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Purely baryonic weak decays of heavy baryons in a Skyrme model
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Purely baryonic weak decays of heavy baryons are investigated within the framework of the Skyrme model.
These decays belong to a new class of unobserved decay channels, which would help us to test the standard
model, particularly potential sources of CP violation in the baryonic sector. By interpreting the heavy baryon as
a bound state of a heavy meson and a baryon (Skyrmion), a direct calculation of the decay process �b → pp̄n is
performed. The resulting branching fraction is of O(10−6), in agreement with previous estimates.
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I. INTRODUCTION

The search for physics beyond the standard model (BSM)
is one of the central goals of contemporary particle physics.
Among the various possible signatures, new sources of CP
violation are of particular interest, as they may help to explain
the baryon asymmetry of the universe and other fundamen-
tal open problems. While most experimental and theoretical
studies have traditionally focused on mesonic decay channels,
purely baryonic weak decays constitute a complementary and
largely unexplored new class of processes with potential sen-
sitivity to BSM interactions. In this context, the decay of
a heavy baryon into three light baryons provides a novel
probe. Although such processes are conceptually simple, they
capture essential features of baryonic weak dynamics and
have only begun to receive attention in the literature [1,2].
Since the decay modes involve four spin-1/2 baryons, T-odd
triple-product correlations associated with the spins of the
final state particles can be easily constructed. They therefore
represent a promising framework for future investigations of
new physics. Motivated by these considerations, the present
work undertakes a detailed study of purely baryonic weak
decays of heavy baryons within the standard model.

One of the classical approaches to heavy-baryon physics
is provided by the skyrme model within chiral perturbation
theory (ChPT), which offers a low-energy effective descrip-
tion of QCD [3–5] and is primarily formulated to describe
pion dynamics. To incorporate baryonic degrees of freedom,
additional structures must be introduced. Within this frame-
work, baryons emerge as topological solitons (Skyrmions) of
the chiral Lagrangian [6–9]. This soliton picture has proven
effective in describing various baryonic properties, including
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form factors [10,11]. When extended to incorporate heavy-
flavor degrees of freedom [12,13], the Skyrme model further
allows heavy baryons to be interpreted as bound states of a
heavy meson and a soliton [14–16]. This provides a unified
framework for treating both light and heavy baryonic systems.

This paper presents a detailed theoretical study of the
purely baryonic weak decay �b → pp̄n. Within the bound-
state picture of heavy baryons, the �b baryon is treated as
a composite system consisting of a heavy meson bound to
a soliton. This representation allows the decay rate to be
computed in terms of the relevant hadronic matrix elements
in a controlled and systematic manner. In this context, time-
like form factors associated with the weak current between
nucleon states are required. To obtain these quantities, the
method developed in Ref. [11] is adopted and extended. In
particular, timelike form factors are constructed through ana-
lytic continuations of numerically determined spacelike form
factors, generalizing the original electromagnetic treatment
to the weak-current case. Using these ingredients within the
Skyrmion framework, the decay rate can be derived and eval-
uated numerically.

This paper is organized as follows. In Sec. II, the basic
building blocks within the framework of ChPT are introduced,
including a brief overview of ChPT, the solitonic description
of baryons, and the construction of baryon form factors in
the Skyrme model. In particular, the timelike form factors
relevant to the weak current are computed. The incorporation
of heavy-flavor degrees of freedom and the interpretation of
heavy baryons within the Skyrme model are then discussed.
Section III presents a detailed analysis of the weak decay
mechanism and the evaluation of the relevant matrix elements.
Numerical results for the decay rates are given and discussed
in Sec. IV. Finally, Sec. V summarizes the main results and
discusses possible future extensions.

II. SKYRME MODEL

This section introduces the interpretation of heavy baryons
in the Skyrme model and presents the building blocks required
for subsequent decay-rate calculations. Since several theoreti-
cal ingredients are involved, a collective overview is provided
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below. For further details, see Refs. [8,9,11,14,16,17] and
references therein.

