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We propose a UV-complete extension of the Standard Model in which a gauge-singlet scalar S acquires a
vacuum expectation value, generates a Majorana mass for a sterile neutrino N, and mixes with the Higgs
field. This framework addresses neutrino masses via a seesaw mechanism and, for sufficiently large scalar
mixing, can also drive a strong first-order electroweak phase transition, producing gravitational-wave (GW)
signals potentially detectable by GW observatories. The Higgs–S mixing also enhances sterile-neutrino
pair production at colliders through s-channel exchange of the Higgs and S. Owing to the small active–
sterile mixing angle, N is generically long-lived, yielding characteristic displaced-vertex signatures. The
combination of GWobservations and displaced-vertex searches at colliders provides complementary cross-
checks of the model parameter space.
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I. INTRODUCTION

As one of the most straightforward extensions to the
standard model (SM), the sterile neutrino, also known as
heavy righthanded neutrinos, receives tremendous attention
and investigation due to its natural solution to the neutrino
mass puzzle via the well-known seesaw mechanism [1–6].
The mechanism is named after a seesaw because the masses
of the light lefthanded neutrinos and the sterile neutrino
are inversely related. Building on this basic idea, several
variants of the seesaw mechanisms are developed, such
as the type-I, type-II, hybrid, inverse, and linear seesaw
mechanisms [7–10]. For the type-I seesaw, the mass mνs of
the sterile neutrino and the mixing angle θ between the
active and sterile neutrino are fixed by θ ∼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
mνSM=mνs

p
,

where mνSM is the SM neutrino mass. Given the upper
limits on the active neutrino mass, mνSM < 0.1 eV,
the mixing angle is constrained to be approximately

θ ∼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
mνSM=mνs

p
< 10−6 ·

ffiffiffiffiffiffiffiffiffiffiffiffiffi
100 GeV

mνs

q
[11,12]. This extremely

tiny mixing angle makes the study of sterile neutrinos at
colliders challenging, especially when their masses are
heavier than those of the W and Z bosons.
In recent years, numerous searches have been imple-

mented to constrain the possible mass range and interaction
form of sterile neutrinos via collider, cosmology, dedicated
neutrino measurement, and other relevant experiments
[13–26], which greatly enriched and deepened people’s
understanding of sterile neutrinos. Among these experi-
ments, high-energy colliders, the most feasible and reliable
platform to explore sterile neutrinos, are a very active
research area in particle physics. Generally, in terms of the
experimental level, in order to probe the sterile neutrinos,
their mixing angles with active neutrinos and their masses
are usually taken to be independent. As a result, plenty of
model-independent searches are applied in a broad mass
range from eV to TeV. For the case below GeV, peak
searches in the energy spectra of charged pseudoscalar-
meson leptonic decays [27], lepton universality ratio
tests [28,29], and lepton number violation investigations
[30–33] have been explored. For masses above GeV and
lighter than SM gauge boson, many studies focus on its
long-lived signature searches at CMS and ATLAS [34–43],
where its long-lived feature usually comes from the three-
body decays. Their direct production is usually difficult for
masses above the Higgs boson due to the heavy mass and
tiny mixing angle. In Ref. [44], the authors discussed the
potential to directly probe this heavy sterile neutrino at
the future electron–proton (Ion) colliders, such as LHeC
and EIC. Moreover, over the past few years, due to the
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relatively small SM background and high effective center-
of-mass energy of muon colliders [45–50], some projected
predictions at muon colliders have been made regarding the
possibility of sterile neutrinos [51–58].
Apart from the collider searches, people also have

discussed the possible generating mechanism of the sterile
neutrino as the dark matter from first-order phase transition
(FOPT) in the early Universe [59,60], where the specific
generation mechanism from Q-ball decays formed from
FOPT, from the resonance with the help of lepton asym-
metry, or from the first-order QCD phase transitions, are
investigated. In these papers, since sterile neutrinos are
required to be dark matter, their masses can be typically
light to satisfy cosmological and astrophysical constraints.
They also discussed possible detection of gravitational
waves (GWs), formed during the phase transition, in future
observations. These studies offer new insights into the
generation mechanism of sterile neutrino dark matter and
provide potential exploration methods utilizing the present
and future gravitational-wave observations. Consequently,
it is reasonable to drill into the possible research of sterile
neutrinos not only at the ground-based operable colliders
but also in the GW experiments once there is an additional
scalar potential [61–64].
In terms of the typical type-I seesaw mechanism, a

Majorana mass term can naturally arise after the sponta-
neous symmetry breaking of a new scalar, so it comes very
natural to consider its own potential and mix with the
potential of the SM Higgs field. Therefore, a possible
electroweak FOPT of the Higgs and new scalar field may
occur in the early Universe, which could potentially leave
detectable GW signatures in the present Universe. In
addition to providing Majorana masses for sterile neutrinos,
introducing a new scalar field also offers a promising
channel for producing heavy sterile neutrinos in colliders
through mixing with the Higgs field. As a result, we
can cross-check this mechanism at colliders and GW
observations.
Contrary to previous studies [65–72], in this work, we try

to investigate a UV-complete model featuring a sterile
neutrino N obtaining its Majorana mass after the sponta-
neous symmetry breaking of a new scalar S, where the new
scalar shares a mixing potential with the SM Higgs. The
symmetry of the mixing potential between the new scalar
field and the Higgs field will spontaneously break at the
electroweak energy scale as the Universe expands, which
may result in a first-order phase transition. Therefore, it is
possible to probe the associated GWs from the FOPT at
experiments such as LISA, Taiji, and TianQin. In addition,
the sterile neutrino will obtain a huge Majorana mass after
symmetry breaking which can, just like the traditional
type-I seesaw mechanism, generate a small mass for active
neutrinos. The sterile neutrino will be naturally long-lived
due to the suppression of the tiny mixing angle. And the
mixing between the scalar S and the Higgs field provides a

large production cross-section for the sterile neutrino via
the Higgs and the new scalar. Firstly, we will calculate and
simulate the phase-transition process, get its corresponding
gravitational-wave spectrum, and then examine its possible
detection on the GW platforms. Secondly, we explore the
potential to probe the long-lived sterile neutrino at the
future HL-LHC with center-of-energy

ffiffiffi
s

p ¼ 14 TeV and
luminosity L ¼ 3 ab−1 [73–75], concentrating on its pair
production via the s-channel processes mediated by Higgs
or new S particles. Then its subsequent long-lived decay
processes, such as N → Zν, N → lW, and N → hν, are
investigated and an inclusive search for displaced vertex
signatures is implemented at the future CMS detector
employing the high-resolution tracker and upgraded timing
layer systems. These cross-checked searches across two
different time scales and two different detection methods
can cover most of the parameter space of the model,
enhance the understanding of sterile neutrinos, and fill
gaps in previous research.
This paper is organized as follows. In Sec. II, the specific

model of the sterile neutrino in the mixed new scalar and
Higgs field potential, as well as their relevant decay
processes, are described and calculated. In Sec. III, we
investigate the possible constraints on the new scalar and
sterile neutrino from the collider searches and muon g − 2.
In Sec. IV, the strong first-order phase transition in the early
Universe, as well as the gravitational waves generated by
this phase transition, are discussed. In Sec. V, we discuss
the long-lived signatures of sterile neutrinos and their
projected sensitivities at the HL-LHC. In Sec. VI, we
discuss the interplay between GW detections and collider
searches. In Sec. VII, we conclude.

