to be
quite large, around some tens. Taking ξ not much larger
than 1=ð12π2Þ leads to an even larger Nt because the
right-hand side of (24) is a decreasing function of ξ.
Setting ξ < 0 leads to an even larger Nt because a
negative ξ impede the transition. This situation renders
problematic the realization of inflation with an overall
number of inflationary e-folds Ne around 60. For this
reason, we restrict the analysis to values of the param-
eters such that the spacetime curvature is irrelevant in the
vacuum decay process.
In this case, we can use the model-independent formulas

of [24], which are valid for large-enough supercooling: the
quantity,

ϵ≡ g4

6β̄ log χ0
T

ð25Þ

should be below 10 in order of magnitude for the relevant
temperatures, T ≈ Tn.
The results in our setup are summarized in Fig. 4 paying

particular attention to the benchmark points in the caption
of Fig. 1 and Table I, which represent some examples of our
viable setup.
At the scale μ̃ where the flat direction occurs, we

imposed the conditions,

λah ¼ 2
ffiffiffiffiffiffiffiffiffi
λaλh

p
; v ¼ sin αχ0; ð26Þ

where v is the SM VEV. Using (15), these equations allow
us to determine λah and λa at the scale μ̃ in terms of χ0,
which are used in Fig. 4. The gauge mixing parameter gm
has been fixed to a negligibly small value at the scale μ̃.

We observe that the smaller χ0 is the bigger λah turns out to
be, as shown in Fig. 4. So extremely small values of λah can
be avoided when the mass and coupling of the new degree
of freedom χ required by RSB get closer to the reach of the
Large Hadron Collider. All benchmark points shown in
Fig. 4 are, however, all well within the experimental
bounds.
The GW spectrum and the primordial-black-hole abun-

dance, mass and spin that are predicted by this RSB model
can be extracted from the model-independent results
of [24,63]. For example, considering the benchmark points
in Fig. 4, the predicted GWs can be tested by the future
Laser Interferometer Space Antenna (LISA) [64] and the
fraction of PBH dark matter produced is very small, less
than ∼1% for χ0 ∼ 105 GeV.
Reheating after thermal inflation in this model is

guaranteed by the sizable couplings of the inflaton to
the SM particles and produces sterile neutrinos, which can
account for the observed dark matter abundance [65].
We also verified, by employing the renormalization

group equations (RGEs) given in the Appendix, that the
benchmark points in Fig. 4 are not affected by Landau poles
and preserve perturbativity up to the Planck scale. In Fig. 5,

FIG. 4. Values of λah, χ0 andmχ as functions ofmZ0 and g01. The
dots represent the benchmark points in the caption of Fig. 1 and in
Table I.

TABLE I. Approximate values of the nucleation temperature
Tn and the number of e-folds Nt during thermal inflation for the
benchmark points (BMs) given in the caption of Fig. 1.

BM Tn [GeV] Nt

Blue 0.35 7
Orange 4.1 6
Green 30 5
Pink 88 5
Yellow 2.4 × 102 5
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we show the running couplings corresponding to the blue
benchmark point. Figures for other benchmark points are
given in the Appendix. One aspect that is perhaps worth
noting is that the smallness of λah is preserved by the RG
evolution.

V. CONCLUSIONS

We constructed and explored a fully realistic and well-
motivated CSI model that accounts for all evidence of new
physics and is compatible with the most recent constraints
on inflationary observables. Classical scale invariance
offers a way to understand large mass hierarchies and
increases the predictivity of the model as masses are
radiatively generated, they are not independent parameters
(see, e.g., [66]).
CSI perturbative theories suggest a nonstandard cosmol-

ogy in which inflation occurs in two stages, separated by a
radiation-dominated era, as illustrated by our well-
motivated realistic model. Therefore, this model can be
considered a concrete implementation of a “rollercoaster
cosmology” [67].
The two stages consist here of an initial slow-roll

inflation and a thermal inflation associated with the first-
order PT. The presence of thermal inflation is a generic
prediction of CSI theories because RSB is always asso-
ciated with a first-order PT [6,21]. The fact that some
e-folds, Nt, are produced by thermal inflation implies that
the inflationary observables (ns, r, PR, etc.) can be
computed at a correspondingly lower value of e-folds N
before the end of slow-roll inflation.
Given that thermal inflation produces in our setup a

number of e-folds Nt somewhat between 5 and 10, cf.,
Table I, Fig. 2 shows that our model is compatible at 1σ

level with remarkably both the bounds in [12,13] (Planck
and BK18 Collaborations) and the more recent ones
in [10,11] (ACT Collaboration) for an acceptable number
of total inflationary e-folds Ne between 55 and 60.
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APPENDIX