A. Pion

In the framework of ChPT, quark and gluon degrees of
freedom are integrated out via hadronization, leaving hadronic
fields as the effective degrees of freedom. The basic building
block of the chiral Lagrangian is the chiral field, U (x) =
exp( iφ(x)

Fπ
), where φ(x) denotes the pion fields and Fπ is the

pion decay constant. The leading-order chiral Lagrangian is

given by L = F 2
π

4 Tr(∂μU∂μU †).

B. Baryons as solitons in the Skyrme model

Within ChPT, baryonic degrees of freedom can be incor-
porated through the Skyrme model [7,8]. In this approach,
baryons emerge as topological soliton solutions, so-called
Skyrmions, of the chiral field. The Skyrme model extends the
leading-order chiral Lagrangian by introducing a stabilizing
higher-derivative term, known as the Skyrme term [6,7]. This
term prevents soliton collapse and ensures the existence of
finite-energy configurations. For static field configurations,
the corresponding energy functional takes the form

LSkyr = F 2
π

4
Tr(∂μU ∂μU †)

+ 1

32e2
Tr([U †∂μU, U †∂νU ] [U †∂μU, U †∂νU ]),

(1)

where e is the Skyrme coupling constant. Minimization of
this energy functional yields the classical Skyrmion solution.
The Skyrmion configuration corresponds to a topologically
nontrivial mapping from spatial infinity, compactified as S3,
to the group manifold SU (2). The associated integer-valued
topological charge is identified with the baryon number, es-
tablishing a direct connection between topology and baryon
number conservation in low-energy QCD.

1. Hedgehog ansatz and soliton equation

To obtain explicit finite-energy soliton solutions, a sym-
metric parametrization of the chiral field is required. Imposing
spherical symmetry under combined spatial and isospin rota-
tions naturally leads to the adoption of the hedgehog ansatz

U (r) = exp[i τ · r̂ F (r)], (2)

where τ are the Pauli matrices, r̂ = r/r, and F (r) is the radial
profile function.

Substituting this ansatz into the Skyrme Lagrangian yields
the classical equation of motion for F (r):(

1

4
r̃2 + 2 sin2 F

)
F ′′ + 1

2
r̃F ′ + sin 2F (F ′)2 − 1

4
sin 2F

− sin2 F sin 2F

r̃2
= 0, (3)

where r̃ = eFπ r. This nonlinear differential equation is
solved numerically under the boundary conditions F (0) =

π, F (∞) = 0. The corresponding soliton mass is given by

MSkyr = 4π
Fπ

e

∫ ∞

0
dr r2

{
1

2

[
(F ′)2 + 2

sin2 F

r2

]

+ 1

2

sin2 F

r2

[
sin2 F

r2
+ 2(F ′)2

]}
. (4)

2. Collective quantization of the soliton

The classical skyrmion solution carries topological charge
but lacks definite quantum numbers such as spin and isospin.
To obtain physical baryons, one introduces collective coordi-
nate quantization by promoting the global SU(2) orientation
to a time-dependent variable [8]:

�(x, t ) = A(t ) �0(x) A−1(t ), (5)

where A(t ) ∈ SU (2) and �0(x) = exp[iF (r) x̂ · τ]. Quantiza-
tion of the rotational degrees of freedom in A(t ) leads to
wave functions defined on the SU(2) collective space, whose
eigenstates correspond to the nucleon and the � resonance
with definite spin and isospin quantum numbers.

The baryon mass spectrum can be obtained through
collective-coordinate quantization. The moment of inertia of
the Skyrmion is given by

ISkyr = 8π

3

∫ ∞

0
r2dr sin2 F

{
F 2

π + 1

e2

(
(F ′)2 + sin2 F

r2

)}

(6)

and the nucleon mass takes the form MN = MSkyr + 3
8Iskyr

.
This quantized soliton framework allows systematic com-

putation of baryonic observables such as magnetic moments,
axial charges, and form factors [8,10]. These results exhibit
good agreement with experimental measurements, lending
strong support to the solitonic interpretation.

3. Electroweak form factors in the Skyrme model

The electroweak form factors of baryons can be system-
atically derived following the above mentioned collective
quantization [10]. At leading order in 1/Nc, the electric and
magnetic form factors Gp/n

E (q2) and Gp/n
M (q2), together with

the axial and induced pseudoscalar form factors GA(q2) and
GP(q2), obey the relations

Gp
E (q2) = 1

2�s

[
t02
1 (−q2) − 1

3
t02
2 (−q2)

]
+ 1

2
b00

0 (−q2),

Gn
E (q2) = − 1

2�s

[
t02
1 (−q2) − 1

3
t02
2 (−q2)

]
+ 1

2
b00

0 (−q2),

Gp
M (q2) = MN

2�s
b11

1 (−q2) + 2MN

3
t11
0 (−q2),

Gn
M (q2) = MN

2�s
b11

1 (−q2) − 2MN

3
t11
0 (−q2),

GA(q2) = −1

9

(
2w00

0 (−q2) − w00
1 (−q2)