II. THE MODEL

To generate a mass for SM neutrinos, we extend the SM
by introducing two new fields: a Majorana fermion N̂ and a
real scalar Ŝ, both of which are singlets under the SM gauge
group. The relevant Lagrangian is

LN ¼ ¯̂Ni=∂N̂ −
�
y0 ¯̂L ˜̂H N̂þ yN

2
Ŝ ¯̂NcN̂ þ H:c:

�

þ 1

2
∂μŜ∂μŜ − VðĤ; ŜÞ;

VðĤ; ŜÞ ¼ −μ2HjĤj2 þ λHjĤj4 þ μ31Ŝþ μ22
2
Ŝ2 þ μ3

3
Ŝ3

þ λS
4
Ŝ4 þ μHS

2
jĤj2Ŝþ λHS

2
jĤj2Ŝ2; ð1Þ

where Ĥ is the SM Higgs doublet, L̂ represents the SM
left-handed lepton doublet, and VðĤ; ŜÞ is the potential
of Higgs and the new scalar field. For concreteness,
and without loss of generality, we focus on the second-
generation lepton, where the active neutrino obtains its
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mass via the seesaw mechanism. This setup can be regarded
as an effective single-flavor description of a general 3þ 3
seesaw framework, where the complete neutrino Yukawa
sector can be consistently implemented via the Casas–
Ibarra parameterization [76]. This effective description
is sufficient for capturing the collider and gravitational-
wave phenomenology discussed in this work. In the
following, ν (l) refers to νμ (μ) unless stated otherwise.
After electroweak symmetry breaking, both the Higgs
doublet Ĥ and the new scalar Ŝ acquire vacuum expectation
values (vevs),

Ĥ ¼ 1ffiffiffi
2

p
�

0

vþ ĥ

�
; Ŝ ¼ vs þ ŝ; ð2Þ

where v and vs denote the vevs of the Ĥ and Ŝ field,
respectively, with v ¼ 246 GeV being the SM Higgs vev.
Here, ĥ denotes the neutral Higgs excitation and ŝ denotes
the scalar excitation of Ŝ, both in the interaction basis. In
the following subsections, we first diagonalize the scalar
and neutrino mass matrices to obtain the physical states,
and then analyze the relevant decay channels of the new
particles.

A. Scalar part

After spontaneous symmetry breaking, the interaction
terms jĤj2Ŝ and jĤj2Ŝ2 in the scalar potential generate
mass mixing between the Higgs field ĥ and the new scalar
ŝ. The mass term in the Lagrangian can be written as

Lscalar
mass ¼ 1

2
ðĥ; ŝÞ

�
m2

H m2
HS

m2
HS m2

S

��
ĥ
ŝ

�
¼ 1

2
ðĥ; ŝÞM2

HS

�
ĥ
ŝ

�

¼ 1

2
ðh; sÞU†M2

HSU

�
h
s

�
; ð3Þ

where h is the SM Higgs boson withmh ¼ 125 GeV, and s
is the new scalar. The explicit form of the mass matrix
elements can be given by

m2
H ≡ ∂

2V

∂Ĥ2
¼ 2λHv2;

m2
HS ≡ ∂

2V

∂Ŝ2
¼ ðμHS þ 2λHSvsÞ

v
2
;

m2
S ≡ ∂

2V

∂Ĥ∂Ŝ
¼ −

μ31
vs

þ μ3vs þ 2λSv2s −
μHSv2

4vs
; ð4Þ

and U is the unitary matrix that diagonalizes M2
HS:

U†M2
HSU ¼ diagðm2

h; m
2
sÞ; with U ¼

�
cos θhs − sin θhs
sin θhs cos θhs

�
; ð5Þ

The mixing angle, θhs, between h and s can be deter-
mined by

tan 2θhs ¼
2m2

HS

m2
H −m2

S
: ð6Þ

After diagonalizing the scalar mass matrix, the interactions
of the SM Higgs and the new scalar with SM particles are
modified by the mixing angle θhs, such that

ghXX ¼ cos θhs · gSMhXX; gsXX ¼ sin θhs · gSMhXX; ð7Þ

where gSMhXX denotes the SM Higgs couplings to SM
particles X (leptons, quarks, and gauge bosons). Conse-
quently, the mixing angle θhs can be constrained by
precision measurements of Higgs production and decay.
With mh¼ 125 GeV and v ¼ 246 GeV fixed, the scalar
sector has five remaining free parameters:

fms; θhs; μ3; λHS; λSg or fms; θhs; vs; λHS; λSg: ð8Þ

Thus, we have the effective Lagrangian as

L ¼ 1

2
∂μh∂μhþ 1

2
∂μs∂μs −

1

2
m2

hh
2 −

1

2
m2

ss2

− λshhshh − Velseðs; hÞ; ð9Þ

where

λshh ¼
�
1

2
μHS þ λHSvs

�
cos3θhs

þ ð2λHSv − 6λHvÞ sin θhscos2θhs
þ ð6λS vs þ 2μ3 − 2λHS vs − μHSÞsin2θhs cos θhs
− λHS v sin3θhs: ð10Þ

In the mass eigenbasis, the SM-like Higgs h has its
production cross-section and decay width modified by
the mixing angle θhs:

σh ¼ cos2θhs · σSMh ;

Γh ¼ cos2θhs · ΓSM
h ; ð11Þ

where σSMh and ΓSM
h denote the SM Higgs production cross-

section and decay width. For the new scalar s, we consider
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the mass region where ms > 2mh. In this regime, s can
always decay into a pair of SM Higgs bosons. Conse-
quently, we can ignore the three-body decay; the produc-
tion cross-section and decay width are given by

σs ¼ sin2θhs · σSMh ðmsÞ;
Γs ¼ sin2θhs · ΓSM

h ðmsÞ þ Γs→hh þ Γs→NN; ð12Þ

where σSMh ðmsÞ and ΓSM
h ðmsÞ represent the SM Higgs

production cross-section and decay width evaluated at
the mass of s. The additional decay channels from the
mixing, s → hh and s → NN, contribute to the total width,
which can be derived as