In this Appendix, we provide the one-loop RGEs of the
model, neglecting the small contributions of the Yukawa
couplings involving SM fermions lighter than the top. We
have derived these RGEs by using the general approach
of [68],

dg1
d ln μ

¼ g31
ð4πÞ2

41

10
;

dg2
d ln μ

¼ g32
ð4πÞ2

�
−
19

6

�
;

dg3
d ln μ

¼ g33
ð4πÞ2 ð−7Þ;

dg01
d ln μ

¼ 1

ð4πÞ2
�
12g031 þ 32

3
g021 gm þ 41

6
g01g

2
m

�
;

dgm
d ln μ

¼ 1

ð4πÞ2
�
41

6
gm

�
g2m þ 6g21

5

�
þ 32

3
g01

�
g2m þ 3g21

5

�

þ12g021 gm

�
;

dyt
d ln μ

¼ yt
ð4πÞ2

�
9

2
y2t − 8g23 −

9g22
4

−
17g21
20

−
17

12
g2m

−
2g021
3

−
5gmg01
3

�
;

dyi
d ln μ

¼ yi
ð4πÞ2

�
y2i þ

1

2

X
j

y2j − 6g021

�
;

FIG. 5. Running of the couplings. The initial conditions
correspond to the blue benchmark point. All Yukawa couplings
different from yt are so small to be invisible in this plot for
our setup.
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dλa
d ln μ

¼ 1

ð4πÞ2
�
20λ2a þ 2λ2ah −

X
j

y4j þ 96g041

− 48λag021 þ 2λa
X
j

y2j

�
;

dλh
d ln μ

¼ 1

ð4πÞ2
�
9g42
8

þ 9g21g
2
2

20
þ 27g41

200
− 6y2t þ 24λ2h

þ λ2ah þ
3g22g

2
m

4
þ 9g21g

2
m

20
þ 3g4m

8

þλh

�
12y2t −

9g21
5

− 9g22 − 3g2m

��
;

dλah
d ln μ

¼ 1

ð4πÞ2
�
λah

�
12λh þ 8λa − 4λah þ 6y2t

−
3

2

�
3g22 þ

3g21
5

þ g2m

�
þ
X
j

y2j − 24g021

�

− 12g2mg021

�
;

where g1 ≡
ffiffiffiffiffiffiffiffi
5=3

p
gY . To simplify the expressions above we

have put, without loss of generality, the Yukawa matrix
with elements yij in diagonal form with diagonal elements
yi real by means of a unitary transformation acting on the
Ni. This is known as the complex Autonne-Takagi fac-
torization; see, e.g., [69].
In Fig. 6, we show the running couplings corresponding

to the orange and yellow benchmark point in Fig. 4,
obtained by solving the RGEs above.

[1] S. Weinberg, Gauge and global symmetries at high temper-
ature, Phys. Rev. D 9, 3357 (1974).

[2] M. Maggiore, Gravitational Waves. Vol. 2: Astrophysics
and Cosmology (Oxford University Press, New York,
2018), 3.

[3] E. Gildener and S. Weinberg, Symmetry breaking and scalar
bosons, Phys. Rev. D 13, 3333 (1976).

[4] A. Salvio, Inflationary scenarios beyond the standard model,
in Encyclopedia of Particle Physics, 1st ed. (Elsevier,
New York, 2025).

[5] S. R. Coleman and E. J. Weinberg, Radiative corrections as
the origin of spontaneous symmetry breaking, Phys. Rev. D
7, 1888 (1973).

[6] A. Salvio, Model-independent radiative symmetry breaking
and gravitational waves, J. Cosmol. Astropart. Phys. 04
(2023) 051.