)
− 1

9
q2

(
w20

0 (−q2) + w20
1 (−q2)

)
,

GP(q2) = 4M2
N

3

(
w20

0 (−q2) + w20
1 (−q2)

)
, (7)
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where the �s is the moment of inertia of the soliton and the b,
t , and w functions are given by

t0(r2) = t1(r2) = t2(r2) = 1

4
F 2

π

sin2 F

r2

+ 1

e2

sin2 F

r2

[
F ′2 + sin2 F

r2

]
,

b0(r2) = 1

2π2

sin2 F

r2
(−F ′),

w0(r2) = 1

2
F 2

π

sin F

r
cos F + 2

e2

sin F

r
cos F

(
F ′2 + sin2 F

r2

)
,

w1(r2) = −
(

F 2
π

2
+ 4 sin2F

e2r2

)
F ′. (8)

Their momentum-space representations are obtained through
the spherical Bessel transform:

f mn(q2) = |q|−m
∫ ∞

0
4πr2 dr jm(|q|r) rn f (r2), (9)

where jm(|q|r) are the spherical Bessel functions.

4. Timelike form factor

At this stage spacelike form factors are expressed in terms
of the functions t , b, and w, which are defined through the
Skyrme profile function F (r). However, the matrix element
〈p̄, n| jμ|0〉 involves timelike momentum transfer and there-
fore requires the corresponding timelike form factors. This
necessitates an analytic continuation from the spacelike re-
gion to the timelike region. A further complication arises
from the fact that the Skyrme profile function F (r) is deter-
mined by a nonlinear differential equation. As a consequence,
F (r) is known only through numerical solutions and the re-
sulting spacelike form factors do not admit closed analytic
expressions.

In this section, a multipoint Padé approximation of the
form factors is employed to enable a controlled analytic con-
tinuation, following the approach of Ref. [11]. Within this
framework, a systematic procedure is developed to construct
timelike form factors from the corresponding spacelike ones.
The method is then adopted to study the weak-current case
in the present work. The corresponding w functions are in-
troduced to describe the weak-current form factors, whose
explicit expressions will be given below.

To construct the Padé fitting formula, the asymptotic be-
haviors of the functions w are required as input constraints.
These asymptotic forms restrict the admissible functional
structure of the approximation and improve the numerical
stability of the fit. They are obtained by adopting the standard
pion tail for the hedgehog profile, F (r) ∼ C

r e−Mπ r, sin F ∼
F, cos F ∼ 1, and F ′(r) ∼ −Mπ

C
r e−Mπ r . For the function

w0, the leading contribution derives from sin F
r cos F ∼ e−Mπ r

r2 .

The next-to-leading term comes from sin F
r cos F (F ′2 + sin2 F

r2 ),

which behaves asymptotically as e−Mπ r

r2
e−2Mπ r

r2 = e−3Mπ r

r4 . Fur-
ther contributions are more strongly suppressed, scaling as
∼e−3Mπ r/r6, and can be neglected at this order. Consequently,

retaining the first two asymptotic terms is sufficient for the
construction of the Padé approximant

w0(r) ∼ A
e−Mπ r

r2
+ B

e−3Mπ r

r4
. (10)

For the function w1, the leading contribution is given by
−F ′ ∼ e−Mπ r/r, while the next-to-leading term behaves as
sin2 F/r2(−F ′) ∼ ( e−2Mπ r

r4 )( e−Mπ r

r ) = e−3Mπ r

r5 . Accordingly, the
asymptotic form of w1 is

w1(r) ∼ A
e−Mπ r

r
+ B

e−3Mπ r

r5
.

Based on these asymptotic behaviors, the fitting functions
used in the Padé approximation can be parametrized as

ffit(r) =
∑

a

e−μar P(a)na(r)

Q(a)ma(r)
, (11)

with ma = na + pa.
So for the w functions,

(1) w0: two tails ((μ1, p1) = (Mπ , 2) → m1 = n1 + 2),
((μ2, p2) = (3Mπ , 4) → m2 = n2 + 4);

(2) w1: two tails ((μ1, p1) = (Mπ , 1) → m1 = n1 + 1),
((μ2, p2) = (3Mπ , 5) → m2 = n2 + 5).