Γs→hh ¼
λshh

32πms

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1 −

4m2
h

m2
s

s
;

Γs→NN ¼ ms

16π

m2
N

v2s

�
1 −

4m2
N

m2
s

�
3=2

cos2θhs: ð13Þ

B. Neutrino part

The mass terms for the neutrino after the symmetry
breaking can be written as

LN
mass ¼ −

1

2
¯̂ncMNn̂þ H:c:

¼ −
1

2
ncU0†MNU0nþ H:c:; ð14Þ

where n̂ ¼ ð ν̂
N̂cÞ represents the interaction eigenstate, and

n ¼ ð ν
NcÞ denotes the mass eigenstate. The mass matrix of

active and sterile neutrinos is

MN ¼
�

0 m0
D

m0
D m0

N

�
; ð15Þ

with

m0
D ¼ y0vffiffiffi

2
p ; m0

N ¼ yNvs: ð16Þ

The mass matrix is diagonalized by the unitary matrix U0,
according to U0†MNU0 ¼ diagðmν; mNÞ. U0 can be

parameterized as a simple rotation:

U0 ¼
�
cos θνN − sin θνN
sin θνN cos θνN

�
: ð17Þ

In the seesaw limit mN ≫ mD, to leading order in mD=mN ,
the mass eigenvalues and mixing angle are approximately

mν ≃
ðm0

DÞ2
m0

N
≃m0

Nθ
2
νN; mN ≃m0

N þ ðm0
DÞ2

m0
N

≃m0
N;

θνN ≃
m0

D

m0
N
; ð18Þ

with θνN representing a small mixing angle between active
and sterile neutrinos. Thus, the mass of the heavy sterile
neutrino is approximately equal tom0

N . The free parameters
for neutrino mass and interaction are

fmN; θνNg: ð19Þ

The measured upper bound on the active neutrino mass
{mν < 0.45 eV[77]} puts a stringent constraint on the
mixing angle for a given sterile neutrino mass, which
reads as

θνN ¼
ffiffiffiffiffiffiffi
mν

mN

r
≲

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
0.1 eV
100 GeV

r
·

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
100 GeV

mN

s

¼ 10−6

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
100 GeV

mN

s
; ð20Þ

where we conservatively takemν < 0.1 eV. For instance, if
mN ¼ 100 GeV, we have θνN ≲ 10−6. From a naturalness
perspective, the Dirac mass term of the neutrino is

m0
D ¼ ffiffiffiffiffiffiffiffiffiffiffiffi

mνmN
p ¼ 10−4

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
mν

0.1 eV
·

mN

100 GeV

r
GeV: ð21Þ

Therefore, in the following discussions, we focus on the
region with mN > 100 GeV and θνN < 10−6. After per-
forming the rotation and specifying the free parameters, to
the leading order, the effective interaction Lagrangian for
the sterile neutrino can be expressed as

LInt
eff ≃

gWffiffiffi
2

p θνN ·WμðNcγμlL þ H:c:Þ þ gW
2 cos θW

θνN · ZμðνLγμNc þ H:c:Þ

þmNθνN
v

ðh cos θhs − s sin θhsÞðν̄L N þ θνN ν̄Lν
c
L − θνNN̄cN þ H:c:Þ ð22Þ

þmN

vs
ðs cos θhs þ h sin θhsÞðN̄cN þ θνNN̄cνcL þ θνN ν̄LNÞ: ð23Þ
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The interactions involving the Higgs mass eigenstates h
and s arise from the mixing between the SM Higgs and the
new scalar. These terms encode the couplings ν̄LN and N̄N
mediated by h and s, with coefficients modified by the
scalar-mixing angle θhs and the active–sterile mixing θνN .
The terms proportional to mN=vs originate from the

Majorana mass generation mechanism. They provide the
scalar fermion interactions associated with the new singlet
scalar field. By contrast, the terms proportional to mN=v
arise from Yukawa interaction with Higgs doublet H.

For our sterile neutrinos of interest, mass region mN ≫
100 GeV and ms ≳mN , the sterile neutrino can decay to
lW, νZ, and νh. Thus, the total decay width of N can be
written as

ΓN ¼ 2ΓðN → l−WþÞ þ ΓðN → νlZÞ þ ΓðN → νlhÞ;
ð24Þ

where

ΓðN → l−WþÞ ¼ ΓðN → lþW−Þ ¼ θ2νNg
2
W

64π

ðm2
N −m2

WÞ2ðm2
N þ 2m2

WÞ
m3

Nm
2
W

;

ΓðN → νlZÞ ¼
θ2νNg

2
W

128π

ðm2
N −m2

ZÞ2ðm2
N þ 2m2

ZÞ
m3

Nm
2
W

;

ΓðN → νlhÞ ≃
ðv sin θhs þ vs cos θhsÞ2θ2νNg2W

128πv2s

ðm2
N −m2

hÞ2
mNm2

W
: ð25Þ

In the limit mN ≫ mW;mZ;mh, and θhs ≪ 1, the decay
width of N is proportional to θ2Nm

3
N=v

2. The branching
ratios of N are illustrated in the left panel of Fig. 1. The
label l�W∓ denotes the sum over charge-conjugated
channels, N → lþW− and N → l−Wþ. When mN is
considerably larger than the Higgs mass, the branching
ratios of N are approximately N → l�W∓ at 66%, N → νh
at 17%, and N → νZ at 17%. This illustrates that the width
of N is constrained by the tiny neutrino sterile neutrino
mixing angle.
When mN ≫ mW;mZ;mh, and θhs ≪ 1, all decay chan-

nels of N are open, and the sterile neutrino’s proper decay
length cτN can be directly obtained from the total decay
width of N:

cτN ¼ 1

ΓN
≃ 1.3 cm ×

�
10−8

θνN

�
2
�
500 GeV

mN

�
3

; ð26Þ

where we fixed gW ¼ 0.65; mW ¼ 80.4 GeV, and c is the
speed of light. The dependence of the lifetime on mN is
illustrated in the right panel of Fig. 1, using the complete
formula of ΓN from Eq. (24). In the relevant parameter
space, for example, with θνN ¼ 10−8 and mN ¼ 100 GeV,
the sterile neutrino N has a proper decay length of approxi-
mately 9.4 meters because the decay channel N → hν is
forbidden and must be excluded from the calculation.
This long-lived signature could potentially be observed
at future HL-LHC.