[7] A. Salvio, Supercooled phase transitions with radiative
symmetry breaking, Int. J. Mod. Phys. A 2646004, (2026).

[8] G. ’t Hooft, Naturalness, chiral symmetry, and spontaneous
chiral symmetry breaking, NATO Sci. Ser. B 59, 135 (1980).

[9] D. M. Ghilencea and H. M. Lee, Weyl gauge symmetry and
its spontaneous breaking in the standard model and in-
flation, Phys. Rev. D 99, 115007 (2019).

[10] T. Louis et al. (ACT Collaboration), The Atacama Cosmol-
ogy Telescope: DR6 power spectra, likelihoods and ΛCDM
parameters, J. Cosmol. Astropart. Phys. 11 (2025) 062.

[11] E. Calabrese et al. (ACT Collaboration), The Atacama
Cosmology Telescope: DR6 constraints on extended cosmo-
logical models, J. Cosmol. Astropart. Phys. 11 (2025) 063.

[12] P. A. R. Ade et al. (Planck Collaboration), Planck 2015
results. XX. Constraints on inflation, Astron. Astrophys.
594, A20 (2016); Y. Akrami et al. (Planck Collaboration),
Planck 2018 results. X. Constraints on inflation, Astron.
Astrophys. 641, A10 (2020).

[13] P. A. R. Ade et al. (BICEP and Keck Collaboration),
Improved constraints on primordial gravitational waves

FIG. 6. Like in Fig. 5 but for the orange (upper plot) and yellow
(lower plot) benchmark points.

ACT-PLANCK DATA AND PHASE TRANSITIONS FROM A … PHYS. REV. D 114, 043513 (2026)

043513-9

https://doi.org/10.1103/PhysRevD.9.3357
https://doi.org/10.1103/PhysRevD.13.3333
https://doi.org/10.1103/PhysRevD.7.1888
https://doi.org/10.1103/PhysRevD.7.1888
https://doi.org/10.1088/1475-7516/2023/04/051
https://doi.org/10.1088/1475-7516/2023/04/051
https://doi.org/10.1142/S0217751X26460048
https://doi.org/10.1007/978-1-4684-7571-5_9
https://doi.org/10.1103/PhysRevD.99.115007
https://doi.org/10.1088/1475-7516/2025/11/062
https://doi.org/10.1088/1475-7516/2025/11/063
https://doi.org/10.1051/0004-6361/201525898
https://doi.org/10.1051/0004-6361/201525898
https://doi.org/10.1051/0004-6361/201833887
https://doi.org/10.1051/0004-6361/201833887


using Planck, WMAP, and BICEP/Keck observations
through the 2018 observing season, Phys. Rev. Lett. 127,
151301 (2021).

[14] A. G. Adame et al. (DESI Collaboration), DESI 2024 III:
Baryon acoustic oscillations from galaxies and quasars,
J. Cosmol. Astropart. Phys. 04 (2025) 012; DESI 2024 VI:
Cosmological constraints from the measurements of baryon
acoustic oscillations, J. Cosmol. Astropart. Phys. 02 (2025)
021.

[15] K. Kannike, A. Racioppi, and M. Raidal, Embedding
inflation into the standard model—more evidence for
classical scale invariance, J. High Energy Phys. 06
(2014) 154.

[16] L. Marzola, A. Racioppi, M. Raidal, F. R. Urban, and H.
Veermäe, Non-minimal CW inflation, electroweak sym-
metry breaking and the 750 GeV anomaly, J. High Energy
Phys. 03 (2016) 190.

[17] L. Marzola and A. Racioppi, Minimal but non-minimal
inflation and electroweak symmetry breaking, J. Cosmol.
Astropart. Phys. 10 (2016) 010.

[18] I. D. Gialamas, A. Karam, A. Racioppi, and M. Raidal, Has
ACT measured radiative corrections to the tree-level Higgs-
like inflation?, Phys. Rev. D 112, 103544 (2025).