For the cases considered in this paper, the results can be
further simplified using the Mittag-Leffler expansion due to
the simple pole structure obtained from the Padé approxima-
tion. For each tail component

Pn(r)

Pm(r)
=

M∑
j=1

⎡
⎣ −1∑

k=−μ j

C( j)
k (r − z j )

k

⎤
⎦,

P(a)
n (r)

Q(a)
m (r)

=
m∑

j=1

Ra j

r − za j
,

Ra j = P(a)
n (za j )(

Q(a)
m

)′
(za j )

. (12)

Hence the analytic model becomes

ffit(r) =
∑

a

ma∑
j=1

Ra je−μar

r − za j
. (13)

We insert the fitted function ffit into the definition in
Eq. (9). The resulting expressions reduce to integrals of the
generic form

∫ ∞
0 dr rke−(μ∓iq)r

r−z . To evaluate these integrals, we
define the function

H (α, β ) :=
∫ ∞

0

e−αr

r + β
dr [Re(α) > 0],

H (α, β ) = eαβE1(αβ ), (14)

together with the corresponding moment kernels

Hk (α,−z) :=
∫ ∞

0

rke−αr

r − z
dr = (−1)k ∂k

∂αk
H (α,−z). (15)

These functions are closely related to the exponential in-
tegral and can be written explicitly in terms of E1. Using
H (α,−z) = e−αzE1(−αz), the higher moments are obtained
as Hk (α,−z) = (−1)k ∂k

∂αk [e−αzE1(−αz)].
With these definitions, the specific building blocks appear-

ing in the w functions can be constructed straightforwardly.
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(a) w0-function building blocks. The function w0 contains two asymptotic tails with μ1 = Mπ , μ2 = 3Mπ . For w00
0 , the

result is

w00
0 (Q2) = 2π

iQ

[ m(0)
1∑

j=1

R(0)
1 j

(
H1

(
μ1 − iQ,−z(0)

1 j

) − H1
(
μ1 + iQ,−z(0)

1 j

))

+
m(0)

2∑
j=1

R(0)
2 j

(
H1

(
μ2 − iQ,−z(0)

2 j

) − H1
(
μ2 + iQ,−z(0)

2 j

))]
. (16)

For w20
0 , one finds

w20
0 (Q2) = 4π

[ m(0)
1∑

j=1

R(0)
1 j

(
3

2iQ3

[
H−1

(
μ1 − iQ,−z(0)

1 j

) − H−1
(
μ1 + iQ,−z(0)

1 j

)]

− 1

2iQ

[
H1

(
μ1 − iQ,−z(0)

1 j

) − H1
(
μ1 + iQ,−z(0)

1 j

)]

− 3

2Q2

[
H0

(
μ1 − iQ,−z(0)

1 j

) + H0
(
μ1 + iQ,−z(0)

1 j

)])

+
m(0)

2∑
j=1

R(0)
2 j

(
3

2iQ3

[
H−1

(
μ2 − iQ,−z(0)

2 j

) − H−1
(
μ2 + iQ,−z(0)

2 j

)]

− 1

2iQ

[
H1

(
μ2 − iQ,−z(0)

2 j

) − H1
(
μ2 + iQ,−z(0)

2 j

)]

− 3

2Q2

[
H0

(
μ2 − iQ,−z(0)

2 j

) + H0
(
μ2 + iQ,−z(0)

2 j

)])]
. (17)

(b) w1-function building blocks. Similarly, the function w1 has two asymptotic tails, μ1 = Mπ , μ2 = 3Mπ . For w00
1 , one

finds

w00
1 (Q2) = 2π

iQ

[ m(1)
1∑

j=1

R(1)
1 j

(
H1

(
μ1 − iQ,−z(1)

1 j

) − H1
(
μ1 + iQ,−z(1)

1 j

))

+
m(1)

2∑
j=1

R(1)
2 j

(
H1

(
μ2 − iQ,−z(1)

2 j

) − H1
(
μ2 + iQ,−z(1)

2 j

))]
. (18)

For w20
1 , one has

w20
1 (Q2) = 4π

[ m(1)
1∑

j=1

R(1)
1 j

(
3

2iQ3

[
H−1

(
μ1 − iQ,−z(1)

1 j

) − H−1
(
μ1 + iQ,−z(1)

1 j

)]

− 1

2iQ

[
H1

(
μ1 − iQ,−z(1)

1 j

) − H1
(
μ1 + iQ,−z(1)

1 j

)]

− 3

2Q2

[
H0

(
μ1 − iQ,−z(1)