102 103
0.0

0.2

0.4

0.6

0.8

1.0

102 103
10 5

10 4

10 3

10 2

10 1

1

101

FIG. 1. Branching ratios of sterile neutrino N decay (left) and its proper decay length (right) as a function of sterile neutrino mass mN

with θhs ¼ 0.1. The three main decay branching ratios are shown in different colors with red corresponding to N → l�W∓, orange
corresponding to N → νZ, and blue corresponding to N → νh.
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In summary, we have systematically analyzed the model,
focusing on the mass mixing of scalars and fermions. After
diagonalizing the mass matrices, we derived the corre-
sponding interaction Lagrangians and studied the decay
widths and branching ratios of the heavy scalar s and sterile
neutrino N. The independent parameters of the model are

fms; θhs; vs; λHS; λS; mN; θνNg: ð27Þ

III. EXISTING CONSTRAINTS

Introducing the new scalar S and sterile neutrino N has
brought about a series of constraints in perturbation theory
and collider searches. Due to the heavy mass of the sterile
neutrino and its tiny mixing angle with the active neutrino,
the sterile neutrino-related parts are subject to almost no
constraints. The limitations arising from the interactions
between the Higgs boson and the new scalar are the most
significant ones. Therefore, we will mainly explore the new
scalar-related constraints in this section.
From a theoretical perspective, tree-level perturbative

unitarity [78,79] imposes a constraint on the mass and vev
of the new scalar through a relation involving the partial
wave amplitudes aJðsÞ for all possible 2 → 2 scattering
processes, which requires

jReðaJðsÞÞj ≤
1

2
; ð28Þ

with the most stringent constraint coming from the a0
partial wave. In the limit of a heavy new scalar, pertur-
bative unitarity places a straightforward and robust upper
limit on tanð vvsÞ due to the tiny s − h mixing angle, which
reads as [80]

tan2
�
v
vs

�
<

16πv
3m2

s
; for a0ðss → ssÞ < 0.5: ð29Þ

For vs¼ 500 GeV, this implies that the new scalar massms
must be smaller than 1878 GeV. Furthermore, perturba-
tivity typically demands that the couplings, including λS,
μHS, and λHS, remain below 4π.
In our model, the couplings of h to SM particles are

reduced by the mixing angle θhs, which modifies the Higgs
boson production cross-sections while leaving its decay
branching ratios unaffected, provided that ms > 2mh.
Consequently, such parameters are stringently restricted
by experimental measurements of SM Higgs signal
strengths μ,

μ ¼ ð1 − sin2 θhsÞ · μSM: ð30Þ

The global analysis of Higgs couplings conducted by CMS
Run-2 provides the following constraint [81]:

μ=μSM > 0.89; ð31Þ

at 95% C.L. to account for the observed Higgs signal
strengths, which requires j sin θhsj < 0.33.
Further constraints come from electroweak precision

observables, particularly the high-precision measure-
ment of the W boson mass. The mass of W boson, mW ,
must align within 2σ of the experimental value mexp

W ¼
80.385� 0.015 GeV. One-loop corrections are dependent
on ms and θhs. These can be easily satisfied by requiring
sin θhs ≲ 0.18 [82].

IV. FIRST-ORDER ELECTROWEAK
PHASE TRANSITION AND THE

GRAVITATIONAL WAVES

In this section, we will focus on the entire electroweak
phase-transition process and its associated GWs. We will
then explore the potential for detecting GWs in future
GW observations. Specifically, the viable parameters that
can result in a strong FOPT will be carefully investigated,
closely related to the detection sensitivity at future
colliders.
The scalar potential VðĤ; ŜÞ in Eq. (1) refers to the zero

temperature potential, which will acquire the thermal
correction of finite temperature T in the early Universe.
Up to T2, the gauge-invariant thermally corrected effective
potential takes the form [83–86]:

VT ¼ ð−μ2H þ cHT2ÞjĤj2 þ λHjĤj4 þ ðμ31 þm1T2ÞŜ

þ μ22 þ cST2

2
Ŝ2 þ μ3

3
Ŝ3 þ λS

4
Ŝ4

þ μHS

2
jĤj2Ŝþ λHS

2
jĤj2Ŝ2; ð32Þ

with

cH ¼ 3g2 þ g02

16
þ y2t

4
þ λH

2
þ λHS

24
;

cS ¼
λHS

6
þ λS

4
þ y2N

12
;

m1 ¼
μHS þ μ3

12
; ð33Þ

where g and g0 represent the electroweak gauge couplings,
and yt denotes the top Yukawa coupling. Contributions
from other quarks or leptons are considered negligible. As
discussed in Ref. [87], it is generally a good approximation
to neglect small terms, such as the y2N term in cS, since it is
much smaller than λHS and λS. As highlighted in Ref. [85],
the presence of a nonzero μ31, known as the tadpole term,
has a significant impact on the first-order electroweak
phase transition (FOEWPT) pattern. Consequently, this
tadpole term is generally retained.
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In our numerical analysis, we go beyond the high-
temperature expansion and utilize the full one-loop
finite-temperature effective potential. The complete poten-
tial is defined as:

Veffðh; s; TÞ ¼ V0ðh; sÞ þ VCWðh; sÞ
þ VCTðh; sÞ þ VTðh; s; TÞ: ð34Þ

Here, VCW is the Coleman-Weinberg potential representing
zero-temperature quantum corrections, given in the MS
scheme by:

VCWðh; sÞ ¼
X
i

ni
64π2

m4
i ðh; sÞ

�
ln
�
m2

i ðh; sÞ
Q2

�
− ci

�
; ð35Þ

where the sum runs over all bosonic and fermionic
degrees of freedom with field-dependent masses miðh; sÞ.
To maintain the tree-level vacuum structure ðv; vsÞ and
the scalar mass spectrum at T ¼ 0, we include a counter-
term potential VCT. We adopt an on-shell renormali-
zation scheme where the counterterm parameters
ðδμ2H; δμ31; δμ22; δμ3; δμHSÞ are uniquely fixed by requiring
that the first and second derivatives of ðVCW þ VCTÞ vanish
at the tree-level vacuum. The thermal contribution VT is
incorporated using the full thermal functions JB;F without
truncation:

VTðh; s; TÞ ¼
T4

2π2

"X
i∈B

niJB

�
m2

i ðh; sÞ
T2

�

þ
X
i∈F

niJF

�
m2

i ðh; sÞ
T2

�#
: ð36Þ

To improve perturbative convergence and account for the
resummation of infrared-sensitive bosonic zero modes,
we replace the tree-level masses with thermally Debye-
corrected masses [88,89], m2

i ðh; sÞ → m2
i ðh; sÞ þ ΠiðTÞ.