[19] For other ways to use scale invariance and its quantum
breaking to account for the ACT results see: A. Salvio,
Independent connection in action during inflation, Phys.
Rev. D 112, L061301 (2025); Inflating and reheating the
Universe with an independent affine connection, Phys. Rev.
D 106, 103510 (2022); J. Yuennan, P. Koad, F. Atamurotov,
and P. Channuie, Quantum-corrected ϕ4 inflation in light of
ACT observations, Eur. Phys. J. C 85, 1307 (2025).

[20] For early works fitting the ACT constraints without using
CSI theories, see for example the following works. R.
Kallosh, A. Linde, and D. Roest, Atacama Cosmology
Telescope, South Pole Telescope, and chaotic inflation,
Phys. Rev. Lett. 135, 161001 (2025); I. Antoniadis, J.
Ellis, W. Ke, D. V. Nanopoulos, and K. A. Olive, How
accidental was inflation?, J. Cosmol. Astropart. Phys. 08
(2025) 090.

[21] E. Witten, Cosmological consequences of a light Higgs
boson, Nucl. Phys. B177, 477 (1981).

[22] J. Liu, L. Bian, R. G. Cai, Z. K. Guo, and S. J. Wang,
Primordial black hole production during first-order phase
transitions, Phys. Rev. D 105, L021303 (2022).

[23] Y. Gouttenoire and T. Volansky, Primordial black holes from
supercooled phase transitions, Phys. Rev. D 110, 043514
(2024).

[24] A. Salvio, Supercooling in radiative symmetry breaking:
Theory extensions, gravitational wave detection and pri-
mordial black holes, J. Cosmol. Astropart. Phys. 12 (2023)
046.

[25] Y. Gouttenoire, Primordial black holes from conformal
Higgs, Phys. Lett. B 855, 138800 (2024).

[26] A. Salvio, Pulsar timing arrays and primordial black holes
from a supercooled phase transition, Phys. Lett. B 852,
138639 (2024).

[27] M. Arteaga, A. Ghoshal, and A. Strumia, Gravitational
waves and black holes from the phase transition in models
of dynamical symmetry breaking, J. Cosmol. Astropart.
Phys. 05 (2025) 029.

[28] Z. Ning, X. X. Zeng, R. G. Cai, and S. J. Wang, Numerical
simulations of primordial black hole formation via delayed
first-order phase transitions, arXiv:2601.21878.

[29] T. Asaka and M. Shaposhnikov, The nuMSM, dark matter
and baryon asymmetry of the universe, Phys. Lett. B 620, 17
(2005).

[30] L. Canetti, M. Drewes, T. Frossard, and M. Shaposhnikov,
Dark matter, baryogenesis and neutrino oscillations
from right handed neutrinos, Phys. Rev. D 87, 093006
(2013).

[31] A. R. Liddle and S. M. Leach, How long before the end of
inflation were observable perturbations produced?, Phys.
Rev. D 68, 103503 (2003).

[32] S. Weinberg, Cosmology (Oxford University Press, Oxford,
2008).

[33] Greek indices are lowered and raised by the metric gμν, for
which the mostly minus convention is assumed here.
Fermions are represented by Weyl spinors.

[34] S. Iso,N.Okada, andY.Orikasa,Classically conformalB − L
extended Standard Model, Phys. Lett. B 676, 81 (2009).

[35] We use a compact notation where ϕ is an array of real
scalars, which includes all scalars of the theory.

[36] A. Salvio and A. Strumia, Agravity, J. High Energy Phys. 06
(2014) 080.

[37] K. Kannike, G. Hütsi, L. Pizza, A. Racioppi, M. Raidal, A.
Salvio, and A. Strumia, Dynamically induced Planck scale
and inflation, J. High Energy Phys. 05 (2015) 065.

[38] A. Salvio and A. Strumia, Agravity up to infinite energy,
Eur. Phys. J. C 78, 124 (2018).

[39] A. Salvio, Dimensional transmutation in gravity and cos-
mology, Int. J. Mod. Phys. A 36, 2130006 (2021).

[40] C. Álvarez-Luna, S. de la Calle-Leal, J. A. R. Cembranos,
and J. J. Sanz-Cillero, Gravitational Coleman-Weinberg
mechanism, J. High Energy Phys. 02 (2023) 232.

[41] C. Cecchini, M. De Angelis, W. Giarè, M. Rinaldi, and S.
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