1 j

) + H0
(
μ1 + iQ,−z(1)

1 j

)])

+
m(1)

2∑
j=1

R(1)
2 j

(
3

2iQ3

[
H−1

(
μ2 − iQ,−z(1)

2 j

) − H−1
(
μ2 + iQ,−z(1)

2 j

)]

− 1

2iQ

[
H1

(
μ2 − iQ,−z(1)

2 j

) − H1
(
μ2 + iQ,−z(1)

2 j

)]

− 3

2Q2

[
H0

(
μ2 − iQ,−z(1)

2 j

) + H0
(
μ2 + iQ,−z(1)

2 j

)])]
. (19)
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As a result, the individual components of the functions
w admit analytic representations in terms of pole residues
and special functions. This formulation enables a controlled
analytic continuation to the timelike region, implemented by
the replacement Q → iq (q > 0), and yields the timelike form
factors required for the decay-rate calculation.

C. Heavy meson

When systems contain both light and heavy quarks, it is
necessary to incorporate heavy-quark symmetry in addition to
chiral symmetry. This requirement leads to the framework of
heavy-meson ChPT [12], which systematically combines the
low-energy chiral expansion with the heavy-quark effective
theory (HQET) expansion [13]. Within this framework, the
heavy-meson field is conventionally defined as

Ha = 1+
 v
2

(
Paμγ μ − Paγ5

)
, (20)

where vμ is the four-velocity of the heavy meson, Pa and
Paμ denote the pseudoscalar and vector heavy meson fields,
respectively, and the subscript a labels the light flavor index.
This field transforms linearly under heavy-quark symmetry
and nonlinearly under the chiral SU (3)L × SU (3)R symme-
try. Specifically, under a chiral transformation, Ha → HbU

†
ba.

Under heavy-quark spin symmetry, the transformation reads
Ha → SHa, with S an element of the heavy-quark spin sym-
metry group. Finally, under a Lorentz transformation �,
Ha → D(�)HaD(�)−1, where D(�) denotes the spinor rep-
resentation of the Lorentz group.

The effective Lagrangian for heavy mesons is constructed
to respect both chiral symmetry and heavy-quark symmetry
and is typically written as

LH = −i Tr(H̄a vμ∂μHa)

+ i

2
Tr[H̄aHb vμ(U †∂μU + U∂μU †)ba]

+ ig

2
Tr[H̄aHb γνγ5(U †∂νU − U∂νU †)ba] + · · · ,

(21)

where the ellipsis denotes higher-order or symmetry-breaking
contributions. The parameter g is the axial coupling constant
of the heavy meson, while fH denotes its decay constant. The
decay constant fH is defined through the axial-vector current
matrix element 〈0| q̄γ μγ5Q |H (p)〉 = i fH pμ, where Q and q
represent the heavy and light quark fields, respectively, and pμ

is the four-momentum of the heavy meson.

D. Heavy baryons as bound states in the Skyrme model

Within the Skyrme model framework, a heavy baryon can
be interpreted as a bound state of a heavy meson and a
Skyrmion. In this picture, the Skyrmion is associated with
the light-quark degrees of freedom, while the heavy meson
encodes the dynamics of the heavy quark. Their interaction
leads to the formation of a bound state that can be identified
with a physical heavy baryon.

Starting from Eq. (21), when the chiral field is replaced by
its classical Skyrmion configuration, the Lagrangian can be

rewritten equivalently as

L = −i Tr(H̄ ′
a vμ∂μH ′

a) + i

2
Tr[H̄ ′

aH ′
b vμ(�†∂μ�)ba]

+ ig

2
Tr[H̄ ′

aH ′
b γ νγ5(�†∂ν�)ba] + · · · , (22)

where �(x) denotes the static Skyrmion field configuration
and H ′

a represents the heavy meson field redefined in the
Skyrmion background. The interaction between the heavy
meson and the Skyrmion then induces an effective bind-
ing potential that governs the dynamics of the heavy-baryon
system.

Solving the corresponding bound-state equation yields the
energy spectrum and wave functions of the heavy baryons.
In the large-Nc limit, where the soliton mass scales as M ∼ Nc

and the heavy-meson mass is treated as static (MH → ∞), the
relative motion between the heavy meson and the Skyrmion
can be well approximated by a harmonic-oscillator potential.
Within this approximation, the overlap wave function φ(p)
takes the form

φ(p) = 1

(π2μbκ )3/4
exp[−p2/(2

√
μbκ )], (23)

where κ is defined as κ = g[ 1
3 [F ′(0)]3 − 5

6 F ′′′(0)] with g de-
noting the axial coupling parameter and μb given by μb =
(MN MB)/(MN + MB), with the MN and MB denoting masses
of the nucleon and heavy meson, respectively.