By minimizing this full potential in the two-dimensional
ðh; sÞ field space, we accurately capture the tunneling dyna-
mics and the resulting GW signatures without restricting
the phase transition to a single-field direction. Specifically
speaking, the total scalar potential can experience a diverse
and complex array of phase-transition processes with the
thermal corrections. The FOEWPT requires the existence
of two degenerate vacua, one with electroweak sym-
metric hhi ¼ 0, the other with the broken one hhi ≠ 0 at
some critical temperature Tc. In the early Universe, with
extremely high temperature T ≫ Tc, the Universe falls into
the symmetric phase. Then, as the Universe expands and
cools, when the temperature drops below Tc, the symmetric
vacuum hhi ¼ 0 is no longer the global minimum; instead,
the broken vacuum hhi ≠ 0 becomes the much deeper
minimum, and the Universe will gradually decay to the
broken phase hhi ≠ 0. Together with the singlet field s, due
to the presence of singlet odd terms, the electroweak

phase transition generally proceeds from a temperature-
dependent symmetric vacuum ðh ¼ 0; s ¼ s0ðTÞÞ to the
broken vacuum ðvðTÞ; vsðTÞÞ, often through a genuinely
two-field and possibly multistep transition [90–92], which
is fully simulated using cosmoTransitions [93]. The decay rate
per unit volume is [94]

ΓðTÞ ∼ T4

�
S3ðTÞ
2πT

�
3=2

e−S3ðTÞ=T; ð37Þ

where S3ðTÞ represents the classical action of the
Oð3Þ-symmetric bounce solution. A phase transition takes
place when the decay rate per Hubble volume reaches the
Oð1Þ. The nucleation temperature Tn is determined using
the cosmological Kibble-Zurek criterion: ΓðTnÞ ¼ H4ðTnÞ,
where HðTÞ is the Hubble constant at temperature T. In a
Universe dominated by radiation, where a FOPT occurs
near the EW scale, the temperature Tn can be determined
using the following approximate relation [95]:

S3ðTnÞ=Tn ≈ 140; ð38Þ
which serves as the criterion for an FOEWPT. For each
parameter input in Eq. (27), after substituting into Eq. (34),
the nucleation temperature Tn and the other phase-
transition-relevant quantities can be calculated using the
PYTHON package cosmoTransitions.
Figure 2 shows the branching ratio for the decay of the

scalar s into a pair of sterile neutrinos, evaluated at para-
meter points that satisfy the FOEWPT. Without loss of
generality, we set the mN ¼ 0.5vs. The left panel of Fig. 2
illustrates the branching ratio in thems−mN plane, in which
orange, cyan, and blue colors represent BR < 1=3,
1=3 ⩽ BR < 2=3, and BR ⩾ 2=3. In the right panel of
Fig. 2, we show the branching ratio in the ms-θhs plane.
Stochastic GWs are generated by FOEWPT mainly

through three processes: bubble collisions [96–100], sound
waves in the plasma [101,102], and magnetohydrodynam-
ics turbulence [101,102]. The present-day GW spectrum
can be calculated as the spectrum sum of the three sources,
that is, ΩGWh2 ¼ Ωbch2 þ Ωswh2 þΩturbh2, which can be
well expressed as functions of a series of parameters, such
as the energy budget of FOEWPT normalized by the
radiation energy density (α), the inverse time duration of
the FOEWPT (β), the bubble wall velocity vw, and other
relevant parameters [98,102–105] f see Ref. [106] for a
summary of the specific computational details g. Among
these parameters, two crucial parameters for the GWare the
energy budget of FOEWPT (α) normalized by the radiation
energy density and the inverse time duration of the
FOEWPT (β), which are given by

α ¼ 1

ρR

�
T
∂ΔVT

∂T
−ΔVT

�����
Tn

; β=H ¼ Tn
dðS3=TÞ

dT

����
Tn

;

ð39Þ
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where ρR ¼ g�π2T4
n=30 is the radiation energy density of

the thermal bath, ΔVT is the effective potential difference
between the true and false vacua, and g� ∼ 100 is the
number of relativistic degrees of freedom.
Once the total GW spectrum for each parameter input is

calculated, the signal-to-noise ratio (SNR) [107] provides a
common method to estimate the detectability of the GW
signal at an interferometer. Several interferometers, such as
the LISA [108], BBO/DECIGO [109,110], TianQin [111],
and Taiji [112] programs, serve as excellent platforms for
GWobservation. Taking LISA as an example, the SNR can
be expressed as [107]

SNR ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
t
Z

fmax

fmin

df

�
ΩGWðfÞ
ΩLISAðfÞ

�
2

s
; ð40Þ

where ΩLISA represents the power spectrum density of the
LISA detector [107], and t ¼ 9.46 × 107 s signifies a typical
operational duration (approximately four years) [113].
In the left panel of Fig. 3, we illustrate the impact of

various α and β=H distributions on the SNR results. We
find that the SNR progressively increases with higher α
values while it decreases with lower β=H values. This can
be attributed to the necessity for a more rapid and vigorous
phase transition in the presence of a stronger FOPT. To
achieve a sufficiently large SNR that GW detectors can
detect, the parameter space is predominantly concentrated
in the region where α > 0.01 and β=H < 103. The pre-
dicted GW spectra, ΩGWh2, of the FOEWPT, as a function
of frequency f, are shown in the right panel of Fig. 3 for
three benchmark points (BPs):

BP1∶ ms ¼ 570 GeV; θhs ¼ 0.2; vs ¼ 807 GeV; λHS ¼ 4.9; λs ¼ 0.6;

which gives TC ¼ 62.4 GeV; Tn ¼ 41.3 GeV; α ¼ 0.1; β=H ¼ 209.9;

BP2∶ ms ¼ 600 GeV; θhs ¼ 0.1; vs ¼ 500 GeV; λHS ¼ 8.13; λs ¼ 1.0;

which gives TC ¼ 81.4 GeV; Tn ¼ 65.9 GeV; α ¼ 0.04; β=H ¼ 193;

BP3∶ ms ¼ 600 GeV; θhs ¼ 0.1; vs ¼ 40 GeV; λHS ¼ 8.4; λs ¼ 0.9;

which gives TC ¼ 92.9 GeV; Tn ¼ 77.5 GeV; α ¼ 0.03; β=H ¼ 746.6: ð41Þ

Furthermore, the sensitivity curves of several GW experi-
ments, such as LISA, TianQin, Taiji, and BBO, are also
plotted in this figure. It can be seen that the GW signal from
BP3 is roughly 3 orders of magnitude weaker than that
from BP1 and BP2, primarily because αBP1;BP2 > αBP3 and

β=HBP1;BP2 < β=HBP3. Returning to the physical parame-
ters, for sufficiently large values of vs and ms, the resulting
GW strength surpasses the sensitivity curves of detectors
over large frequency ranges, producing potentially observ-
able signals. By contrast, small vs and ms substantially
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200
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400 500 600 700 800 900 1000
0
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FIG. 2. Left: Scanned results for the branching ratio of s → NN in the ms-mN plane. Right: Scanned results for the branching ratios of
s → NN in the ms−θhs plane. The points denote parameter space regions satisfying the FOPT, with orange, cyan, and blue colors
indicating BR < 1=3, 1=3 ⩽ BR < 2=3, and BR ⩾ 2=3, respectively. We choose mN ¼ 1

2
vS.
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suppress the spectrum so that only a portion lies within
BBO’s sensitivity, which makes detection challenging.
Therefore, in the parameter space, we focus on
(mN > 100 GeV, which means vs ≳mN ∼ 100 GeV). Cur-
rent and next-generation GW detectors can provide sig-
nificant constraints on the model, and improved detector
sensitivity would further tighten these limits.

V. STERILE NEUTRINO SEARCHES
AT THE HL-LHC

As demonstrated in the last section, the frequency and
strength of the GWs from the FOPTare strongly relevant to
the mixing strength λHS, which can result in a moderate
interaction strength between the s and SM particles
after rotation to the mass eigenstates, as derived in Eq. (7).
This interaction enables the production and detection of s
particles at colliders. The interactions of sterile neutrino to
active neutrino and s make probing sterile neutrino at
colliders promising, where the sterile neutrino can be
substantially produced through s particle decays. Due to
suppression by the tiny mixing angle θνN , the sterile
neutrino will subsequently decay with a long lifetime,
leaving a displaced signature at the colliders. This signature
will be explored in this section.
Although it has been discussed at the beginning of

Sec. III that the sterile-neutrino-related parts are subject to
almost no constraints due to the tiny mixing angle with the
active neutrino, we can temporarily set aside the explan-
ation of the active neutrino mass issue. This allows a
model-independent exploration of sterile neutrinos at col-
liders. In the model-independent perspective, the mixing
element VlN (same as θνN) and the sterile neutrino mass

mN are generally treated as independent parameters. In
Refs. [114,115], the authors investigated and summarized
the experimental limits on VlN as a function of the
sterile neutrino mass mN , which usually applied its prompt
decay searches or vector boson fusion via a t-channel off-
shell heavy sterile neutrino. These experiments place soft
restrictions on VlN for the heavy sterile neutrino sector; for
example, jVlN j2 < 10−3 is required when mN > 100 GeV.
In our model, since we are interested in sterile neutrinos

with mass mN ≳ 100 GeV, the LHC serves as a natural
search platform. In particular, the relatively weak exper-
imental constraints on the s−h mixing angle allow for a
substantial coupling strength between s and gluons, thereby
facilitating the production of a pair of sterile neutrinos via
the s-channel process mediated by the s boson in gluon
fusion. Since the N → W�l∓ channel has the largest
branching ratio, we will try to investigate its collider
signatures. In the following discussions, we take the mixing
between N and the second-generation lepton νμ as an
example. An inclusive searching strategy is applied, which
requires at least one sterile neutrino to decay within the
detector volume, leaving a displaced vertex. The corre-
sponding full signal process is

pp⟶
sð�Þ=h� ðjÞNN; N → W�μ∓; W� → jj; ð42Þ

where (j) means two parton-level processes, with or
without an initial radiation jet. The number of signal events
at the HL-LHCwith a center-of-mass energy

ffiffiffi
s

p ¼ 14 TeV
and an integrated luminosity L ¼ 3 ab−1 can be written as

10 3 10 2 10 1 100
101

102

103

104

105

106

10 5 10 4 10 3 10 2 10 1 100
10 20

10 18

10 16

10 14

10 12

10 10

10 8

FIG. 3. Left: Scanned results in α − β=H plane for three different SNR regions, where red dots refer to SNR < 10, blue ones represent
10 ⩽ SNR < 50, and orange ones characterize SNR ⩾ 50. Right: The gravitational-wave energy abundance, ΩGWh2, as a function of
the GW frequency, where the green, red, blue, and orange shaded regions represent the projected sensitivity of LISA, TianQin, Taiji, and
BBO, respectively. The blue, red, and purple solid lines refer to the possible GW spectrum from three benchmark points.
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N ¼ L · σ · hP · ϵi; ð43Þ

where σ is the cross-section for processes of Eq. (42), P is
the probability for one N decaying within a given distance,
and ϵ is the kinematical cut efficiency. hP · ϵi is the
averaged inclusive searching efficiency, which is calculated
event by event.
To numerically derive the cut efficiency, a dedicated

signal event Monte Carlo simulation is applied, which can
be divided into the following steps. Firstly, parton-level
events are generated using MadGraph5 [116], by entering the
UFO model generated by FeynRules [117] based on the
whole UV model in Sec. II. Secondly, the events are passed
to the PYTHIA8 [118] and Delphes [119] for showering,
hadronization, and detector effects by use of the standard
CMS card. The jets are clustered using the anti-kt and fat
jet [120] algorithm with radius parameter R ¼ 0.5 (R ¼ 0.8
for fat jets).
For a given event, the probability that a long-lived sterile

neutrino, N, decays within a specific range ½r1 · r̂; r2 · r̂�
along its moving direction r̂ can be derived as [121]

P ¼ exp

�
−

r1
γβcτN

�
− exp

�
−

r2
γβcτN

�
; ð44Þ

where γ is the Lorentz factor of sterile neutrino N, β is its
speed, and τN is its proper lifetime. With this, one can
calculate the probability that the displaced distance dN of a
sterile neutrino satisfies 0.4 cm < jdN · sin α0j < 30 cm
[122], where α0 is the angle between the sterile neutrino
moving direction and the beamline axis. The lower
bound can effectively reduce the SM backgrounds from
prompt decays, and the upper bound is required to
ensure the good reconstruction efficiency of SM charged
particles from sterile neutrino decays. In addition, to further
eliminate the SM backgrounds, the invariant mass of
reconstructed displaced jets is required to be close to the
W mass. We can also require the invariant mass of all
displaced final charged particles to be around the sterile
neutrino mass. With additional specific kinematic require-
ments, the complete selection criteria can be organized
as [122–124]:

DV∶pμ
T > 20 GeV; jημj < 2.5; pj;trigger

T > 120 GeV; pj
T > 20 GeV; jηjj < 2.5;

0.4 cm < jdN · sin α0j < 30 cm; jdN · cos α0j < 30 cm;

mjjðmfat
j Þ∈ ½50; 100� GeV; mμjjðmμjfatÞ∈ ½0.8mN; 1.2mN �; ð45Þ

where the particles appeared are required to be well
recognized and reconstructed in the Delphes, and pμ=j