III. WEAK DECAYS

In this section, a general formulation for the study of
purely baryonic weak decays of heavy baryons is presented.
Specifically, to compute the decay rate of �b → pp̄n, 
 =∫

d�|M|2, and the corresponding branching fraction, the
analysis begins with the effective weak Hamiltonian. In
the present case, the effective Hamiltonian can be written
schematically as

Heff = GF√
2

VubVud (ūγμ(1 − γ5)b)(d̄γ μ(1 − γ5)u). (24)

Subsequently, the decay amplitude is given by

M = 〈n(p1, s1), p̄(p2, s2), p(p3, s3)|Heff |�b(P, s)〉

= GF√
2

VubVud〈np̄p|JμJ ′μ|�b〉, (25)

where the currents are defined as Jμ ≡ ūγμ(1 − γ5)b and
J ′μ ≡ d̄γ μ(1 − γ5)u.

In the bound-state picture, the initial heavy baryons can be
interpreted as

|�b(P, s)〉 =
∑
s′,sB

∫
d3k φ(k)Cs′,sB;s|p(p′, s′)〉|B(pB, sB)〉,

(26)
where Cs′,sB;s stands for the CG coefficients, the kinematics are
Pμ = p′μ + pμ

B and k ≡ p′ − pB, and the bound-state wave
function is given by Eq. (23). We insert this expansion into
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FIG. 1. Schematic diagrams of the tree-level contributions to the purely baryonic weak decay �b → p̄pn within the Skyrme-model
framework (a) the factorizable contribution and (b) the nonfactorizable contribution.

the amplitude:

M = GF√
2

VubVud

∑
s′,sB

∫
d3k φ(k)Cs′,sB;s

× 〈np̄p|JμJ ′μ|p(p′, s′)〉|B(pB, sB)〉. (27)

The decay amplitude receives contributions from several
Feynman diagrams corresponding to different topologies. In
the present study, attention is restricted to the dominant tree-
level topology, shown on the left in Fig. 1, which captures
the essential features of the baryonic weak decay process.
The nonfactorizable topology, shown on the right in Fig. 1,
involves a multihadron matrix element and does not benefit
from the color-singlet enhancement present in the factoriz-
able contribution. Owing to its more intricate color structure
and nonperturbative dynamics, and since the present work is
intended as a first test of the Skyrme-model application, we
assume this contribution to be suppressed at this stage.

The amplitude corresponding to the leading contribution
implements the spectator approximation for the soliton sector
and factorization for the heavy-meson component. Explicitly,
the spectator approximation implies that the proton in the
initial bound state is identified with the final-state proton,
p(p′, s′) → p(p3, s3), and the overlap produces a momentum-
spin delta function. Taking into account that the remaining
matrix element can be further factorized, the full matrix el-
ement reduces to

〈np̄p|JμJ ′μ|pB〉 ≈ 〈p(p3, s3)|p(p′, s′)〉
× 〈n(p1, s1) p̄(p2, s2)|J ′μ|0〉
× 〈0|Jμ|B(pB, sB)〉, (28)

indicating that the proton acts as a pure spectator, while the
weak interaction operates solely on the heavy-meson compo-
nent to produce the ( p̄, n) pair. Consequently,

M = GF√
2

VubVud

∑
sB

∫
d3k φ(k)Cs′,sB;s[2Ep3δ

(3)(p3 − p′)]

× 〈np̄|J ′μ|0〉〈0|Jμ|B〉, (29)

where 〈0|Jμ|B〉 can be expressed in terms of the heavy meson
decay constant 〈0|Jμ|B(pB)〉 = −i fBq. The vacuum-to-(n, p̄)
matrix element is expressed in terms of timelike form factors.
A standard decomposition in the timelike region is given by

〈np̄|J ′μ|0〉 = ūn(p1)

[
F1(q2)γ μ + i

2MN
F2(q2)σμνqν

−
(

GA(q2)γ μ + 1

2MN
GP(q2)qμ

)
γ5

]
vp̄(p2).