T and
ημ=j are the transverse momentum and pseudorapidity of

the muon/jets from N=W decays, respectively. pj;trigger
T is

the transverse momentum of the hardest (initial) jet, which
is used to trigger the event, and mjj (mfat

j ) is the invariant
mass of the jets (fat jet) fromW boson decays.mμjj ormμjfat

is the invariant mass of all the particles from N decays.
Since our simulation is performed at the detector level, the
isolation and identification of muons and jets are auto-
matically considered.
These selection criteria can not only ensure the signal

reconstruction, but also suppress the SM backgrounds to
a negligible level. As discussed in Refs. [58,125], the
energetic well-reconstructed displaced muon tagging and
narrow invariant mass cuts onW boson and sterile neutrino
N effectively remove the remaining SM backgrounds from
the interaction of SM particles with the detector materials,
QCD hadron and meson events, tau decays, and fake-track
coincidental background. For this reason, we adopt the
standard zero-background assumptions. A dedicated analy-
sis of these backgrounds is beyond the scope of this work
and will be discussed in more detail in future studies.
The 95% C.L. sensitivities for probing the long-lived

sterile neutrino, N, at 14 TeV HL-LHC with an integrated

luminosity L ¼ 3 ab−1 are shown in Fig. 4, where the
95% C.L. corresponds to three signal events under the zero
SM backgrounds assumption. In the left panel of Fig. 4, the
benchmark is considered with parameters set as fθhs ¼
0.2; ms ¼ 570 GeV; vs ¼ 807 GeV; λHS ¼ 4.9; λs ¼ 0.6g.
It is observed that when the mass of the sterile neutrino
mN < ms=2 with ms is fixed to 570 GeV, the collider
demonstrates enhanced sensitivity compared to scenarios
where mN exceeds ms=2. This increased sensitivity is
attributed to the larger production cross-section for ster-
ile-neutrino pairs, since in this mN < ms=2 mass range, the
pairs can be produced via decays of the on-shell scalar s. As
mN increases beyond ms=2, production must proceed via
off-shell s, which leads to the decline in sensitivity. This
kinematic transition produces a pronounced inflection in
the sensitivity curves around mN ∼ms=2, corresponding to
mN ¼ 285 GeV. Moreover, there is a significant decrease
in sensitivity within the region mN ≲ 200 GeV owing to
diminished cut efficiency. More precisely, a light sterile
neutrino is particularly boosted, and so are its decay
products, which leads to collimated jets that are more
difficult to reconstruct after being processed through
PYTHIA8 and Delphes. Especially for mN around 100 GeV,
the efficiency is severely reduced, because reconstructing
the muon from highly boosted N becomes challenging due
to the difficulty in isolating muons from jets according to
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our simulations. The dot-dashed line denotes the boundary
of parameter space that yields neutrino masses compatible
with existing experimental constraints; the region above
this line is excluded by neutrino-mass measurements. The
vertical lines indicate mN=vs corresponding to the Yukawa
coupling between N and s, and mN=ms corresponding to
the opening of the N → sν decay channel. Most of the
sensitivity region satisfies mN=vs < 1 and mN < ms, so
that we can neglect the decay process of N → sν. For this
benchmark, the HL-LHC can probe mixing angles θνN
between active neutrino and sterile neutrino within
½8 × 10−10; 10−6� and the sterile neutrino mass mN in the
range [100, 800] GeV.
In the right panel of Fig. 4, the other benchmark scenario

is examined with the parameters specified as fθhs ¼ 0.1;
ms ¼ 600 GeV; vs ¼ 500 GeV; λHS ¼ 8.13; λs ¼ 1.0g. At
the HL-LHC, the sensitivity for detecting θνN can reach as
low as 10−9, provided the sterile neutrino mass is below
300 GeV. Above the region where mN ∼ms=2, the sensi-
tivity drops considerably due to a decrease in the signal
production cross-section, similar to the behavior observed
in BP1. For this benchmark, the sensitivity to sterile
neutrino masses spans the range mN ∈ ½100; 700� GeV,
with corresponding mixing angles θνN ∈ ½10−9; 10−6�.

VI. INTERPLAY BETWEEN GW AND COLLIDER
SEARCHES

Our model for the sterile neutrino and extended
Higgs sector involves seven free parameters, as delineated
in Eq. (27). Our investigation reveals that although GW

detections and collider experiments display diverse levels
of sensitivity to these parameters, they can be fruitfully
integrated for conjoint analyses when specific parameters
are fixed. This synergy creates an opportunity to employ
both GW observations and collider searches as comple-
mentary methods to corroborate and affirm the validity of
the model.
In Fig. 5, we present the GW signal data points together

with the collider search regions, highlighting correlations
among the parameter spaces of ms, vs, and θhs. The
95% C.L. sensitivities of HL-LHC searches to long-lived
sterile neutrinos are presented, and GW observations
by LISA using a detection threshold of SNR > 10.
This juxtaposition underscores the combined power of
gravitational-wave and collider studies in probing and
placing constraints on the sterile neutrino sector.
The left panel of Fig. 5 illustrates the relationship

between GW observations and HL-LHC searches within
the ms − θhs plane. In our collider investigation, we choose
benchmark points of sterile neutrino masses of mN ¼
200; 350; 400 GeV, paired with a mixing angle of
θνN ¼ 10−8. Without loss of generality, we choose the
BRðs → NNÞ ≈ 0.5. The HL-LHC sensitivity is depicted
through various color-shaded regions. As mN is linked to
the Yukawa coupling yN and vs, the conditionmN=vs ¼ 0.5
sets a specific value for vs for each mN considered. For
fixedmN , from left to right, asmS increases, the production
cross-section of N pair mediated by off-shell s gradually
grows. Consequently, the colored region expands and
extends into progressively smaller θhs. It keeps growing
until it reaches around ms ∼ 2mN , at which point an abrupt

FIG. 4. The projected 95% C.L. sensitivities for inclusive displaced vertex searches for pp → ðjÞNN, with sterile neutrino further
decay to μW as a function of sterile neutrino massmN at HL-LHC, are shown in the color-shaded regions with the center-of-mass energyffiffiffi
s

p ¼ 14 TeV and integrated luminosity L ¼ 3ab−1. Left: The benchmark BP1: fθhs ¼ 0.2; ms ¼ 570 GeV; vs ¼ 807 GeV;
λHS ¼ 4.9; λs ¼ 0.6g. Right: The benchmark BP2: fθhs ¼ 0.1; ms ¼ 600 GeV; vs ¼ 500 GeV; λHS ¼ 8.13; λs ¼ 1.0g. Several dotted
and dashed lines are also drawn, where the three vertical lines correspond to three typical values, yN ≃ mN