(30)

Putting all ingredients together, the final expression for the
decay amplitude can be written as

M = GF√
2

VubVud [2Ep3φ(k∗)]Cs′,sB;s

× (−i fBqμ)ūn(p1)
μ(q2)vp̄(p2), (31)

with


μ(q2) = F1(q2)γ μ + i

2MN
F2(q2)σμνqν

−
(

GA(q2)γ μ + 1

2MN
GP(q2)qμ

)
γ5. (32)

The momentum transfer is defined as q ≡ p1 + p2 and its
relation to the final-state proton momentum p3 is given by

|p3(q2)| = λ1/2
(
M2

�b
, q2, M2

N

)
2M�b

, E3(q2) = M2
�b

+ M2
N − q2

2M�b

,

(33)

where the Källén function is defined by λ(x, y, z) = x2 + y2 +
z2 − 2xy − 2xz − 2yz.

After straightforward algebra, the squared amplitude can
be expressed as

|M|2 =
(

G2
F

2

)
|VubVud |2

(
2Ep3

)2|φ(k∗)|2 f 2
B q2

×
∣∣∣∣2MN GA(q2) + q2

2MN
GP(q2)

∣∣∣∣
2

. (34)
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[ ]

FIG. 2. Real and imaginary parts of the GA and GP in the timelike
region as functions of the momentum transfer squared q2.

Then the decay rate can be given:


 =
∫ q2

max

q2
min

dq2 1

2M�b

|M(q2)|2

× 1

256π3

λ1/2
(
M2

�b
, q2, M2

N

)
M2

�b

λ1/2
(
q2, M2

N , M2
N

)
t

=
∫ q2

max

q2
min

dq2 1

512π3M3
�b

(
G2

F

2

)

× |VubVud |2 f 2
B

∣∣φ(k∗(q2))|2[2E3(q2)]2

×
∣∣∣∣2MN GA(q2) + q2

2MN
GP(q2)

∣∣∣∣
2

× λ1/2
(
M2

�b
, q2, M2

N

)
λ1/2

(
q2, M2

N , M2
N

)
, (35)

where k∗ is defined by |k∗(q2)|2 = λ(M2
�b

,q2,M2
N )

M2
�b

and the kine-

matic limits are q2
min = (2MN )2 and q2

max = (M�b − MN )2.

IV. NUMERICAL RESULTS

To perform a quantitative evaluation of the decay width,
the relevant input parameters are specified as follows [18]:

Mπ0 = 134.97 MeV, Mπ± = 139.57 MeV,

MN = 938.3 MeV, M�b = 5.619 GeV,

MB0 = 5.279 GeV, MB± = 5.279 GeV,


total(�b) = 4.48(3) × 10−13 GeV,

Fπ = 130.2(1.7) MeV, fB = 190.0(1.3) MeV,

GF = 1.166 × 10−5 GeV−2,

Vud = 0.97349(16), Vub = 0.003732+0.000090
−0.000085,

e = 4.84, g = 0.54(3),

where e is the Skyrme coupling constant and g is the axial
coupling constant.

Figure 2 shows the axial-vector and pseudoscalar form
factors GA and GP as functions of the momentum transfer

FIG. 3. Differential decay rate as a function of the momentum
transfer squared q2.

squared q2 in the timelike region obtained in this work. As
shown in the figure, the real parts of GA and GP provide
the dominant contributions in the considered q2 region, while
the corresponding imaginary parts remain relatively small
throughout the range studied here. It should be noted that
the present numerical results are still influenced by several
computational approximations. In particular, the analytic con-
tinuation of the form factors is implemented using the Padé
approximation, whose pole structure depends on the order of
the approximation and may affect the behavior of the imag-
inary parts in the timelike region. In addition, only relatively
low-order Padé approximants are adopted here for illustration,
mainly to demonstrate the basic structure of the method and
the numerical stability of the procedure.

Using these inputs, the decay width is evaluated nu-
merically, leading to the corresponding branching frac-
tion B(�b → p p̄ n) = (1.10 ± 0.27) × 10−6. Here the un-
certainty only reflects the numerical inputs used in the
calculation. Additional theoretical uncertainties from the
large-Nc approximation (1/Nc) and the heavy-mass expansion
(1/MB) should also be understood, although they are not dis-
played explicitly for clarity.

Figure 3 illustrates the differential decay rate as a function
of the momentum transfer squared q2, evaluated using the
central values of the input parameters. As shown in the figure,
the differential decay rate exhibits an enhancement near the
kinematic end point. This sharp increase is mainly driven by
the kinematic structure of the three-body phase space, together
with the momentum dependence of the form factors in the
timelike region. In the present framework, the momentum
transfer is largely determined by the transition of the heavy
baryon into the pp̄ system. As a result, the available phase
space is concentrated in the region of relatively large q2, which
naturally enhances the differential decay rate near the upper
end of the q2 spectrum.

A comparison with previous studies [1,2], which give a
typical branching fraction B ∼ 2 × 10−6, is illuminating. The
result obtained here agrees with the previous estimates of
O(10−6), but the center value is approximately half of the
previous one. This difference may suggest that additional
mechanisms could play a role in the decay process. However,

015204-7



CHAO-QIANG GENG AND CHAO HAN PHYSICAL REVIEW C 114, 015204 (2026)

the present calculation should be regarded as a preliminary
attempt and a more refined analysis is required to clarify the
origin of this discrepancy.

Following the same method, the present framework can be
extended to other purely baryonic decays involving additional
flavors, such as �b → pp̄�, where the � baryon is treated
as a bound state of a kaon and a skyrmion [19]. In particular,
the heavier mass of the � baryon reduces the available phase
space and suppresses the decay rate, so that the branching
fraction is expected to be smaller than that of the pp̄n mode.
This expectation can be compared with recent experimental
progress. A preliminary result reported by the LHCb collab-
oration indicates that the branching fraction of �0

b → pp̄� is
estimated to be B(�0

b → pp̄�) ∼ 0.8 × 10−6 [20], which is
smaller than previous theoretical expectations at the level of
3 × 10−6.

In addition to the branching fraction and the invariant-mass
distribution, an angular analysis of �b → pp̄n could provide
more differential information on the structure of the decay
amplitude. This is especially relevant for the present chan-
nel, since the final state contains three baryons and therefore
has richer kinematic configurations and spin-correlation struc-
tures than conventional two-body decays. A future angular
analysis may reveal suppressions or enhancements of specific
helicity or angular-momentum components that are otherwise
hidden in the total rate. It may also help clarify the threshold
enhancement observed in the invariant-mass distribution. In
this way, one may investigate whether the threshold behavior
is dominated by specific angular-momentum configurations
of the baryon-antibaryon subsystem or by particular helicity
amplitudes. The same angular information is also relevant
for possible BSM searches. Compared with simpler two-body
decay modes, the three-body baryonic final state provides
a richer angular environment in which nonstandard helicity
patterns, polarization structures, or CP-sensitive correlations
may be probed more directly. A particularly suitable class
of observables for the present process is provided by triple-
product correlations. For example, one may construct CT =
�s�b · ( �pp × �pp̄) or analogous correlations involving the polar-
ization vectors of the final-state baryons. The corresponding
asymmetry can be defined as AT = 
(CT >0)−
(CT <0)


(CT >0)+
(CT <0) . More
generally, CT may be replaced by a scalar triple product of
the form �v1 · (�v2 × �v3), where the vectors denote momenta
or spin-polarization vectors. Such observables are sensitive to
interference among helicity amplitudes and can provide useful

probes of the spin and phase structure of the decay amplitude.
A quantitative prediction of the corresponding standard-model
angular coefficients requires a dedicated treatment of the full
spin-dependent angular distribution, which goes beyond the
present model calculation. To the best of our knowledge, an
evaluation of the complete set of SM angular coefficients for
this specific baryonic mode has not yet been performed in the
literature. We leave such a calculation to follow-up work.

V. CONCLUSION

In this paper, the purely baryonic weak decay of a heavy
baryon is investigated within the Skyrme model. In this frame-
work, the heavy baryon is treated as a bound state of a
heavy meson and a soliton. In particular, the decay channel
�b → p p̄ n is studied in detail. Employing the large-Nc ap-
proximation, the leading contribution to the decay amplitude
arises from the spectator mechanism, under which the rele-
vant hadronic matrix elements factorize into a set of tractable
components. The corresponding matrix elements are derived,
leading to an explicit prediction for the branching fraction.
It turns out that our result is approximately half of the pre-
vious estimate, which calls for a more detailed investigation
in future studies. The present calculation provides only a
rough estimate, as it is restricted to the leading contribution
in the large-Nc expansion, and relativistic effects such as those
discussed in Ref. [21] are not included. These ingredients may
influence the soft and near-threshold dynamics. The present
framework can also be extended to include additional flavors
and to study other purely baryonic decay modes such as
�b → pp̄�. These may provide useful guidance for future
theoretical studies and experimental searches for purely bary-
onic decays.
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