vs
equals 0.5, 1, and mN

ms
¼ 1. The

other oblique line spanning from left to right represents the upper limit of the active neutrino mass requirement.
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enhancement occurs, because N can then be produced
through the decay of an on-shell s. Alternatively, for a fixed
ms, a smaller mN yields a larger production cross-section,
thereby increasing sensitivity and enabling probes of
smaller θhs regions of the parameter space. In parallel,
the projected sensitivities of future GW observatories
are shown as colored bands corresponding to different
benchmark scenarios. The points have been assigned
distinct colors based on vs, with black indicating
800 GeV ⩽ vs < 1000 GeV, dark blue denoting
700 GeV ⩽ vs < 800 GeV, dark cyan representing
400 GeV ⩽ vs < 700 GeV, and dark orange signify-
ing 200 GeV ⩽ vs < 400 GeV.
In the right panel of Fig. 5, analogous patterns are

employed to illustrate the relationship between GW signals
and HL-LHC projections within a different parameter
space, vs −ms. Black data points signify cases where
0 ⩽ θhs < 0.05, while dark orange points represent
θhs ⩾ 0.15. Dark cyan points correspond to the range
0.1 ⩽ θhs < 0.15, and dark blue points to 0.05 ≤
θhs < 0.1. The shaded regions in color indicate the
HL-LHC sensitivity. We examine three scenarios with
θhs ¼ 0.05, 0.1, 0.15, and a fixed θνN ¼ 10−7. The dashed
line signifies vs=ms ¼ 1, which marks the boundary
between on-shell and off-shell s-mediated N pair produc-
tion when mN=vs ¼ 0.5. In light ms range, the sensitivity
boundary is reached at vs ¼ 600 GeV, corresponding to
mN ¼ 300 GeV. This is because the particle N generates
a displaced-vertex signature predominantly at this mass,
with θνN held constant at 10−7. As mN (vs) increases, the
decay width broadens, leading to prompt decays. For
ms > 600 GeV, the production cross-section is augmented

due to on-shell s production, thereby extending the
explored region of the parameter space. Moreover, the
range of accessible vs values increases with a higher θhs.
Consequently, within this domain, raising θhs results in a
discernible protrusion in the sensitivity map.
Collider searches face constraints when exploring the

parameter space at small values of θhs, as the production
cross-section is significantly reduced in this regime. In
scenarios where mN=vs and θνN are held constant, the
HL-LHC can only probe up to vs ¼ mN=0.5 ¼ 800 GeV
when mN is 400 GeV. At scales beyond this, collider
sensitivity decreases dramatically. Conversely, GW signals,
represented by points, remain detectable in areas where
collider searches become ineffective, especially for higher
scalar vacuum expectation values.
The regions where GW signal points coincide with

collider sensitivity bands, indicated by matching colors,
delineate a parameter space that can be investigated by both
experimental approaches concurrently. This overlap facil-
itates strong cross-validation of this model. On the other
hand, areas without overlap pinpoint sectors that are
exclusively accessible to either GW or collider investiga-
tions. Collectively, these findings indicate that within
specific feasible parameter domains, GW and collider
experiments offer a synergistic exploration of the sterile
neutrino parameter space, establishing an effective meth-
odology for model verification.

VII. CONCLUSIONS

In this work, a UV-complete model with a sterile
neutrino obtaining mass via the spontaneous symmetry

FIG. 5. Interplay between gravitational-wave detection and LHC searches. The dots correspond to the LISA-detectable gravitational-
wave signals, and the color-shaded regions are the HL-LHC projections at

ffiffiffi
s

p ¼ 14 TeV withL ¼ 3 ab−1. Left: Projected joint searches
for the parameters θhs −ms with three different benchmark choices for the single heavy neutrino mass mN . The points are the
GW data, in which dark orange, cyan, blue, and black colors represent vs ∈ ½200; 400Þ GeV; ½400; 700Þ GeV; ½700; 800Þ GeV, and
[800, 1000) GeV. Right: Projected searches for the parameters, vs −ms, with three Higgs-scalar mixing angles fixed. The points are the
GW data, in which black, dark blue, cyan, and orange colors represent θhs ∈ ½0; 0.05Þ; ½0.05; 0.1Þ; ½0.1; 0.15Þ, and [0.15, 0.2).
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breaking of a new scalar is explored, where the new
introduced scalar, combined with the electroweak Higgs
field, can not only generate observable GWs through the
FOEWPT, but also provide a promising sterile neutrino
production channel at HL-LHC via the scalar mixing.
Furthermore, this model addresses the neutrino mass
problem following the traditional see-saw mechanism,
which also naturally yields the sterile neutrino decay
channel. The suppression of this decay by the tiny mixing
angle between the active and sterile neutrinos leads to a
long-lived signature at the collider length scales.
We first investigated the phase transition of the combined

potential VðĤ; ŜÞ of the new scalar and Higgs field in
the early Universe. Specifically, we derived the thermal
corrected effective potential and embedded it into the
cosmoTransitions to pinpoint the available regions for param-
eter spaces that support a detectable first-order electroweak
phase transition. Next, we obtained the feasible FOEWPT
for different parameter spaces ms and vs after fixing the
scalar mixing angle θhs, which are densely populated in
the area with small vs. Via simulations, the GW energy
spectrum ΩGWh2 associated with characteristic parameters
α and β is obtained, showing that the predicted frequency
and strength lie within the sensitivity of LISA, BBO/
DECIGO, Taiji, and TianQin observations.
Secondly, we explore the long-lived signatures of the

sterile neutrino N at the HL-LHC, especially focusing on
inclusive searches for the generation of pair sterile neu-
trinos via the s-channel mediated by the Higgs and the new
scalar s. The on-shell production of heavy scalar s and its
decay into the sterile neutrino pair greatly enhances the
production rate for N. Due to the larger decay branching
ratio, the N → Wμ channel is adopted in the analysis.
Utilizing the displaced vertex method, we explore the
detection of the long-lived sterile neutrino. We find that
the 14 TeV HL-LHC with an integrated luminosity L ¼
3 ab−1 exhibits significant sensitivities to sterile neutrino
mass in the range mN ∈ ½100; 800� GeV, with mixing angle
θνN ∈ ½8 × 10−10; 10−6� for the benchmark point fθhs ¼
0.2; ms ¼ 570 GeV; vs ¼ 807 GeV; λHS ¼ 4.9; λs ¼ 0.6g,
and mN ∈ ½100; 700� GeV with mixing angle θνN ∈
½10−9; 10−6� for the benchmark point fθhs ¼ 0.1 ;
ms ¼ 600 GeV; vs ¼ 500 GeV; λHS ¼ 8.13; λs ¼ 1.0g. The

sensitivities vary slightly with different benchmark points,
but the overall sensitive regions remain largely unchanged.
Additionally, combined sensitivities from the GW
observations and collider searches are also investigated.
We find that most of the parameter space can be cross-
checked by both GW and HL-LHC searches, while
others can only be exclusively detected through either
gravitational-wave observations or collider searches.
Consequently, LHC searches and GW detection exhibit
strong complementarity.
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